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METHOD AND APPARATUS FOR
SPACECRAFT GYROSCOPE SCALE

FACTOR CALIBRATION

CROSS-REFERENCE TO RELATED
APPLICATIONS

The present application claims the benefit of the filing
date of U.S. Provisional Patent Application Ser. No. 61/596,
223 filed by the present inventor on Feb. 8, 2012.
The aforementioned provisional patent application is

hereby incorporated by reference in its entirety.

STATEMENT REGARDING FEDERALLY
SPONSORED RESEARCH OR DEVELOPMENT

This invention was made with government support under
Contract Numbers NNGIOCR13C and NNGIOCR16C
awarded by NASA. The government has certain rights in the
invention.

BACKGROUND OF THE INVENTION

Field of the Invention
The present invention relates generally to spacecraft atti-

tude determination and control systems and particularly to
on-orbit calibration of gyroscope scale factors.

Brief Description of the Related Art
Gyroscopes (hereinafter, "gyros") provide measurements

of incremental attitude changes or angular rates of a space-
craft. These measurements may be used as part of the
attitude determination and control system (hereinafter,
"ACS"), and they may be used in conjunction with the active
pointing of payload instruments.

Gyros do not measure attitude, but changes in attitude;
therefore, an ACS typically also includes one or more
sensors capable of measuring attitude, such as star trackers.
Star trackers have good performance in low-frequency
ranges, but used alone, they may not be suitable for high-
bandwidth, precision applications, due to limited output rate
and high-frequency noise. Gyros, on the other hand, gener-
ally have good high-frequency performance, but their mea-
surements wander or drift over long periods of time. Con-
sequently, gyros alone cannot maintain accurate absolute
attitude knowledge and control.
A typical ACS exploits the strengths of both of these

sensors, using gyros to propagate an attitude estimate and
periodically correcting the estimate with star tracker infor-
mation. These functions are typically performed by a Kal-
man Filter having a state vector of six elements, three
attitude corrections and three gyro bias corrections. Gyro
biases are quasistatic offsets in the angular rate measured by
gyros. Since these biases drift over time, the ACS compen-
sates the gyro rate data by subtracting the current bias
estimates from the measured rates. The compensated gyro
rates are used for propagating the attitude estimate and
sometimes for providing control signals to instruments that
have an active line of sight control capability.
Gyro errors contributing to vehicle and/or instrument

pointing errors include bias, misalignments, and scale factor
errors. For nadir-pointing missions and inertial-pointing
missions, misalignment and scale factor errors may have
negligible impact to steady-state performance or may be
indistinguishable from bias errors. In those cases, a dynamic
estimate of apparent gyro bias is often sufficient to achieve
required performance.

2
Some missions require gyro scale factor to be accurately

known in order to meet requirements. Characteristics of
such missions can include a) performing spacecraft slews on
gyros only, i.e., under conditions that preclude use of the star

5 trackers during slews, b) stabilizing an instrument line of
sight in the presence of dynamic attitude disturbances, or c)
maintaining attitude knowledge in the presence of dynamic
disturbances. An example is a spacecraft that includes a
high-resolution imaging sensor that operates during attitude

10 transients induced by thruster firings or other disturbance
events and requires precise line of sight control or precise
geolocation of the acquired image data.
Gyro scale factor is typically measured to within the

required accuracy prior to spacecraft launch and again
15 during on-orbit spacecraft commissioning. However, gyro

scale factor drifts over time, which can result in non-
compliant ACS performance. A method to calibrate gyro
scale factor over the life of a mission is often required in
order to meet requirements.

20 A prior art method for on-orbit calibration of gyro scale
factor includes adding scale factor states to a standard six
state onboard Kalman Filter. For mission profiles that
include spacecraft slews that are large enough and frequent
enough, that is a viable approach. For missions with attitude

25 profiles that are mostly steady-state, e.g., being inertially
fixed or rotating at one revolution per orbit, gyro scale factor
errors may not be observable enough for a Kalman Filter to
accurately estimate them.

Another prior art method overcomes this limitation by
30 executing large-angle spacecraft slews for gyro calibration,

making it possible to distinguish the effects of gyro scale
factor from gyro bias. Under that approach, data acquired
during large calibration slews are processed by an on-board
Kalman Filter or on the ground by customary estimation

35 techniques. This method requires periodically taking the
spacecraft oftline, temporarily suspending normal opera-
tions, such as imaging, while performing calibration maneu-
vers. Some missions cannot accept such a loss in operational
availability. Thus, for certain missions, prior art gyro cali-

40 bration techniques force a choice between system downtime
or out-of-specification performance.

SUMMARY OF THE INVENTION

45 The invention disclosed herein is a novel method and
apparatus for estimating gyro scale factor during normal
spacecraft operations, using small attitude motions that are
compliant with mission pointing accuracy and stability
requirements and a signal processing method that specifi-

50 cally detects the intentionally induced motions. This inno-
vation increases operational availability by avoiding the
need to take the spacecraft oftline for large calibration
maneuvers. Simulation results have confirmed successful
operation of this invention.

55 Small, intentionally induced attitude motions are referred
to herein as dither. The present invention uses sinusoidal
dither profiles of a frequency and amplitude that are
designed according to whatever particular mission to which
this invention is applied. The amplitude and frequency are

60 predetermined such that attitude error, attitude rate, attitude
stability, and reaction wheel torque allocations are simulta-
neously satisfied. Within those constraints, the amplitude
should generally be made as large as possible, to improve
estimation accuracy. While sinusoidal dither profiles are

65 used to describe the preferred embodiment, other periodic
signals of small amplitude that satisfy normal operational
requirements may be used with the invention.
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As an example, the dither signal for the mission examined

in the aforementioned simulations is shown in FIG. 4A. The
relevant attitude control requirements and the portions
thereof allocated to the dither motion are summarized in
Table 1 below.

TABLE 1

Attitude Control Allocations for Dither

Dither
Description Allocation Requirement

Control, microradians, 0-pk 100 <360
Stability, microradians, pk-pk over 60 sec 200 <500
Rate, microradian/sec 12.3 <100
Torque, Nm <0.03 <0.7

The present invention processes data acquired from gyros
and one or more attitude sensors, such as star trackers. The
attitude sensors provide measurements of the three-axis
attitude of the spacecraft, and the gyros provide measure-
ments of angular rate about the three orthogonal body axes
of the spacecraft. Typically, spacecraft ACS use rate-inte-
grating gyros, which may output incremental angle or whole
angle rather than rate. For purposes of this invention dis-
closure, we assume without loss of generality that the
outputs of the gyros are suitably preprocessed so as to
generate angular rate measurements. Similarly, the star
trackers are assumed to be of the "autonomous" class,
meaning that they image stars and perform all processing
necessary to periodically provide as output data a quaternion
or other representation of three-axis attitude with respect to
a standard inertially-fixed, Earth-centered reference frame,
such as the 72000 or Geocentric Celestial Reference Frame
(GCRF).

The invention processes the attitude and angular rate data
to obtain single-axis attitude profiles as measured by the
attitude sensors and single-axis attitude profiles as measured
by the gyros. The invention generates single-axis attitude
profiles from the particular attitude representation used by
the ACS: quaternions, Euler angles, etc. The invention
calculates the time integral of the gyro rates that are
resolved, for example, along the three spacecraft body axes
to obtain single-axis attitude profiles.
A novel element of the present invention is the detection

of the dither signature from the attitude and angular rate
measurements. The dither frequency is known exactly since
it is predetermined, and the invention uses Fourier methods
to recover the amplitude of the dither signal as measured by
the gyros and the attitude sensors. Using Fourier techniques,
the invention is able to accurately measure the small dither
signals in the presence of significant sensor noise.
An estimate of gyro scale factor could be obtained by

comparing the dither amplitude measured by the gyro to the
predetermined amplitude of the commanded dither motion.
The invention obtains a more robust estimate by comparing
the amplitude of the dither motion measured by the gyros to
the amplitude of the dither motion measured by the star
trackers. The scale factor of the star trackers is assumed to
be unity, following calibrations that are performed before
and after launch. The ratio of the measured gyro dither
amplitude to the measured star tracker dither amplitude is an
estimate of the gyro scale factor. By estimating the scale
factor ratiometrically as described, the accuracy of the gyro
scale factor estimate does not depend on the ability of the
ACS to accurately track the amplitude of the commanded

4
dither signal. We shall refer to a single instance of such a
gyro scale factor estimate as a point estimate.
The accuracy of a point estimate is limited by the noise

characteristics of the gyros and star trackers. The final step
5 carried out by the invention is to obtain a number, say N, of

point estimates as described in the previous paragraphs and
to calculate the mean of those point estimates to obtain the
scale factor estimate. The N point estimates are obtained
from non-overlapping time spans of data so that random

10 errors will be nearly statistically independent. The estima-
tion error for the mean of N point estimates is expected to
be diminished with respect to the error of a single point
estimate by approximately a factor of one divided by the
square root of N. The calibration process is performed

15 independently on each of the axes so as to minimize cross-
axis coupling effects.
In a preferred embodiment, the present invention is a

method for calibrating a scale factor of an angular rate
sensor. The method comprises the steps of imparting an

20 excitation to the angular rate sensor, collecting angular rate
measurements from the angular rate sensor during the
imparted excitation, computing an amplitude of an integral
of the collected angular rate measurements at the fundamen-
tal frequency of the imparted excitation, computing an

25 expected value of the amplitude computed in the prior step
independently of the angular rate measurements; and com-
puting an angular rate sensor scale factor estimate as a ratio
of the computed amplitude to the computed expected value.
The imparted excitation may comprise a periodic motion

3o having a predetermined fundamental frequency and a pre-
determined amplitude. For example, the imparted excitation
of periodic motion may sinusoidal, having an amplitude
equal to the predetermined amplitude, frequency equal to the
predetermined fundamental frequency, and arbitrary phase

35 angle.
The method may be executed a plurality of times, and an

improved scale factor estimate may be computed by calcu-
lating the mean of the angular rate sensor scale factor
estimates so obtained. The repetitions of the method are

40 performed over time spans that do not overlap each other.
The angular rate sensor may measure angular rate about a
single axis or measure angular rate about each of a plurality
of axes and in the case of a plurality of axes may be
performed on one axis at a time. The expected value is the

45 predetermined amplitude of the imparted excitation.
The step of computing the amplitude of the integral of the

angular rate measurements at the fundamental frequency of
the imparted excitation may comprise the steps of comput-
ing the integral of the angular rate measurements and then

50 computing the amplitude of the integrated angular rate
measurements at the fundamental frequency of the imparted
excitation. In another embodiment the step of computing the
amplitude of the integral of the angular rate measurements
at the fundamental frequency of the imparted excitation

55 comprises the steps of computing the amplitude of the
angular rate measurements at the imparted excitation fre-
quency; and dividing said amplitude by the imparted exci-
tation frequency expressed in units of radians per second. In
still another embodiment, the step of computing the ampli-

60 tude of the angular rate measurements at the imparted
excitation frequency comprises the steps of transforming the
angular rate sensor measurements from a time domain
representation to a frequency domain representation and
determining the amplitude of the frequency domain repre-

65 sentation at the imparted excitation frequency. The step of
transforming the angular rate sensor measurements from a
time domain representation to a frequency domain repre-
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5
sentation comprises performing a fast Fourier transform of
the angular rate sensor measurements. A reciprocal of the
excitation frequency may be equal to the angular rate sensor
measurement sample period times two raised to an integer
power.
The angular rate sensor may be part of a navigation

system. The navigation system may be mounted to a vehicle,
and the step of imparting excitation may comprise imparting
the motion to the vehicle. The imparted excitation may be
added to an operational motion of the vehicle. Further, the
imparted excitation may be selected such that a net motion
of the vehicle with excitation is in accordance with opera-
tional requirements of the vehicle when the operational
motion of the vehicle without excitation is in accordance
with operational requirements of the vehicle. The navigation
system may comprise an attitude sensor; and the step of
computing an expected value comprises collecting attitude
measurements from the attitude sensor during the imparted
excitation and computing an amplitude of the attitude mea-
surements at the fundamental frequency of the imparted
excitation.
The step of computing the expected value comprises the

steps of transforming the attitude sensor measurements from
a time domain representation to a frequency domain repre-
sentation; and determining the amplitude of the frequency
domain representation at the imparted excitation frequency.
The step of transforming the attitude sensor measure-

ments from a time domain representation to a frequency
domain representation comprises performing a fast Fourier
transform of the attitude sensor measurements.

In another embodiment, the present invention is a method
for calibrating a scale factor of a spacecraft gyroscopic
angular rate sensor. The method comprises the steps of
predetermining a frequency and amplitude of sinusoidal
spacecraft attitude motion that is within required attitude
accuracy, attitude stability and attitude control system actua-
tor control authority margins such that a period of the
sinusoid is equal to a data sample period of the spacecraft
gyroscopic sensor times two raised to an integer power,
imparting sinusoidal motions of the predetermined ampli-
tude and frequency to the attitude of the spacecraft, one axis
at a time, computing an angular rate that is compensated for
bias drift and misalignment using data from a gyroscopic
angular rate sensor output, integrating said compensated
angular rate to obtain a time profile of relative gyroscopic
sensor attitude motion about the axis of imparted motion,
processing said time profile of relative gyroscopic sensor
attitude motion about the axis of imparted motion using a
Fast Fourier Transform to obtain a gyroscopic sensor Fourier
coefficient corresponding to the sinusoid frequency, com-
puting a time profile of relative star tracker attitude motion
about the axis of imparted motion over the same time span
as the integrated compensated angular rate using data from
a star tracker of the spacecraft, processing said time profile
of relative star tracker attitude motion about the axis of
imparted dither motion using a Fast Fourier Transform to
obtain a star tracker Fourier coefficient corresponding to the
sinusoid frequency, calculating a single-point estimate of a
gyroscopic sensor scale factor by calculating a ratio of the
computed gyroscopic sensor Fourier coefficient to the com-
puted star tracker Fourier coefficient, repeating the above
steps for the selected axis and calculating an arithmetic
mean of the single-point estimates of the gyroscopic sensor
scale factor, and repeating all of the steps for a second axis.

In yet another embodiment, the present invention is an
apparatus for calibrating a scale factor. The apparatus or
system comprises an angular rate sensor, means for impart-

6
ing an excitation to the angular rate sensor, wherein said
excitation comprises a periodic motion having a predeter-
mined fundamental frequency and a predetermined ampli-
tude, means for collecting angular rate measurements from

5 the angular rate sensor during the imparted excitation,
means for computing an amplitude of an integral of the
collected angular rate measurements at the fundamental
frequency of the imparted excitation, means for computing
an expected value of the amplitude computed by the means

10 for computing an amplitude independently of the angular
rate measurements, and means for computing an angular rate
sensor scale factor estimate as a ratio of the amplitude to the
expected value.

15 In still another embodiment, the present invention is an
apparatus or system for controlling an attitude of a vehicle.
The apparatus or system comprises a gyroscope, a star
tracker, an attitude command generator that generates a
multi-axis attitude command signal, a dither signal generator

20 that generates a dither signal, a summer having inputs
connected to the attitude command generator and the dither
signal generator for receiving the multi-axis attitude control
signal and the dither signal and outputting a modified
attitude command signal, an attitude determination and

25 control module comprising a processor that receives data
from the gyroscope and the star tracker and receives the
modified altitude command signal from the summer and the
processor uses the gyroscope and star tracker data to calcu-
late an estimate of true vehicle attitude, and the attitude

30 determination and control module generates torque com-
mands to cause a true attitude of the vehicle to track a
modified command attitude.

Still other aspects, features, and advantages of the present
invention are readily apparent from the following detailed

35 description, which illustrates preferred embodiments and
implementations. The present invention is also capable of
other and different embodiments and its several details can
be modified in various obvious respects, all without depart-
ing from the spirit and scope of the present invention.

40 Accordingly, the drawings and descriptions are to be
regarded as illustrative in nature and not as restrictive.
Additional objects and advantages of the invention will be
set forth in part in the description which follows and in part
will be obvious from the description or may be learned by

45 practice of the invention.

BRIEF DESCRIPTION OF THE DRAWINGS

For a more complete understanding of the present inven-
50 tion and the advantages thereof, reference is now made to

the following description and the accompanying drawings,
in which:
FIG. 1 is a block diagram of an exemplary spacecraft

attitude control system (ACS) including spacecraft attitude
55 dynamics.

FIG. 2 is a block diagram illustrating a method for
introducing a dither signal into a spacecraft ACS in accor-
dance with a preferred embodiment of the present invention.
FIG. 3 is a block diagram illustrating a method for

60 estimating gyro scale factor using the gyro and star tracker
output signals in accordance with a preferred embodiment of
the present invention.

FIG. 4A is a graph of a sample dither signal in accordance
with a preferred embodiment of the present invention exam-

65 ined in the developmental simulations.
FIG. 4B is a graph of the angular rate profiles correspond-

ing to the dither signal of FIG. 4A.
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FIG. 4C is a graph of the torque profiles corresponding to

the dither signal of FIG. 4A, assuming an inertia value of
16000 kg-m2 for illustrative purposes.

DETAILED DESCRIPTION OF THE
PREFERRED EMBODIMENTS

The present invention provides a method and apparatus
for estimating gyro scale factor during normal spacecraft
operations. While the invention is described in the context of
spacecraft, the invention could be applied to any vehicle or
system whose motion is of interest. The invention uses small
attitude motions that are compliant with the pointing accu-
racy and stability requirements of the mission and a signal
processing method that specifically detects the intentionally
induced motions. This invention increases operational avail-
ability by avoiding the need to take the spacecraft oftline for
large calibration maneuvers.
An exemplary spacecraft attitude control system (ACS)

and its interactions with the attitude dynamics of the space-
craft are shown in FIG. 1. The combined system of ACS 20
and spacecraft dynamics 60 is denoted as 10. The attitude
command generator 22 provides a series of three-axis atti-
tude commands 40 with respect to an inertial reference
frame such as the Earth-centered inertial reference frame
known as 72000. The commanded attitude profile is gener-
ated on-board in accordance with the requirements of the
particular mission.
The invention introduces the dither angle profile 106 at

summing junction 24, and the resulting modified attitude
command profile 42 is input to the attitude determination
and control module 26. In the attitude determination and
control module 26 attitude determination and control algo-
rithms are implemented as flight software that is executed on
a processor within the module. The attitude determination
and control algorithms use gyro data 48 and star tracker data
50 to estimate the true spacecraft attitude 66 and angular rate
64. The spacecraft attitude and angular rate estimates are
internal to the attitude determination and control module 26
in FIG. 1 and are not explicitly shown there. The algorithms
performed in module 26 also estimate gyro biases, which the
algorithms subtract from the gyro rates to yield compensated
gyro rates 52. The attitude determination and control module
26 generates torque commands 44 such that the true attitude
66 closely tracks the modified commanded attitude 42.

Dither feed-forward torque signal 110 may be applied to
improve dither tracking performance of the ACS loop with-
out requiring high closed-loop bandwidth. The feed-forward
torque signal 110 is summed with the attitude control torque
44 at summing junction 28 to form the torque command 46
to the ACS actuators 30. The ACS actuators 30 may be, for
example, a set of reaction wheels capable of imparting a
three-axis control torque 62 to the spacecraft.
The spacecraft attitude dynamics 60 govern the mechani-

cal response of the spacecraft to control torque 62. The
attitude kinematics of the spacecraft include three-axis atti-
tude 66 and three-axis angular rate 64, which are measured
by star trackers 34 and gyros 32, respectively. The gyro data
48 and star tracker attitudes 50 are fed back to the attitude
determination and control module 26.
The gyro data 48 may be angular rate, incremental angle,

or integrated angle, depending on the type of gyro used. In
any case, the attitude determination and control module 26
converts the gyro data 48 to angular rate about each of the
three orthogonal spacecraft body axes for use by other parts
of the attitude determination and control algorithms. The
conversion of raw gyro data 48 to angular rate about the

8
three body axes includes correction for misalignment, which
may use a fixed misalignment correction matrix or a
dynamically estimated correction. The star trackers are
assumed without loss of generality to output three-axis

5 inertial attitude data 50 using an attitude representation such
as quaternions that indicate the attitude of the spacecraft
with respect to a standard inertially-fixed, Earth-centered
reference frame, such as the 72000 or Geocentric Celestial
Reference Frame (GCRF). The star tracker data 50 and

io compensated gyro rates about the three orthogonal space-
craft body axes 52 are used to calibrate gyro scale factors.
The present invention commands a sinusoidal dither pro-

file 106, which is superimposed onto the nominal attitude
profile of the spacecraft. The sinusoidal dither is fully

15 characterized by its amplitude and frequency. The phase
angle of the dither is inconsequential for the present inven-
tion; therefore, without loss of generality it is implicitly
equal to zero in the remaining descriptions. The dither
amplitude and frequency are predetermined so that attitude

20 error, attitude rate, attitude stability, and ACS actuator
torque margin requirements are satisfied. A dither profile so
prescribed will by definition not violate these requirements,
thereby avoiding the need to suspend normal operations
during calibration. The preferred embodiment of the present

25 invention uses an amplitude of 100 microradians and a
period of 51.2 seconds, where dither period is the reciprocal
of dither frequency. These values were selected based on the
mission parameters described earlier, and other values may
be used. The dither angle 106, angular rate, and on-axis

30 torque profiles for a representative spacecraft are shown in
FIGS. 4A, 4B and 4C.

If necessary to achieve sufficient signal to noise ratio,
dither parameters may be selected at levels that result in
violations of one or more of the aforementioned require-

35 ments. In such cases, the present invention remains advan-
tageous over prior art because it can perform gyro calibra-
tion with smaller motions and therefore less disruption to the
mission, due to its ability to discriminate the dither in the
presence of nominal spacecraft motion, disturbances, and

4o noise.
FIG. 2 shows a dither generation module 100 and its

interconnection with the ACS 20. The dither angle signal
106 is generated by dither generator 102 as:

45 
d(t)=A*sin(w*t),

where d(t) is the dither angle 106 in radians, t is time in
seconds, A is a vector of amplitudes in radians, and w is the
frequency in radians per second. The vector A is sets the
amplitude of the dither signal and steers it to the desired axis

50 in the spacecraft frame. The dither feed-forward torque 110
is calculated by multiplying the dither angular acceleration
108 by an estimate of the spacecraft inertia tensor 104.
Dither angular acceleration 108 is calculated as:

55 
a(t)=-A*Q'*sin(w*t),

where a(t) is the dither angular acceleration 108 in radians
per second squared, and t, A, and w are as defined above.
Note that if the estimated spacecraft inertia tensor 104
includes products of inertia, then the dither feed-forward

60 torque 110 preemptively corrects for cross-axis motion due
to inertial coupling, to the extent that the estimated inertia
104 represents the true inertia tensor of the spacecraft. When
the dither generator 102 is active, the dither angle 106 and
dither feed-forward torque 110 signals are computed as

65 described in this paragraph. When the dither generator is
inactive, the dither angle 106 and dither feed-forward torque
110 signals are set to zero.
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FIG. 1 and FIG. 2 show the outputs of the dither genera-
tion module 100 used as inputs into the ACS 20. The dither
generator signals 106, 110 are applied to the ACS 20 in such
a way as to induce the dither motion in a single axis at a time.
Methods for commanding motion about a single axis are 5

well known to those practiced in the art of spacecraft attitude
control systems and depend on the particular attitude rep-
resentation used in the nominal three-axis attitude com-
mands 40 and modified attitude command profile 42. For
example, if the nominal and modified attitude commands are io
represented as quaternions, then the dither angle command
106 must also be represented as a quaternion. Similarly, in
this example the summing junction 24 must perform quater-
nion multiplication. After the gyro scale factors are cali-
brated for the first axis, the process is repeated for the 15
remaining axes, one at a time.

FIG. 3 shows the gyro scale factor calibration method and
apparatus 200 of the present invention in block diagram
form. Inputs include star tracker attitude data 50 and com-
pensated gyro rate data 52. The output of the method and 20
apparatus 200 is the estimated gyro scale factor 230 for the
current spacecraft axis being calibrated. The axis being
calibrated is excited by the sinusoidal dither signal 106, and
ACS 20 tracking is aided by the dither torque feed-forward
signal 110. 25

In FIG. 3, the gyro processing block 202 integrates the
compensated gyro rates 52 over the time span required for
a single point estimate of the gyro scale factor. For the
preferred embodiment of the present invention, the time
span used to obtain a point estimate of gyro scale factor is 30
sixteen times the dither period. Other times spans, of course,
may be used. The initial condition for the integration of the
compensated gyro rate 52 is reset to zero for each time span
processed. The resulting angle profile 220 is processed by
Fourier methods. 35

The star tracker processing 204 shown in FIG. 3 extracts
the angular motion profile about the axis being calibrated.
The single-axis profile consists of small-angle deviations
about the mean attitude over the calibration period. The
resulting star tracker angle profile 222 has a mean value of 40
zero and is subsequently processed by Fourier methods.
The next step of the present invention determines the

Fourier coefficients of gyro angle profile 220 and star tracker
angle profile 222 corresponding to the dither frequency.
Since a sinusoidal signal of a known frequency is injected 45
into the system, the signature of that signal can be precisely
detected within noisy sensor data by Fourier methods. The
preferred embodiment of the present invention uses Fast
Fourier Transforms (FFT 206 and 208) to determine the
amplitudes of the sinusoidal component at the dither fre- 50
quency for gyro angle profile 220 and star tracker angle
profile 222. Other Fourier methods employed at this stage of
the process would work equally well and are used in
alternate embodiments of the invention. There are methods
well-known to those practiced in the art for direct compu- 55
tation of the Fourier coefficient for a specific frequency,
which in the case of the present invention is the dither
frequency.

For the preferred embodiment using FFTs 206 and 208,
performance is optimized by selecting a dither period that 60
yields a number of data points per period that is a power of
two, and setting the time span such that the number of points
processed by the FFTs 206 and 208 is also a power of two.
For example, the sample rate may be 10 Hz, yielding 512
(29) points per dither period and 8192 (2 13)points (16 dither 65
periods) in each data span processed by the FFTs 206 and
208. The first constraint, having a power of two number of

10
points per dither period, ensures that the dither frequency
will be exactly aligned to one of the coefficients output by
the FFT. Otherwise, one would need to interpolate between
FFT output points in order to estimate the amplitude at the
dither frequency, thereby losing accuracy. The second con-
straint, having a power of two number of points per data
span, enables the FFT to function with optimal efficiency.
The latter constraint is less important than the former, since
it only affects processing efficiency and not calibration
accuracy.
The method of the present invention then calculates the

ratio 228 of the dither-frequency Fourier coefficients for the
gyro 224 and star tracker 226 via an arithmetic divide
operation 210 to obtain the amplitude of the dither content
measured by the gyro relative to the amplitude of the dither
content measured by the star trackers. Scale factor errors are
not a concern for star trackers as their calibrations are
typically accurate and stable. The present invention takes the
scale factor of the star trackers to be unity. The star tracker
measurement of dither motion represents the true motion of
the spacecraft, to within the temporal and spatial error
characteristics of the star trackers. The ratio 228 of the gyro
to star tracker Fourier coefficients at the dither frequency is
a point estimate of the gyro scale factor. By taking the ratio
228 of the gyro to star tracker Fourier coefficients, the
present invention is insensitive to the tracking accuracy of
the ACS 20 with respect to the dither signal 106.
The present invention calculates a number, N, of point

estimates 228 of gyro scale factor and the mean of those
estimates is computed by an N-point mean block 212 the
result being the gyro scale factor estimate 230 for the axis
under calibration. The N point estimates 228 are obtained
from non-overlapping time spans of data so that random
errors will be nearly statistically independent. The estima-
tion error for the scale factor estimate 230 is expected to be
diminished with respect to the error of a single point
estimate 228 by approximately a factor of one divided by the
square root of N. For the preferred embodiment of the
present invention, the number N of point estimates is four,
and the expected reduction factor in the error of the scale
factor estimate 230 relative to the error of a single point
estimate 228 is therefore 0.5, or one-half. Other numbers N
of point estimates may be used in N-point mean block 212.
The dither generation module 100 and scale factor cali-

bration module 200 calibrate each of the axes independently
in succession to minimize cross-axis coupling effects.
The preferred embodiment of the present invention as

disclosed herein is a specific example of the invention and
is not to be construed as restricting the scope of the inven-
tion. For example, the invention would also be applicable to
non-spacecraft applications that require accurate gyro cali-
bration, such as air, land, and sea vehicles, civilian or
military. Similarly, alternate reference sensors other than star
trackers may be used. While the present invention is
designed to use the various features and elements in the
combination and relations described, some of these may be
altered and others omitted without interfering with the more
general results outlined, and the invention extends to such
use. Modifications may be made to the methods and appa-
ratus described without departing from the spirit and scope
of the invention. Accordingly, the invention is not to be
limited except as by the appended claims.
What is claimed is:
1. A method for calibrating a scale factor of an angular

rate sensor, comprising the steps of:
a. imparting a mechanical excitation to an angular rate

sensor with an actuator, said mechanical excitation
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having a periodic angular displacement of a predeter-
mined angular amplitude and a predetermined funda-
mental frequency, said mechanical excitation further
having a periodic rate of change of angular displace-
ment, the periodic rate of change having the same
predetermined fundamental frequency as said mechani-
cal excitation and having a sign that alternates positive
and negative;

b. detecting a component of an output of the angular rate
sensor, said detected component having the same pre-
determined fundamental frequency as said mechanical
excitation;

c. computing a measured angular amplitude from said
detected component of the output of the angular rate
sensor; and

d. computing a scale factor of said angular rate sensor as
a ratio of said measured angular amplitude to the
predetermined angular amplitude of said mechanical
excitation.

2. The method according to claim 1 wherein said angular
rate sensor is part of a system, and said mechanical excita-
tion is applied while said system is performing a function for
which the system is intended.

3. The method according to claim 2 wherein said
mechanical excitation is such that said system continues to
comply with its functional and performance specifications
while said mechanical excitation is applied.

4. The method according to claim 1 wherein the angular
rate sensor comprises a plurality of angular rate sensors
measuring angular rate about each of a plurality of axes.

5. The method according to claim 4 wherein the method
is performed on one axis at a time.

6. The method according to claim 4 wherein said method
is performed on a plurality of axes simultaneously.

7. The method according to claim 1 wherein the step of
detecting a component of an output of said angular rate
sensor comprises transforming the output of the angular rate
sensor from a time domain representation to a frequency
domain representation.

8. The method as in claim 7 wherein said transforming of
the output of the angular rate sensor from a time domain
representation to a frequency domain representation com-
prises using a Fourier analysis.

9. The method as in claim 8 wherein said Fourier analysis
uses a fast Fourier transform algorithm, and the predeter-
mined fundamental frequency of the mechanical excitation
has a reciprocal equal to a measurement sample period of the
angular rate sensor times two raised to an integer power.

10. The method according to claim 1 wherein the angular
rate sensor is part of a navigation system.

11. The method according to claim 10 wherein the navi-
gation system is mounted to a vehicle, and the step of
imparting a mechanical excitation comprises imparting
motion to the vehicle.

12. The method according to claim 11 wherein the
mechanical excitation is added to an operational motion of
the vehicle.

13. The method according to claim 12 wherein the
mechanical excitation is selected such that a net motion of
the vehicle with excitation is in accordance with operational
requirements of the vehicle when the operational motion of
the vehicle without excitation is in accordance with opera-
tional requirements of the vehicle.

14. The method according to claim 10 wherein the navi-
gation system includes an attitude sensor; and the method
further comprises:

12
collecting attitude measurements from the attitude sensor

during a time interval over which the mechanical
excitation occurs;

detecting a component of the collected attitude measure-
5 ments, said component having the same predetermined

fundamental frequency as said mechanical excitation;
and

computing an angular amplitude of a component of the
attitude measurements, said component having the

io same predetermined fundamental frequency as the
mechanical excitation;

computing a second scale factor of said angular rate
sensor as a ratio of said measured angular amplitude to
said computed angular amplitude of a component of the

15 collected attitude measurements.
15. The method according to claim 14 wherein the

mechanical excitation is sinusoidal, said sinusoidal excita-
tion having an angular amplitude equal to the predetermined
angular amplitude of the mechanical excitation, and a fre-

2o quency equal to the predetermined fundamental frequency
of the mechanical excitation.
16. The method as in claim 15 wherein the step of

computing a scale factor of said angular rate sensor com-
prises:

25 transforming the collected attitude measurements from a
time domain representation to a frequency domain
representation; and

determining the angular amplitude of the frequency
domain representation of the collected attitude mea-

so surements at the excitation frequency.
17. The method as in claim 16 wherein the step of

transforming the collected attitude measurements from a
time domain representation to a frequency domain repre-
sentation comprises using a Fourier analysis.

35 18. An apparatus for calibrating a scale factor, compris-
ing:
an angular rate sensor;
means for applying a mechanical excitation to the angular

rate sensor, wherein said mechanical excitation com-
40 prises a periodic angular displacement of a predeter-

mined angular amplitude and a predetermined funda-
mental frequency, said mechanical excitation further
having a periodic rate of change of angular displace-
ment, the periodic rate of change having the same

45 predetermined fundamental frequency and a sign that
alternates positive and negative;

means for detecting a component of an output of said
angular rate sensor, said component having the same
predetermined fundamental frequency as said mechani-

5o cal excitation;
means for computing a measured angular amplitude from

said detected component of the an output of the angular
rate sensor; and

means for computing a scale factor of the angular rate
55 sensor as a ratio of said measured angular amplitude to

the predetermined angular amplitude of said mechani-
cal excitation.

19. A method for calibrating a scale factor of an angular
rate sensor, comprising the steps of:

60 a. applying a mechanical excitation to a system that may
undergo an angular motion, said system including
sensors that measure the angular motion of said system,
said sensors including an angular rate sensor and an
second sensor, said mechanical excitation having a

65 periodic angular displacement of a predetermined
angular amplitude and a predetermined fundamental
frequency, said mechanical excitation also having a
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periodic rate of change of angular displacement, the
periodic rate of change having the same predetermined
fundamental frequency and a sign that is alternately
positive and negative;

b. detecting a component of an output of said angular rate s
sensor, said component having the same fundamental
frequency as said mechanical excitation;

c. computing a measured angular amplitude from said
component of the output of said angular rate sensor;

d. detecting a component of an output of said second io
sensor, said component having the same predetermined
fundamental frequency as said mechanical excitation;

e. computing an expected angular amplitude from said
component of the output of said second sensor;

f. computing a scale factor of said angular rate sensor as 15
a ratio of said measured angular amplitude to said
expected angular amplitude.
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