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ELECTRICAL PROPERTIES OF DRY ROCKS

FINAL REPORT NGR-05-003-4L47

ABSTRACT

The mechanism by which atmospheric moisture affects the conductivity and

dielectric constant of rock specimens is studied in time and frequency domains.
It is suggested that adsorbed water molecules alter the surface conductivity

in a manner similar to that observed in semiconductors and insulators. Powdered
basalts show a low-frequency dispersion produced by the atmospheric moisture
remaining in the pore system of the sample in a high vacuum; this effect is
attributed to isolated adsorption centers of the type mentioned above.

Simulated lunar permafrost at 100°K and a vacuum of 10-8 torr together
with data on lunar samples contaminated with atmospheric moisture and the
dielectric properties of ice at various temperatures indicate that, if permafrost
exists in the moon it should present a relaxation peak at approximately 300 Hz;
for temperatures up to 263°K it may go up to 20 KHz.

The response of a lunar powder simulator between 100° and 373°K suggests
that the dielectric properties of the uppermost layer of the lunar regolith
undergo rapid changes during three tenths of a lunation while remaining
approximately constant during the remaining seven tenths.

When a current flows through a rock, interfacial effects arise between
adjoining mineral grains of different electrical properties; it is concluded
that in order to have electrical steady state conditions in rock samples it is
necessary to have volume charge accumulations at interfaces within the sample
and at the electrode sample interface. A method for measuring heterogeneous
dielectrics with non-negligible ohmic and dielectric conductivities is proposed

and experimentally verified.



Evidence of electrical non-linear behavior in some dry resistive rocks
is presented, showing the existence of a non-linear region followed by a linear
one when the voltage, or current density, is increased. The effect is attributed
to interfacial phenomena occurring at electrode-sample interfaces. A warning
is made regarding the use of resistivity vs current density plots to decide on
non-linear behavior. It is suggested that interfacial phenomena and non-

linear effects may be common features in two~and four-electrode systems.



INTRODUCTION

The objective of the proposed study was to analyze the electrical
conductivity and dielectric constant of rocks devoid of water, to evaluate
the changes induced by atmospheric moisture on such properties, to reduce
or avoid electrode contributions to dielectric permittivity measurements and
to analyze electrical non-linear behavior in rocks.

This report is divided in five chapters, each one containing its own
abstract, conclusiong’references, and figures, and dealing with specific
aspects of the research items mentioned above. Two chapters consist of re-

prints of material recently published and the others are either in press or

being considered for publication.
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Effects of Atmospheric Moisture on Rock Resistivity

RoMAN ALvAREZ

Engwneering Geoscience, Unwersity of California, Berkeley
Berkeley, Califorma 94720

The role of water in the electrical resistivity of rocks has long been recognized as an
mmportant one This study examines the changes mn resistivity of rock samples as nduced
by atmospheric moisture An analysis of the term dry rock leads to the conclusion that
oven drying and evacuation are methods that yield only relative degrees of desiccation To
obtain absolute values of the moisture present 1n a sample, one should probably use nuclear
magnetic resonance and mass spectrometry Experiments were performed on samples of
hematitic sandstone, pynte, and galena The sandstone underwent a change in resistivity
of 4 orders of magnitude when 1t was measured 1n a vacuum of 5 X 107 torr and mn air
of 37% relative humidity Pyrite and galena showed no varmations in resistivity when they
were measured under the same conditions These results, plus others obtained elsewhere,
indicate that rocks of the resistive type are affected i their electrical properties by
atmospheric moisture, whereas rocks of the conductive type are not The experimental
evidence obtained 1s difficult to reconcile with a model of aqueous electrolytic conduction
on the sample surface, 1t 15 instead suggested that adsorbed water molecules alter the sur-
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face resistivity in a manner sumilar to that observed 1n semiconductors and insulators

Natural state rocks are found in many regions
to be saturated with aqueous solutions from the
water table down to a depth of 4 or 5 km
[Brace, 1971]. At greater depths 1t 1s still not
known how common the pore flds are in the
crustal environment According to Wylle [1971],
the same mineral assemblages can exist with
and without a pore flmd, thus the possibility of
having some aqueous solutions in pores at great
depths seems indeed to exist

Above the water table the amount of water
present at a given time must be a function of
the local rainfall regime and, to some extent,
of the atmospheric conditions prevailing at the
surface The presence of water 1n the uppermost
crustal layers of the earth alters in various
ways the electrical properties of the rocks
such regions

Many studies have been made analyzing from
various pomnts of view the mfluence of water
m rock resistivity [(Hul and Muburn, 1956,
Mandel et al , 1957, Keller and Licastro, 1959,
Worz, 1964, Parkhomenko, 1967, Scott et al,
1967, Brace and Orange, 1968], although few
have dealt directly with atmospheric moisture
effects Determining the magmtude of the al-
teration experienced by electrical rock proper-

Copyright © 1973 by the American Geophysical Union

ties as a function of mosture content 1s relevant
to field measurements as well as to laboratory
determmations The term moisture shall be
understood to 1nclude any water molecules that
do not form a part of the mineral constituents
of a rock sample

" There seems to be a central problem 1n trying
to relate the amount of moisture present mn a
rock sample to the electrical effect 1t produces,

the problem consists in precisely determining
the amount of water in the sample The study
reported by Wu [1964] in which, by means of
nuclear magnetic resonance, he was able to

detect three types of protons associated with

water molecules corresponding to three different

types of bonding n clay mimerals 1s a good

example, given the complexity of these minerals,

of the nontriviality of the problem Although

determination of the amount of moisture n

rocks 1s mostly done by weighing, 1t has to be

recogmzed that 1t 15 only a crude indicator of
the presence of water in a sample

Dry Rocks

When the label dry rock 1s appled to sam-
ples used 1n laboratory measurements, 1t usually
has one of three operational meanmgs (1)
water has not been intentionally added to the
rock, (2) the rock has been subject to desicca-
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1770 Arvarez Rock ResistiviTy

tion by some heat treatment, or (3) the rock
has been placed mn an evacuated space The
first two meanings are found most often, the
second possibly bemng the most common Few
mstances of the third exist [Keller and Licastro,
1959, Howell and Lacastro, 1961, Smnt-Amant
end Strangway, 1970], and the vacuums -
volved have usually been low (1e, ~107 torr)
A bnef discussion about the water content 1
each of these three cases shall be given
The sample 1 case 1 15 exposed to atmo-
spheric moisture, and therefore 1ts surface will
contamn an amount of moisture proportional to
the relative humidity of the air, the intertor of
the sample may present a different amount of
water, depending on 1its size, porosity, and his-
tory
In case 2 Worz [1964] has arrived at the

conclusion that samples of different thicknesses
dry out differently in an oven, the thicker the
sample, the less the loss of water in a given
time at a given temperature Furthermore, this
method of desiccation 1s clearly a relative one,
since the criterion is usually that of observing
the loss,in weight of a sample, at a given tem-
perature T:, until no changes in 1t occur, but,
if the temperature 15 changed to 7% > T, 1t
will generally be observed that the previously
stabilized weight will be further decreased In
Table 1 we show the results of such an experi-
ment 1n five different rock samples at tempera-
tures m the range of those usually reported The
samples were kept immersed m tap water for 7
days, and thereby some degree of saturation 1s
achieved, whether 1t was total was irrelevant
to the purpose of our experiment The samples
were allowed to dry (as visually estimated) at
the surface hefore the first measurement (1e,
t = 0) was performed The accuracy of the
measurements 15 =0 0005 gram The oven used
was of the forced air circulation type With the
exception of the muscovite schist, all samples
experienced an extra loss of weight when the
temperature was raised from 106° to 186°C
The difficulty in deciding at which temperature
a particular sample will be considered com-
pletely dry 1s obvious Furthermore, 1f the tem-
perature 1s raised sufficiently for a given sam-
ple, hydration water may begin to be lost from
1ts mineral constituents

Fmally, n case 3, moisture near the sample
surface will be rapidly removed, but moisture

Increased Loss in Weight Resulting from an Increase in Temperature

TABLE 1

Clay Granite Muscovite Schist

Hematitic Sandstone

Limestone

Weight
Loss,

Weight,
grams

Weight
Loss,

Weight
Loss, Weight,
grams

Weight,
grams

Weight
Loss,

Weight
Weaght,
grams

Loss,

Weight,
°C grams

Temperature,

Heating
Time,
hours

0 333
0 333
0 333
0 333
0 333
0 333
0 333
0 333
0 333

7 520
7.495
7 495
7 495
7 495
7 495
7 495
7 495
7 495

0.329
0 329

24 335
24,255
24 255
24 255
24 255
24 255
24 250
24 250
24,250
24 250

9 829
9 829
9 851
9 865
9 865
9 938
9 975
9 975
9 938

13 685
12 340
12 340
12 337
12 335
12 335
12 325
12 320
12 320

2 596
2 596
2 596

6 550
6 380
6 380
6 380
6 380

0 478
0 520
0.520
0 520
0 520
0 576
0 600
0 600
0 600

12 510
12 450
12.445
12 445
12 445

22
106
106

225

0 329
0 329
0 329
- 0 350

2 596
2 626
2 672

6 378
6 375

12 445
12 438
12.435
12 435
12 435

106
106
78.0 106

310
53 0

0 350
0.350
0 350

2 718
2 718
2 718

6 372
6 372
6 372

186
186
186

78 + 18
78 + 42
78 + 97

7 495

12 325*

186

78 + 105

Accuracy of the measurements 1s 0 0005 gram

the sample 1n this one was exposed to room conditions for 10 to 15 min before

It 1s likely that the sample absorbed 5 mg of atmospheric moisture in that time

*Although all measurements were completed in less than 2 min,

weighing
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10 its Interior may require long times of pump-
mg owing to the effect of the pore system of
the rock, and, 1f the pores do not interconnect,
the water may never come out The question
agamn 18 how much moisture 1s removed n a
given time and a given vacuum As was pointed
out above, this manner of desiccating has n-
volved vacuums of the order of 107 torr, which
are usually obtained with mechanical vacuum
pumps and pumping times of around 10 hours
In the experiment to be described, evidence 1s
shown of water release from the sample oc-
curring even after 50 hours of pumping at
around 107 torr Therefore what may seem to
be a dry rock in a low-vacuum system would
appear as a strongly contaminated sample 1n a
high-vacuum system This phenomenon mndi-
cates that evacuation 1s also a relative method
of rock desiccation .

The term dry rock used with the meamnings
described above could be used without compli-
cations mn electrical studies if the effects of small
amounts of water were in proportion to the
amount of water present Unfortunately, very
small amounts of water can have very large
electncal effects Ewvidence will be presented
suggesting that there 1s a large class of resistive
rocks that are affected in such properties by
quantities of water amounting possibly to a few
monolayers of H.0 n the surfaces of the
sample Consequently, a reconsideration of the
term dry rock as well as a precise method of
determinming moisture content 1n rocks seems to
be needed

ExPERIMENTAL METHOD AND RESULTS

To evaluate the effects of atmospheric mois-
ture on rock resistivity, we used an experimental
setup consisting of two electrometers, a dc
regulated voltage supply, a chart recorder, a
high-vacuum system, and a sample holder The
electrometers were Keithley models 610B and
601 having mmput inpedances of 10" Q, they
were used 1n two measuring configurations In
Figure la an electrometer 1s used to measure
the total resistance of the sample, 1t was used
to momtor the resistance for continuous periods
of several hours each In Figure 1b the two
electrometers measure voltage and current
across the sample The responses of both con-
figurations were recorded in a Brush Mark 200
recorder (not shown in the figures), model RF-

1771

Fig 1. (a) An electrometer R measures the
total resistance of sample S (b) Two electrome-
ters, I and V, measure the current and voltage 1n
sample 8 When switch W 13 1n position 1, the plus
terminal of the voltage source 1s connected to the
sample, and dc current and voltage can be deter-
mined, if the switch 18 now connected to position
2, the sample termmals will be open, and a tran-
sient voltage decay, controlled by the sample
properties, can be measured If the switch goes
from position 1 to position 3, the sample termi-
nals will be short circuited, and the internal cur-
rent discharge 1n the sample can be determined

1783-60 These responses will be further dis-
cussed The regulated dec voltage source was a
Princeton Applied Research model TC-602CR
with a voltage range of 0-60 volts, a no-load
to full-load regulation of better than 000019,
and a ripple of less than 50-uv rms at any load

The hgh-vacuum system consisted of a
Dawvis and Wilder model 616 system with a
diffusion pump capable of reaching a vacuum
of 10 X 107 torr mn 15 min starting from
atmospheric pressure, the ultimate vacuum at-
tainable by the system being in the lower range
of 107 torr The low- and hgh-vacuum meters
were those of a Granville-Phillips controller
unit model 260016 with ranges 10°-10° and
107-10"° torr, respectively The sample holder
was of the simplest kind and 1s shown mn Fig-
ure 2 Indium-mercury amalgam electrodes were
used to ensure an mtimate contact with the
sample, connections to the sample electrodes
were made through two copper screws mounted
on acryhc blocks so that high insulation (1e,
>10" Q) between them and the base plate 1s
achieved Electrical connections from atmo-
spheric pressure to high vacuum were made by
means of vacuum feedthroughs of the octal pin
type, the resistance between the measuring pins,
mcluding as well that of the coaxial cables used,
was found to be in the 10"-Q range, coaxial
teflon-insulated cable was used for the connec-
tions mside the hgh-vacuum chamber

)
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Fig. 2. The sample holder used in the measurements consisted simply of copper screws
mounted on acrylic blocks. The electrical shield has been removed to show the arrangement
of elements; two samples of different geometries are mounted in place. The copper screws
make direct contacts with the indium-mercury amalgam electrodes.

The types of responses obtained by measur-
ing with the configuration in Figure 1b are
shown in Figure 3; 1 corresponds to position
1 of switch W indicated in Figure 1b, 2 indi-
cates switching from 1 to 2, and 3 indicates
switching from 1 to 3. Let us assume that the
switch is placed in position 1; the voltage across
the sample will be the voltage of the source
(it was kept fixed at +5.000 volts throughout
the experiments using the configuration in Fig-
ure 1b) less the voltage drop across the current
meter I, which was kept, at all times, at less
than 0.005 volt. The corresponpding schematic
response is shown in Figure 3; the response of
the current to the step voltage applied indicates
the presence of the Maxwell-Wagner effect in

- — . [1
TS
TIME
2 I 3

Fig. 3. Types of responses obtained for various
positions of switch W in Figure 1b. Number 1
corresponds to position 1, 2 indicates switching
from 1 to 2, and 3 indicates switching from 1 to 3.

the electrode-sample system [Alvarez, 1972].
If the switch is now connected to position 2,
the sample terminals will be open and the cur-
rent will go to zero, whereas the voltage will
decay in a way resembling an exponential func-
tion. If, instead of switching from 1 to 2, one
switches from 1 to 3, the voltage will go to zero,
since the sample terminals will be short cir-
cuited, and one will be able to measure the
current flow across the sample; notice the cur-
rent reversal and decay typical of the Maxwell-
Wagner effect. The resistance value obtained
directly with one electrometer was compared
almost in every instance with the value of the
ratio obtained with the second configuration.
They agreed within 5% at all times. The read-
ings in such cases were made when all transients
had disappeared.

A sample of hematitic sandstone (Table 2)
from the core used in the desiccation experi-
ment (Table 1) and having a porosity of ap-
proximately 2.69% was prepared with the in-
dium-mercury electrodes; the sample had been
at atmospheric conditions for more than a year.
Equilibrium with atmospheric moisture through-
out the interconnected pores of the sample at
the time of measurement was assumed. The
sample diameter was 3.22 c¢m, and its average
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TABLE 2 Porosity, Resistivity, and Mineralogy of Rock Samples
Porosity, Resistivity, Mineral Composition,*

Rock % 2 m wt % Comments
Hematitic sandstone 26 See text 53 8 5107, 26 5 Fey03, 11 7 Al203, 6 8 T10, Fine grained
Pyrite 07 111 x 1072 71 0 FeSz, 25 2 CuFeSz, 2 8 PbS, 1 2 $10, FeSy crystal

size <0 5 mm
Galena 04 322 x 1072 87 5 PbS, 12 5 $10; Quartz inclusions

1n massive galena

Hematitic sandstone from Copper Mine River, Canada
*Determined by X ray analysis

thickness 8 21 mm, thus the electrodes covered
an area of 8 13 em®

At the start of the experiment the sample
resistance at atmospheric pressure was 37 X
10° Q, corresponding to a resistivity of 36 X 10*
Q m The bell jar was located in place, and
pumping started while the resistance was con-
tinuously recorded In Figure 4, trace 1 shows
the sample resistance as a function of time, 1t
1s clearly scen that the effect of evacuation 1s
immediately reflected 1n a change in resistance
The mtial rate of change of resistivity was
about 21 x 10' @ m/mmn Evacuation pro-
ceeded for 63 hours at pressures from 10 to
10 torr At around t = 50 hours a tendency
of the resistance value to stabihze began to
appear, to make sure that the readings were
effectively stabilized, we kept monitormg for
13 hours more Various rates of resistance 1n-
crease were observed while we pumped down
to the final vacuum attamned, toward the end
of this part of the experiment, vanations of 1%
n resistance occurred m 2-hour pertods

PUMPING STARTED

onNdO®O
1

Lol

RESISTANCE x 10°8

Fig 4 Trace 1 shows the increase 1n sample
resistance when the mitial evacuation started, the
resistivity rate of change 1s about 21 X 10* @ m/
min After the mmitial evacuation, air was admitted
mto the high-vacuim chamber, 1n 23 hours of
exposure to atmospheric moisture the sample
reached a value of resistivity of 623 X 10* @ m
Trace 2 shpws the resistance vanation as the
second ‘evacuation’ started The resistivity rate of
change 1s the same as that of the initial evacua-
tion -

Pyrite and galena of unknown origin

At t = 63 hours, air of 37% relative humid-
ity was admitted m the high-vacuum chamber,
the response of the resistance variation 1s shown
in Figure 5 Prior to air admssion the resistance
was stabilized at a value of 278 X 10° Q@ with a
corresponding resistivity of 275 X 10° @ m at
a pressure of 50 X 107 torr, therefore a
change 1 resistivity of 4 orders of magmtude
took place from itial to final conditions Fig-
ure 5 shows the immediate change in resistance
when air was admitted, the irregular variation
around 60 sec corresponds to the hftng of the
bell jar, so that the sample 1s directly exposed
to atmospheric conditions The imtial air ad-
mission 1s made through a valve, and, once the
inside ‘pressure 1s stabilized with the atmo-
spheric pressure, the bell jar can be lifted The
transient behavior when the bell jar 1s lifted 1s
systemically observed We believe that transient
air currents are forced into the chamber at the
time of lhifting the bell jar and produce the

=7
5x10 TORR
X AIR 37% REL HUM ADMITTED

.q
2101

8t
§ 6] BELL JAR LIFTED
2] ==
3(2) l'llnlllllllﬁllllllll
w O 10 20 30 40 50 60 70 80 90 IO
u 70 80 90 100

TIME (SEC)

Fig 5. Prior to air admission (1e, ¢ = Q) the
resistance was stable at a value of 278 X 10° @,
with a corresponding resistivity of 275 X 10° Q@ m
and a pressure of 50 X 1077 torr, the sample had
been 1n a vacuum for 63 hours At ¢t = 0, air of
37% relative humidity was admitted, the sample
resistance started decreasing within 1 sec at a rate
of 121 X 10° @ m/min The 1irregular vanations
around 60 sec correspond to hifting the bell jar to
allow direct exposure of the sample to atmospheric
conditions Before the bell jar was hfted, air was
admitted through a valve to the hgh-vacuum
chamber
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observed response The behavior normalizes im-
mediately afterward, and the downward trend
of the resistivity value continues at a rate of
121 X 10" @ m/min, after 23 hours of exposure
to atmospheric moisture the sample attained a
value of 623 X 10' @ m 1n resistivity The
-small difference 1n resistivity between this value
and the one obtammed at ¢ = 0 indicates that
conditions at this time were very close to those
at the time the experiment was imtiated Exact
reproduction of the imtial resistivity value was
not attained, probably owing to a 49, decrease
1n the room’s relative humidity

To test whether the atmospheric moisture
was, mn effect, responsible for the vanations
observed, 1t was decided to repeat the cycle of
evacuation and gas admission, except that this
time dry mitrogen (1e, 9999% N.) would be
admitted mstead of air Reevacuation started
at t = 86 hours, and, after 22 hours of pump-
g, the sample reached a value of resistivity
of 103 X 10° Q m at a pressure of 64 X 107
torr, the response of the rock resistance 1s
shown as trace 2 m Figure 4 Notice the same
rate of resistance increase as n the onginal
pumping Further pumping might have taken
the value of p closer to the one reported pre-
viously at this pressure range (1e, 275 X 10°
Q m), but it was not considered necessary to
do so Notice that these values were attamned m
about one third of the time originally needed
for reaching similar conditions, this reduction
1s possibly due to access paths for the gas/water
molecules being left open after the first evacna-
tion, but at present there 1s no way of venfymng
this assumption The mtrogen was admitted at
this time until a pressure of 1 atm was reached
mside the vacuum chamber The value of the
resistance was monitored continuously for
around 2 hours, n which time no sigmficant
changes of p were observed Finally, a new
cycle of evacuation and air admission resulted
1 a response sinilar to the one m Figure 5

From the observations presented up to this
point 1t 15 clearly established that the reported
changes 1n resistivity are due to water effects,
since, when dry mitrogen substitutes for air, no
such changes occur Furthermore, we have often
observed that variations in atmospheric mois-
ture (eg, from,20 to 309 relative humidity)
correspond to changes mn p up to 1 order of
magnitude

Avvarez Rock RESISTIVITY

Our observations have been made on a sample
of hematitic sandstone, but one can generahze
the statement made above to a larger group of
rocks, recallng the results of Howell and
Licastro [1961] as well as those of Worz [1964],
both sets of results have shown the vanations
of electrical properties of rocks as a function
of moisture by comparing results obtained with
atmospheric moisture present with those made
at moderate vacuums (1e, ~107 torr) The
study of Howell and Licastro [1961] on 23
common minerals and 71 rock samples concludes
that below 1 megacycle the presence of moisture
mn a rock plays a dominating role in determimming
1ts electrical properties, whereas the study of
Worz [1964] on red sandstone concludes that
there 1s a gradual decrease in the frequency
dependence of ¢ with the decrease mn water
content, whereas for ¢ only a change of the
absolute value 1s observed, the frequency de-
pendence bemg largely constant Brace et al
[1965] analyzed the electrical resistivity of
rocks under pressure and suggested that even
minute water films may cause the resistivity to
remain below the dry values by orders of mag-
mtude

Consequently, a large number«of rocks are
substantially affected by moisture, the magm-
tude of the change n electrical properties de-
pending on the specific rock type considered
There 18, however, another group of rocks that
do not seem to be affected mn their resistivity
by atmospheric moisture We have tried to
detect changes wn the resistivity of samples
(Table 2) contamning amounts of more than
509, pynte and others contamming more than
75% galena (presenting p values of 111 X 10*
and 322 X 10® Q m, respectively) when they
are evacuated to 10 torr, and none have been
observed Brace and Orange [1968] have ob-
served a simlar effect for a Nahant gabbro
The fact that their resistivities show no change
when they are measured from atmospheric mois-
ture to such vacuums mndicates that the mecha-
msm of conduction responsible for their low
resistivities (rocks are considered of low re-
sistivity, or sometimes also called ‘good con-
ductors,” when p < 1 @ m), whatever 1t may
be, has to be considered as dommnating over
atmospheric moisture contributions te conduc-
tion
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TRANSIENT RESPONSES

To gain more msight about how atmosphernc
moisture affects conduction in the hematitic
sandstone sample studied, we shall next present
the transient responses of current and voltage as
measured with the arrangement shown in Fig-
ure 1b In Figure 6a, b, ¢, and d the current
and voltage responses of the sample to,the ex-
citation voltage are shown The time scale n
Figure 6b applies to Figure 6a and ¢ as well
The switching in Figure 66 was made by hand,
and therefore the length of the pulses 1s not
the same, this difference 1s of no consequence
to our observations, and 1t 1s noted only to
avold confusing these de¢ excitations with a
square wave excitation often used in rock mea-
surements Furthermore, the applied voltage
was always positive

Figure 6a shows the current response of the
rock when 1t 1s 1n a vacuum of 5 X 107 torr or
1n an atmosphere of dry N, (after evacuation),

1775

whereas Figure 6¢ shows the current response
when the sample was 1in air of 37% relative
humidity for 22 hours after the first “evacua-
tion, this response and that obtained prior to
evacuation were substantially the same
Comparing the current responses in Figure
6a and ¢, one can determine the change n the
magmtude of the current flowing through the
sample These results also suggest that there
15 a modification of the shape of the current
transient, which 1s better mamfested through
the voltage decay curves shown mn Figure 6d
Curve 1 (Figure 6d) corresponds to the condi-
tions specified for Figure 6a, and curve 2 to
those of Figure 6¢, they were obtammed when
switch W 1n Figure 15 was changed from posi-
tion 1 to position 2 Clearly, the relaxation time
mvolved n the high-vacuum or N, atmospheres
18 longer than the one obtained at atmospheric
conditions, and the change in shape of the
current transients 1s thereby confirmed Such

a+a @ vAcuuM
%o o oo > 5 x 10 TORR

- AND 1 ATM N,
—~-4 (o)

y

-

g o] —r— v —t e —p -

o (] 20 30 50 60
{SEC) (b}
4

" f: @ AFTER 22 HOURS
2 o3I —I= IN AIR 37% RH.

TIME (SEC)

Fig 6

ic}

(L)}

(a) Current responses when the sample was either 1n a vacuum of 5 X 1077 torr

or, after evacuation, in dry nitrogen at a pressure of 1 atm (b) Excitation voltages applied
to the sample, the time scale shown apples also to (a) and (¢é) (¢) Current responses when
the sample was exposed for 22 hours, after evacuation, to air of 37% relative humidity The
magmtude and shape of the current responses have changed with respect to those in (a)
(d) Voltage decay curves when the excitation voltage 1s interrupted, curve 1 corresponds
to the conditions specified 1n (a) and reflects the electrical properties of the rock matnx,
whereas curve 2 corresponds to the conditions 1n (¢) and shows the electrical alterations
experienced by the rock matnx after exposure to atmospheric moisture
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behavior 1s in agreement with a decrease 1n
sample resistivity when mowisture 1s present
Furthermore, the modification of the relaxation
times implies, through the Kramer-Kromg re-
lations {Landau and Lifshitz, 1960], that the
frequency responses are modified as well

Notice that the voltage decay for both curves
reaches ~09 volt within 10 sec, this remaming
voltage between the ends of the sample usually
takes several hours to decay to half its value
when the sample 1s 1n the vacuum, whereas at
atmospheric conditions the voltage reaches
~02 volt within 10 mm and remains around
that value for more than 24 hours In fact, we
have not observed 1t to go to zero even after
30 hours of measurements The currents asso-
ciated with these voltages are usually found to
be 1n the range 107-107* amp

If one tries to observe the transient re-
sponses of the samples contaiming pyrite and
galena reported previously, 1t will be seen that
the voltage responses when one switches (Fig-
ure 1b) between positions 1 and 2 correspond
to the shape of the excitation voltage (1e, a
square pulse), no distortion bemng observed n
the time scale of Figure 6d when either atmo-
spheric or high-vacuum conditions prevail The
corresponding currents through the sample are
square pulses also, thus no Maxwell-Wagner
effect 1s observed

On the basis of these observations, only a
coarse classification of rocks can be made ac-
cording to the effects produced on them by
atmospheric moisture* (1) those whose resistivi-
ties experience changes of 2 orders of mag-
nmtude or more when alternate measurements
are made at high vacuums (1e, ~107 torr)
and at atmospheric conditions with more than
109, relative humidity and (2) those whose
resistivities are not affected when they are de-
termined at the two conditions stated above A
more precise distinction between these two
groups, although desirable, must wait for more
experimental data

DiscussioNn

Once 1t 15 estabhshed that the resistivity of a
considerable number of rocks 1s affected by the
presence of atmospheric moisture, 1t 1s con-
venient to look into the possible mechamsm re-
sponsible for the resistivity variation
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Conduction through an aqueous electrolyte
will be considered first, since 1t 1s a process of
conduction that 1s known to predominate when
rocks have aqueous electrolytic solutions In
their pore systems [Brace et al, 1965] In the
present case, though, we are interested 1n the
formation of an aqueous electrolyte on the
surface of the sample when ar 15 admitted to
the high-vacuum chamber, since one can assume
that such an electrolyte 1s not present when the
sample 1s evacuated at 107 torr

An aqueous electrolyte 1s formed when 10ns
are dissolved 1n water. Thus the formation of
an aqueous electrolyte on the sample surface
implies the building up of a film of free water
(1e, water not adsorbed to the surface) to
constitute the aqueous medium 1n which 1ons
from the surface can dissolve and move on the
action of an external electrnc field But 1t 1s
known [Zisman, 1965] that, 1f the partial pres-
sure of a vapor 1s much below the saturation
pressure, as 1s the case for water vapor when
one admuts air mto the evacuated chamber,
the adsorbed monolayer will have a low surface
coverage Therefore mn the first seconds of ex-
posure to air of 37% relative humidity 1t 1s un-
hikely that a water monolayer will form on the
sample surface, even less likely 1s the accumu-
lation of enough water to form an aqueous film
One would have to assume that times longer
than a few seconds are mvolved mn the film
formation, but this assumption would mply
a time lag m the resistance vanation in con-
tradiction with the experimental observations
of Figure 5, which show an immedate (1e,
within 1 sec) response to air admission

Furthermore, if a continuous electrolytic
path were to be formed, at time ¢ = ¢, after air
admission, across the sample surface and con-
necting the metallic electrodes, the change m
resistivity should be an abrupt one At this
time conduction through the highly resistive
bulk of the sample would be bypassed by at
least one surface electrolytic path presenting a
resistivity smaller than that of the rock matnx

-by several orders of magnitude As more elec-

trolytic paths were formed, the overall resistiv-
1ty would continue to vary 1n a gradual manner
But the rate of resistance vanation in the ex-
periments 1s never an abrupt one (with the
exception of the transient when one hfts the
bell jar)
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A further indirect indication that conduction
through an aqueous electrolyte 1s not taking
place 15 given by the results of Fripiat et ol
[1965] They studied the surface conductivity
of montmonllonites and silicas contaming first
and second adsorbed water layers and con-
cluded that the charge carriers mnvolved m the
surface conduction are not the 1ons in the mono-
layer but the protons originating from the dis-
sociation of water molecules, which 1s enhanced
by surface electric fields

From these considerations 1t 1s difficult to
reconcile the experimental evidence with a
model of aqueous electrolytic conduction at the
surface, although other types of electrolytic
conduction are not excluded [Scanlon, 1957,
Snow et al, 1965] Rather, this evidence sug-
gests a mechanism consisting of an alteration
of the surface conductivity of the rock sample
by fractions of a water monolayer adsorbing to
1its surface Such a mechamsm would account
for the immediate variation in resistivity upon
air admission as well as for the long time (1e,
around 24 hours) necessary to reach equilib-
rium after evacuation or air admission, these
periods bemng necessary for adsorption or de-
sorption of water 1n the mnermost surfaces of
the sample, which are connected to the exterior
through the pore system The surface of the
sample has to be considered not only as the
external geometrical surface but also as the
ensemble of all surfaces in which an arr-matrnx
mterface occurs

What kind of evidence 1s there for assuming
that fractions of a water monolayer can affect
the surface conductivity of some rocks? No
study mn the geophysical Literature known to
this author has shown direct evidence of such
a mechanism But morganic dielectrics and
semiconductors have been shown to be strongly
affected by various amounts of atmospheric
moisture At present one has to resort to this
kind of evidence to support the 1dea of such
phenomena occurring 1n rocks, recalling the
fact that most rocks 1n the upper crustal layers
of the earth can be classified either as dielectrics
or as semiconductors on the basis of the elec-
trical properties of the minerals formmng the
rock

In the rest of this discussion we shall present
a few of the many available examples of how
water molecules affect some morganic siliceous
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materials We have chosen to present these
examples to stimulate the 1dea of similar phe-
nomena occurring 1n the upper crustal layers,
where silica accounts for around 58 wt 9, of
the average chemical composition [Ronov and
Yaroshevsky, 1969]

A large amount of work has been reported in
the sohd -state physics hiterature about the
surface properties of semiconductors [Kingston,
1956, Many et al, 1965], 1n which 1t has been
recognized that adsorbed atoms or molecules
may exchange charge with the semiconductor
and thereby induce changes 1n 1ts surface con-
ductivity Adsorbed species can act as electron
donors or acceptors creating additional allowed
energy levels for the electrons inside the surface
of the semiconductor and consequently induce
changes m the number of available charge
carriers, these changes take place usually 1n a
region a few microns deep

Buck and McKun [1958], analyzing the
effects of vanous atmospheres on the conductiv-
1ty of n type silicon, have shown that 1t 1s
possible to change its surface conduction from
a strong n type condition to a strong p type
condition passing through an ntnnsic condi-
tion by a series of chemical treatments and
exposures to oxygen and water vapor atmo-
spheres, they conclude that, after any given
chemical treatment, water vapor makes the sur-
face more n type and oxygen makes 1t more p
type

Niwcolltan et al [1971] report that, when
water 15 diffused into a 810, film at tempera-
tures <200°C and electron currents are made
to flow through 1t, a negative buildup occurs
m the oxide, they attribute this behavior to
the formation of water-related centers acting
as electron traps Other types of semiconduc-
tors have also been shown to be influenced by
the ambient relative humidity [Kingston, 1955]

The effects of moisture adsorption on the
surface resistivity of insulators have long been
observed, Clark [1962] pomnts out that com-
mercial morganic insulators experience changes
of 5 orders of magnitude in surface conductivity
upon exposure to atmospheric moisture Fur-
thermore, he states that the decrease in surface
resistance’ 1s enhanced by a high degree of sur-
face porosity, a fact of direct consequence to
the rock specimens normally handled in labora-
tory measurements Guyer [1944] presents
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data showing that the region of maximum van-
ation for the surface resistance of fused quartz,
Iime glass, and borosilicate glass occurs between
30 and 809 relative humdity

CoONCLUSIONS

The “problems associated with determining
the degree of dryness of a rock sample have
been analyzed, and 1t has been concluded that
heating or evacuating a sample produces only
relative measures of 1ts degree of dryness. It
appears that, mn order to obtain an absolute
measure of the sample’s water content, one will
have to resort to methods such as nuclear mag-
netic resonance and possibly mass spectrom-
etry Correlations between the absolute amount
of moisture 1n a sample and 1its electrical be-
havior have to be postponed until the former
can be properly determmned At present, one
can only study the relative vanation of ress-
tivity between the two different measuring con-
ditions

The vanations of the:electrical resistivity of
a hematitic sandstone sample measured at
vacuums of around 107 torr and at atmospheric
conditions, as well as results obtained elsewhere
on a wide vanety of rocks at vacuums of
around 107 torr, indicate that the electrical
behavior of a large group of rocks 1s affected
by atmospheric moisture, whereas our exper-
ments on two samples of low resistivity indicate
that there 1s another group not affected by 1t

The possibility of aqueous electrolytic con-
duction on the surface of the hematitic sand-
stone sample 1s difficult to reconcile with the
experimental evidence An alternative process
1s suggested to account for the rock responses,
1t consists of modifying the surface conductivity
of the sample by adsorption of quantities of
H.O possibly as small as fractions of a water
monolayer Examples of modification of sur-
face conductivity by adsorbed water molecules
i semiconductors and dielectrics have been
presented Because a large number of the rocks
occurring 1 the upper crustal layers of the
earth are either semiconductors or insulators,
1t seems plausible to expect them to exhbit
similar effects of resistivity alteration by the
presence of adsorbed water molecules -

The present study 1s 1n no way sufficient to
prove that fractions of a water monolayer are
mn fact altenng the electrical properties of a
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sample surface, but it seems to give a basis for
putting forward the hypothesis that surface
conduction 1 rocks, as mduced by adsorption
of water molecules, may be an important com-
ponent of the ensemble of electrical conduction
mechanisms 1 rocks

Such a mechanism would be relevant to the
study of the conductivity of the upper crustal
layers 1n the earth and to the study of electri-
cal conduction 1n the moon 1n the case of exis-
tence of subsurface water as well as to the effects
of atmospheric contamination of lunar samples
on earth Finally, it may account, at least imn
part, for the differences observed in laboratory
determmations of rock resistivities, which often
amount to several orders of magnitude among
the same type of rocks
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Lunar Permafrost: Dielectric Identification

Abstract. A simulator of lunar permafrost at 100°K exhibits a dielectric relaxa-
tion centered at approximately 300 hertz. If permafrost exists in the moon between
100° and 213°K it should present a relaxation peak at approximately 300 hertz.
For temperatures up to 263°K it may go up-to 20 kilohertz.

The controversy over the existence of
water in the moon () will have an
“in-depth” test when the electromag-
netic soundings made during Apollo
17 have been analyzed (2). The re-
sults of those experiments will have
to be interpreted in terms of models
of the lunar regolith and its dielectric
properties.

Permafrost 1s one of the two possibie
modes of existence of water in the
moon, the other being hquid water.
Models of the internal constitution of
the moon in which the existence of H,O
is considered concur mn locating the
permafrost layer above the liquud water
(3, 4) The depth and extent of the
permafrost layer 1s a matter of specula-
tion. If we assume that such models are
valid, electromagnetic signals would
have to travel through permafrost be-
fore detecting liquid water.

Information on the dielectric proper-
ties of lunar samples is available at var-
tous frequency ranges and temperatures
(5, 6). However, little is known about
the role of frozen moisture in the dielec-
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tric behavior of these samples at tem-
peratures below 273°K. The interpre-
tatton of the lunar -electromagnetic
soundings, on the basis of the data
presently available, may thus leave ambi-
guties regarding the presence of the
permafrost layer. This report provides
information on the typical response to
electromagnetic excitations that may be
expected from a permafrost layer in the
moon.

Measurements of the dielectric per-
mittivity (x’) and loss tangent (tan §) of
a lunar simulator (7) have been carried
out 1n the frequency range of 30 to 103
hertz, at temperatures varymng from
100° to 373°K and vacuums of around
7.0 X 10—8 torr, in an attempt to
simulate conditions in the upper layers
of the lunar regolith. A specially de-
signed guarded-electrode system was
used. Complete results of these expern-
ments will be presented elsewhere (8).
Here I shall restrict the discussion to
the responses at 100°K,

In order to establish a basis of refer-
ence (9), I measured samples of the
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lunar simulator with packing densities
of 1.80, 2 00, and 2.20 g/cm3 contain-
g mtially atmospheric moisture (at
40 percent relative humidity). Before
they were cooled to 100°K the samples
were maintained at room temperature
and 5.0 X 10—8 torr for periods of 2 to
3 hours, so that part of their instial
moisture content was released. In Figs.
1 and 2 the values of «’ and tan & for
the samples at 100°K and 7.0 x 10-8
torr are plotted. Curves 1, 2, and 3
correspond to the densities cited above.
Curves 4 (Figs. 1 and 2) were obtained
for the sample of density 2.20 g/cm3
after a cycle of heating (to 373°K) and
cooling (to 100°K) took place in the
high vacuum. The differences with re-
spect to curves 3 are due to additional
water losses occurring at the higher
temperature. This result 1s 1n agree-
ment with observations made of re-
peated heating and cooling cycles at
other temperatures (8). Curves 1 through
4, for tan §, present broad maxima
between 100 and 300 hertz, while the
corresponding «’ curves decrease slowly
with increasing frequency

The sample that yielded curves 4 was
used to prepare a new sample cf den-
sity 1.90 g/cm3, consisting of the lunar
simulator (87.7 percent by weight) and
distilled H,O (12.3 percent). The sample
had a doughy texture. At 100°K and
7.0 X 10—8 torr, the values obtained for
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Fig. 1 (left). Dielectric permittivity (relative) of the lunar simulator at 100°K and 7.0 x 10~ torr, plotted against frequency.
Fig. 2 (right). Loss tangent of the lunar simulator at 100°K and 7.0 X 10 torr, plotted against frequency. Refer to the
text for an explanation of the curve numbers.



270
Ice

250~ /

230}~
— g10l- Lunar sample 10020 Fig 3 Temperature
D) e plotted against the
= 150~ frequency at which
@ 190
E the peaks of dielec-
S 170~ tric relaxation occur
g 150k for ice (12), lunar
R simulator plus wa-

130 L tes ter, “dry” lupar

unar sampl
110}-10020 and 12022, simulator, and two
= ~«—87 7% Lunar simulator +123% H,0 lunar samples (5)
904~
Dry' lunar simulator
70 1 1 __ls
10 102 103 10* 10

Frequency (hertz)

' and tan & are shown as curves 5§
(Figs 1 and 2). If the same data are
plotted as «’’ against x’ (x” = «’ tan §),
they correspond to a Cole-Cole distribu-
tion (/10) given by

’ ’
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with «,’ =4.90, ./ =257, 7=65 X
10~ second, and a = 39. The symbol
x* denotes the complex (relative) dielec-
tric permuuvity, x,/ and x, are the
values of the real part of x* at zero and
infinite frequency. The imaginary part
of x* 15 k”’, ] =(—1)%, » 1s 2% times
the frequency, 7 1s the generalized relax-
ation time, and « i1s a parameter that
can vary between 0 and 1.

These results show that with increas-
g amounts of moisture the dielectric
behavior of the sample, n the frequency
range of 30 to 10° hetrz and at 100°K,
eventually becomes dominated by ice.
The broad peaks observed in curves
1 through 4 (Fig. 2) are interpreted as
relaxations occurring n the frozen
moisture remaining in the sample. The
corresponding «’ curves are In agree-
ment with the existence of such relaxa-
tions, However, the small «’ increments
with decreasing frequency preclude 1its
constderation as positive evidence. The

* = k. +

(1)

vapor pressure of ice at 120°K has
been estimated as 1 4 X 10—12 torr (/]),
therefore, the amount of water frozen
at 100°K and 7.0 X 10—8 torr will
remain 1n the sample as long as such
conditions are maintained in the labora-
tory. Curves 3, 4, and 5 (Fig 2) qual-
tatively establish that the sample losses
are proportional to their ice con-
tents A quantitative evaluation of the
amount of frozen moisture and its ef-
fect on «x’ and «” 15 presently under way
(3).

The existence of lunar permafrost is
expected within the temperature range
of 100° to 273°K (4) The results pre-
sented here represent the lower tem-
perature limut It 1s known that the
relaxation peak for ice moves toward
lower frequencies when the temperature
decreases (/2) In Fig 3 I have plotted
the ice temperature against the fre-
quency at which the peak of the relaxa-
tion occurs The ellipses represent data
for 1ce (/2); the tnangle corresponds
to the peak in curve 5 (Fig 2) Extra-
polatioh of the results for ice 1s 1n
agreement with my results at 100°K.

Lunar samples 10020 and 12022 were
contammnated by atmospheric moisture
when the dielectric measurements were
performed (5). Consequently, relaxa-

tion phenomena associated with the
frozen contaminating water should be
expected The peaks observed for tan
8 1n those measurements have been in-
corporated in Fig 3 The question mark
by the lunar samples at 100°K indicates
the possibility of the peak occurring at
shghtly lower frequencies

In conclusion the evidence presented
indicates that if permafrost exists in the
moon between 100° and 213°K 1t will
have a deelectric relaxation peak at ap-
proximately 300 hertz If its tempera-
ture 1s between 213° and 263°K the
relaxation peak will occur between 300
hertz and 20 khz. The f{requency at
which the relaxation maximum occurs
may serve as a crude thermometer.

ROMAN ALVAREZ
Engineering Geoscience,
Umiversity of Califorma,
Berkeley 94720
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LUNAR POWDER S([MULATOR UNDER LUNAR-LIKE CONDITI{ONS: DIELECTRIC PROPERTIES

Roman Alvarez
Engineering Geoscience
University of California, Berkeley

Berkeley, California 94720

ABSTRACT

The dielectric response of a powdered basalt simulating lunar fines is
studied in the temperature range found in the lunar surface while maintained
at high-vacuum conditions. Two concurrent analyses are made: one regarding
moisture contamination effects and Thé other related to the response of the

lunar regolith. The atmospheric moisture remaining in the pore system of the

sample in the high vacuum produces a low-frequency dispersion; this is attributed

to the presence of isolated water adsorption centers in which the local con-
ductivity values are raised with respect to the conductivity of the basalt.

It is suggested that a change in the main electric conduction mechanism
occurs between 300° and 370°K; close to 300°K conduction seems to be dominated
by adsorbed moisture, while at 370°K the main conduction process appears fo be
control led by thermally activated carriers. The dielectric response of the
funar regolith during a lunation is schematically described. It is found that
during approximately seven tenths of a lunation the dielectric res#onse of a 5
to 10 cm surface layer should be fairly constant; in the remaining three tenths
it should undergo rapid changes. Changes in the dielectric properties of the
surface layer should be controlled by temperature; in the subjacent layers
such changes are thought to be controlled by the increasing density of the

regolith.
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INTROBUCT I ON
Tho temperaturc on tho surface of the lunar regolith varles from
approximately 100°K 1o 400°K during the lunar synodic period. Tho amplitude

of the temperature wave is rapidly attentuated with depth (Robie and Hemingway,

1971; Hoyt et al, 1971) thus only the first few centimeters experience the
full change in temperature. In the present study a terrestrial basalt
simulating lunar powder has been subjected to temperature variations in the
100° to 373°K range while in a high vacuum. The changes in the dielectric
properties of the lunar simulator have been determined and are thought to
represent in a qualitative way the corresponding variations in the uppermost
layer (i.e. 5 to 10 cm in depth) of the lunar regolith.

Although various measurements on the dielectric properties of actual
lunar samples have been made (Chung et al, 1970, 1971, and 1972; Katsube

and Collett, 1971; Strangway et al, 1972; Gold et al, 1970 and 1971) few have

gone to temperatures below 273°K, none of these, however, under high-vacuum
conditions. Similar studies on terrestrial samples (Strangway, 1969; Saint-

Amant and Strangway 1970; Campbell and Ulrichs, 1969) aiso have not combined

high vacuum and low temperatures.

In order to reach conditions similar fo those in the lunar surface, a
terrestrial powder has to lose a considerable amount of the atmospheric moisture
usuvally adsorbed to its surfaces (Alvarez, 1973b); in so doing the sample
experiences changes in its dielectric properties. An analysis of these changes
yields an insight into the reverse process, namely that of dielectric variations
arising from moisture contamination, undergone by lunar samples that have been

in contact with atmospheric moisture (Strangway et al., 1972).

Low-temperature determinations are necessary to generate a complete
theoretical description of the dielectric behavior of lunar samples, as well
as to assist in the explanation of electrical phenomena occurring in the lunar

night. For studies on terrestrial rocks low-temperature measurements offer the
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advantage of freezing any water that may be present in the sample thus effectively

T educing conduction effects associated with it.

EXPERIMENTAL TECHNIQUE

The experimental set-up consisted of a Davies and Wilder high-vacuum
system model 616, a cryogenic thermometer with a range of |°K to 300°K from
American Magnetics, a thermistor calibrated In the 77-400°K temperature range,
a General Radio capacitance measuring assembly model 1610-B and a guarded-
electrode system; all are commercial instruments except the last one.

A detailed description of the guarded-electrode system will be given
elsewhere, here we shall briefly outline its characteristics. A vacuum sealed
stainless steel box (Figure 1) is used as a liquid nitrogen (LN) reservoir
inside the high vacuum chamber. It is externally fed by means of adequate
feedthroughs. A heavy copper strap is welded to the base of the LN reservoir;
as long as there is LN in the reservoir the strap maintains the LN temperature.

At the top of the copper strap are located the guarded-electrode and the
guard ring. The former is a copper disk held against the strap by copper screws.
The latter is a copper ring electrically insulated from the copper strap by a
teflon layer. The sample, in the case of solid rock specimens, or the sample
holder in the case of powders, is placed above the guard and guarded electrodes.
Heat is directly exchanged between the sample and the guarded-electrode, thereby
cooling the sample in the high vacuum. The third (upper) electrode clamps
the sample from above; adjustments in its position are made by means of a
threaded guide.

Heat fosses by radiafion.from the LN reservoir and sample are minimized

by means of several layers of superinsulation (l.e. aluminized mylar sheets)
that cover the electrode assembly in the evacuated chamber. In order to reach
the higher temperatures (i.e. 373°K) pressurized air, or nitrogen, is made to

flow through the reservoir after being heated to the appropriate temperature.
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A set of measurements in the frequency range of 30 to IO5 Hz, at one
temperature, involved periods of 6 to 8 hours; of these, 3 to 4 hours were
necessary to reach thermal quasi-equilibrium conditions, and the remaining
time was dedicated to the actual dielectric measurements. |t must be noted
that with the present system it is not possible to reach complete thermal
equllibrium, since heat exchange with the sample occurs only at one of its
ends, namely the one in contact with the guarded electrode. Measurements were
made at temperatures of (00°, 298°; and 373°K. The powdered sample was packed
to densities of |.8, 2.0, and 2.2 g/cm-5 in the working volume (area 17.9 cm2
and thickness 0.5 cm) of the sample holder. This-is made out of a good quality
dielectric material (NEMA G-10) with suitable mechanical characteristics in
t he temperature range of interest.

The sample was packed in the sample holder at atmospheric conditions and
set in place in the electrode assembly. Evacuation started slowly with the
mechanical! pump; in approximately 45 minutes the sample was exposed to the
high vacuum. At this time the vacuum was usually between 6.0 x IO-7 and
3.0 x IO“6 torr depending on the packing density of the sample and the atmospheric
humidity at which the sample was prepared. It was left to outgas in the high
vacuum for approximately one hour more; in this time the pressure decreased
to 3.0 x IO_8 - 3.0 x IO_7 torr. Liquid nitrogen was admitted to the LN
reservoir and cooling of the sample started.

The temperature of the guarded-electrode reaches 82°K in 20 minutes, after
the first filling of the LN reservoir, in a vacuum of IO.8 - 10-7 torr. The
sample grains directly in contact with this electrode are expected to attain
such a temperature in approximately the same time. We observed, however, that
at places within the sample, not directly in contact with the electrode, heat
propagation was extremely slow under high vacuum conditions. This is possibly

due to a heat conduction mechanism in which radiation predominates (Cremers,
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1972); whether this is the actual case cannot be ascertained from our experiments.
For calibration purposes several temperature determinations were made inside

the powder sample. |t was found that temperature gradients of approximately

I 00°K/cm, in the direction of the symmetry axis of the sample holder, existed

in the lunar simulator of density .80 g/cm3 after 90 minutes of the first

8

filling of the LN reservoir when the vacuum was in the 107 - IO-7 torr range.

Thus, the time necessary To reach thermal quasi-equilibrium conditions

appeared to be unduly long. In or&er to reduce it, we increased the pressure

in the vacuum chamber by means of dry nitrogen (i.e. 99.99% N2), since It
-does not induce changes in the electrical responsé of "resistive" rock specimens
(Alvarez, 1973b). It was observed that the thermal conduction of the sample
improved markedly when the N2 pressure was between 0.1 and 1.0 torr. While
higher pressures only slightly improved thermal conduction in the sample they
increased considerably the overall thermal losses of the system. With the

sample at a pressure of 1.0 torr of N, the times necessary to reach thermal

2
quasi-equilibrium were reduced to the 3 to 4 hour periods mentioned above.

The thermal gradients, in the direction of the axis of the sample holder, were

of approximately 20°K/cm when the dielectric responses were determined.

Haviné the sample in thermal quasi-equilibrium conditions the N2 was re-
moved by a re-evacuation, usually to a pressure in the 10-8 to IO"7 torr range,
before the dielectric determinations were made. The high temperature (i.e. 373°K)
was attained following the same sequance of evacuation, N2 admission, and re-
evacuation previously described, while heated air was being injected info the
LN reservoir (Figure |). After a cooling or heating process the sample was

left in a N, atmosphere of around 1.0 torr for 8 to 12 hour periods in which

2

room femperature was attained.
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DIELECTRIC BEHAVIOR

A description of the material used as simulator of core S/N 2013 from
Apollo 12 appears in Table |I. The dielectric response in the vacuum as a
function of frequency, temperature, and packing densities of 1.8, 2.0, and
2.2 g/cm3 appear in Figures 2, 3, and 4 respectively. The experimental error
limits have been estimated, for k' , as + .0l at all frequencies and temperatures;
and for tan § as: + .001 (at 30 Hz) or better for values of tan$ [esser
than .04; + .005 (at 30 Hz) or beff;r for values of tand between .04 and .09;

and + .0l (at 30 Hz) or better for values of tan § greater than .09. Each

curve corresponds to one of the temperatures 100°; 298° or 373°K; for a given
densify a sequence of determinations started at 100°K, continuing to 298° and
373°K, then repeating measurements at some of those temperatures. In order to
distinguish the order in a sequence we use a subindex (A, B, or C) in the
temperature value. This information is relevant to the correlation of moisture
losses with dielectric responses. The subindex shall be dropped when making
generical reference to a temperature.

The samples were frozen to |OO°KA as described in the previous section;
from the rates of outgasing we inferred that a large portion of the original
moisture content of a sample was lost in the high vacuum prior to freezing. At
100°K one expects the remaining moisture in the sample to be condensed in the
form of Ice. The dielectric responses of the samples at this temperature have
been discussed elsewhere (Alvarez, 1973a). When the sample was allowed to thaw and
reached 298°K, some extra water losses occurred due to additional outgasing in

A

- the high vacuum. Heating the sample to 373°KA increased the thermal energy of the
water molecules remaining in the pore system of the sample, raising the pressure and
forcing additional water to be lost. Therefore, when the sample cooled off to

room temperature (i.e., 298°K8) the total moisture content in the pore system

was less than at 298°KA.



A preliminary idea of how moisture is affecting the dielectric response of
the sample is gained by comparing the dispersions at 298°KA with those at 298°KB;
the latter are markedly reduced (Figures 2, 3, and 4), such a reduction being
attributed to the lesser amount of moisture. Affer the first cycle of heating,

2 second one (i.e. heating to 373°KB and cool Ing to 298°KC, as in Figure 3)
produced little further changes in the dielectric response of the sample, corres-
ponding to comparatively smaller wafer losses during the second heating. Our

observations agree with others (e.g. Howel) and Licastro, 1961; Strangway et al,

1972) which have shown that small amounts of moisture affect mainly the response
of the sample at the "lower frequencies" (the rangé of these lower frequencies
depends on the amount of moisture in the sample and may go as high as | MHz).
Notice the small but measurable effect that moisture release has on the sample
at 100°K: Figure 4 shows measurements at IOO°KA and at IOO°KB, the latter being
obtained after a cycle of heating (to 373°KA) and cooling took place.

One must bear in mind in analyzing these results that the same amount of
moisture in the pore system of the sample contributes differently to conduction
and dielectric response at different temperatures. At 100°K the moisture is
frozen whereas at room and higher temperatures it will become water or water
vapor depending on the actual pressure in the inner pores of the sample. The
dielectric and conduction properties of ice and water at the frequencies analyzed
are totally different.

Interpretation of dielectric relaxations is facilitated by plotting the
data In curves of k" against «', where x" = k' tangs . In Figure 5 we
have plotted such curves for densities of 1.8 and 2.0 g/cm3 at temperatures of
298°K, and 373°K,. The plots correspond to Cole-Davidson distributions

A A
(Davidson and Cole, 1951) given by

24
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(N
(1 + ij)B

where «* is the complex (relative) die{ecfric permittivity, % and «! are
the real parts of & at zero and infinite f;equency, w is 2n times the
frequency, T is a relaxation time, B8 is a parameter that can assume values
between zero and one, and | = (-l)'/z; the imaginary part of & is denoted «'.
In Table 2 are summarized the parameters of the Cole-Davidson distributions
obtained for temperatures of 298°K,, 373°KA, and 373°KB, and the three densities.
The data in Table 2 suggest that the relaxafioq time 1 is controlled
mainly by the temperature (in the temperature range of 298° to 313°K) alihough,
as will be seen, moisture also has an effect on t at 298°K; they show that .
i ncreasing densities yield larger K; and k! values, as expected for a given
temperature, and suggest that increases in the parameter B8 occur for increasing
temperatures, although the data for the latter observation do not seem to be
conclusive. In addition, decreasing amounts of moisture produce decreasing
values inx  at 298°K and 373°K; comparison of k! values at 298°K, and 298°Ky
(see Tables 2 and 3), and comparisoq of K; values at 373°KA and 373°KB for a
denéify of 2.0 g/cm3 (see Table 2, low-frequency relaxation) substantiate this
observation. |In spite of the change in l% between 373°KA and 373°KB the relaxation
time T and the parameter 8 do not experience significant variations, suggesting
that moisture has little effect on them at 373°K. The 30 Hz frequency-points
(Figure 5) for 373°KA and densities 1.8 and 2.0 g/cm3 have been interpreted as

arising from a residual electrode impedance, based on the data plots at 298°KA

which clearly manifest this effect (Dansas et al, 1967).

The curves corresponding to the three densities at 298°KB are plotted as

k" against k' in Figure 6. They could not be fitted to Cole-Davidson distributions;



instead two Cole-Cole distributions have been fitted to each set of data

(Cole _and Cole, 1941). The analytical expression for such a distribution is

ke T % (2)

T

k¥ = ' +
[ -]

yhere the symbols correspond to those of equation (1), recalling the fact that
the relax$+ion time has different meanings in a Cole-Cole and in a Cole-Davidson
distribution and that o is a parameter that assumes values between zero and
one. Equation (2) and the parameters shown In Table 3 fit the data within the
error limits ( 8k' -and AK' ) given in the same table. The relaxation times
between the low and high-frequency relaxations differ by three orders of
magnitude, strongly suggesting different causative mechanisms. The K. values
of the high-frequency relaxation at 298°KB are essentially the same as those

obtained for the Cale-Davidson distributions at 298°KA, as expected from moisture

effects.

DISCUSSION

The above observations establish a genera! pattern for the dielectric
behavior of the lunar simulator and the effects introduced by varying amounts
of moisture. The responses at |00°K show small dispersions, with maximums in
tan 6§ at around 300 Hz, associated with the frozen moisture in the sample
(Alvarez, 1973a); at this temperature and in the frequency range studied there
is no evidence that the basalt powder itself presents relaxation phenomena.
At 298°KB (Figure 6) it is observed that two independent relaxations appear;
the high-frequency relaxation is attributed to the dielectric properties of

the powdered basalt. The low-frequency relaxation is attributed to interactions

26
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between the moisture in the sample and the powdered basalt as follows: It has
been proposed (Alvarez, 1973b) that adsorbed water molecules increase the
s urface conductivity of "rgsisfive" rock specimens by creating additional
allowed energy levels in the surface of the sample; in the present case we
propose that the low amounts of moisture invoived create a series of isolated
adsorption centers in which the local conductivity value is raised, by the
same mechanism, with respect to the surroundings.

This results in a model equivalent to that of conductive grains (e.g.
spheres) imbeded in a resistive matrix which gives rise to a low-frequency
relaxation of the Debye type fhrough a Maxwel|-Wagner effect (Koops, 1951;
Alvarez, 1973c). The low frequency response in the present experiments actually
corresponds to a Cole-Cole distribution of refaxation times instead of a ‘
'slngle relaxation time (i.e. Debye relaxation); such an effect is attributed to
a distribution of conductivities in the isolated centers and to the various
s hapes they must acquire. The plausibifify of this explanation is brought about
by the statistical nature of the adsorpf{on and desorption processes, coupled
to the variations in dielectric response induced by different shapes of con~

\
ductive inclusions (Sillars, 1937). :

When larger amounts of moisture, at the same temperature, are present in the
pore system one would expect an increase in the density of isolated centers of
h igher conductivity. Accordingly, the magnitude of the Maxwell-Wagner effect would
be Increased producing larger K; values as wel! as larger energy losses. This
actually results when the distributions at 298°KB and at 298°KA are compared
(i.e., Figures 5 and 6, and Tables 2 and 3); in the latter the amount of moisture
Is larger. As It increases in magnitude the low-frequency distribution affects
higher frequencies creating a smoother transition between the low and the high-

f requency relaxations. The response of the powder becomes overwheimed by the
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moisture effects and the two distributions coalesce into a single one
approximately described by a Cole-Davidson distribution. The extrapolated x)
value remains essentially unchanged during the transition, In agreement with
expected moisture effects.

The Cole-Davidson distributions at 373°KA (Figure 5) present the pecullarjfy

of having increased their relaxation times with respect to the distributions

at 298°KA (see Tabie 2). It is well known that when thermally activated

mechanisms are present they produce increasing conductivities and decreasing

relaxation times with increasing temperatures (e.g. Saint-Amant and Strangway,

1970). According to the increase in relaxation time at 373°K one would have
to rule out the possibility of such a mechanism operating throughout the
temperature range of 298°K to 373°K, and yet one would have to account for the
higher conductivities at 373°K, as obtained from ¢ = k"meo where ¢ ‘ represents
the ohmic plus dielectric conductivities, w is 2nx times the frequency,

" = k' tans and c_=8.85 x 1072 f/m.

One could not attribute the Increase in conductivity to water effects; at
any rate one would expect a smaller density of isolated centers of higher con-
ductivity at the higher temperature since water molecules should be excited to
higher energles, reducing the population of adsorbed molecules. An indication
that energy losses associated with moisture are not contributing significantly
at 373°K is obtained comparing the k! and tan§ curves at 373°KA and 373°KB
(Figure 3); they suggest that either little moisture remains in the sample or
that its contribution to losses has diminished, in any event the energy losses
would not be controlled by moisture at 373°K. '

ihus it seems reasonable to assume that a change in the main conduction
mechanism takes place between 298°K and 373°K. Up to some temperature value,
above 298°K and below 373°K, the main conduction mechanism would be controlled

by moisture and from there on a thermally activated mechanism would predominate

as described elsewhere (e.g. Saint-Amant and Strangway, 1970; Sirangway et al.,
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1972; Chung et al., 1972). The last mechanism should cause the overall con-
ductivity of the sample to be increased, contrasting with the water mechanism
that would modify only isolated centers. The thermally activated mechanism
sh;uld mask the contribution to energy losses arising from remaining adsorbed
water molecules and should account for the increased relaxation time of the
Cole-Davidson distribution at 373°K. Although the present data are not

sufficient to prove these statements, the consistency of the results in three

Independent experiments at three different densitlies Indeed, supports them,

DIELECTRIC VARIATIONS IN THE REGQLITH

Some Inferences can be made regarding the dielectric variations undergone
by the lunar regolith as a function of temperature and density. These will be,
of course, based on the present results and should be reviewed whenever similar
studies on actual samples of the lunar regolith are available.

For the purpose of analyzing its dielectric variations the regolith can be
_divided into two layers: a surface layer of around 5-10 cm depth In which the
dielectric response shall be controlled by surface temperature variations and
a second layer, beneath the first one and extending down to the basement, in
which the dielectric properties will be controlled by density.

The response of the surface layer can be outlined considering two temperature
regions: one, between 100° and 300°K, in which k' and tand increase slowly
with increasing temperature (i.e., corresponding to the present observations in which

kU increases up to 6% and tané increases up to .07 from the values at 100°K);
and the other, between 300° and 373°K, showing rapidly increasing values of «' and
tan§ with increasing temperature (i.e., corresponding to increases in «' of
around 10% at 105 Hz and up to 65 % at 30 Hz and tan§ increasing from .04 to .08,
with respect to the values at 298°K). The limiting value of 300°K is only tentative,
we believe that it may go up to 325°K.

In any event, equal temperature increments will produce different dielectric

varlations in the two temperature regions. When these observations are coupled
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to the temperature variations in the lunar surface during a lunation (Robie and

Hemingway, 1971), a clearly assymmetric response results for the dielectric
properties of the surface layer: it will be falrly constant, and approximately
represented by the response at 100°K, during roughly seven tenths of a lunation,
while undergoing relatively strong variations in the remaining three tenths
of the lunation.

The material below the surface layer (i.e. the second layer) has been found

to vary rapidly in density with depth (Mitchell et al, 1972), while the surface

temperature variations are strongly attenuated (Robie and Hemingway, 1971).

Such a situation results in k' being mostly dependent on density in the lower
layer. The relative increments in k' produced by temperature and density in-
crements in the present experiments, also establish the preponderance of
densTty over temperature as the controlling parameter: Figure 7 shows that
only below | KHz an increment of approximately 300°K in temperature and an in-
crement of .4 g/cm3 in density (i.e., in the density range of 1.8 to 2.2 g/cms)
produce similar vatiations in K ; tand seems to be rather Independent of
density in the density range analyzed.

We found that the data at room temperature (i.e., 298°K8 and 298°KC) do

not follow Rayleigh's mixing formula (Campbell and Ulrichs, 1969) in the fre-

quency range 30 to IO5 Hz. The difficulties involved in relating the density

of the powdered material to its dielectric response, when temperature variations

are involved at frequenclies below IOS, are obvious in Figure 7.



CONCLUSIONS

A powdered basalt simulating material of the lunar regolith was subjected
to femberafure variations similar to’those found in the lunar surface during
2 lunation. |In order to obtain the dielectric response under simulated Junar
8 7

conditions all measurements were made in vacuums of 2.2 x [0 = to 4.0 x 10°

torr which, in addition, pllowed for an evaluation of moisture effects in the
powdered sample.

The dielectric responses at 298° and 373°K were identified as Cole-Cole
or Cole-Davidson distributions, and their parameter values determined. Two
Coile-Cole distributions were found for each set of data at 298°KB, one corres-
ponding to a high-frequency relaxation (with 1 in the IO_6 sec range)
and another to a low-frequency relaxation (with 1t in the IO-B sec range).

The former was attributed to the powdered basalt; it was proposed that the

latter is caused by a Maxwell-Wagner effect which originates in isolated water

adsorption centers; in such centers adsorbed water molecules would raise the con-

ductivity with respect to the uncontaminated surroundings. The data at 298°
. and 373°K suggested a change in the main conduction mechanism taking place
between these two temperatures: near 298°K conduction seems to be controlled by

moisture, while near 373°K it appears to be controlled by thermally excited

carriers.

The lunar regolith was divided into two layers: a surface layer 5 to 10 cm
deep in which the dielectric response is thought to be controiled by temperature
variations, and a subjacent layer in which the variations in k' are thought

to be controlled by density; in this layer the tan 8§ values would probably be
slowlg varying functions of density. An assymmetry in the dielectric properties
of the surface layer during a lunation was suggested: during approximately
seven tenths of a lunation this layer would show a slowly varying behavior in
its dielectric properties, undergoing rapid variations in the remaining three

tenths of the lunation.
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Fig. |.

Fig. 2.

Fig. 3.

Fig. 4.

Fig. 5.

LIST OF FIGURE LEGENDS

Schematic view of the guarded-electrode system. The whole assembly
is maintained in the high vacuum; low and high temperatures are ob-
tained when liquid nitrogen fills, or heated air flows through, the
reservoir. The sample exchanges heat with the reservoir via the

copper bar and the guarded electrode.

(a) Dielectric permittivity against frequency and (b) loss tangent
against frequency for the sample of packing density 1.8 g/cm%
Temperatures followed the sequence IOO°KA, 298°KA, 373°KA, and

298°K The pressures ranged from 2.2 x 10-8 torr at |00°KA to

g
1.2 x 107 torr at 373°K,.
(a) Dielectric permittivity against frequency and (b) loss tangent
against frequency for the sample of packing density 2.0 g/cm%

Temperatures followed the sequence IOO°KA, 298°KA, 373°KA’ 298°KB,

373°KB, and 298°K The pressures ranged from 3.0 x IO-8 torr at

o
100°K, to 2.5 x 107 torr at 373°K,.
(a) Dielectric permittivity against frequency and (b) loss tangent
against frequency for the sample of packing density 2.2 g/cm%
Temperatures fol lowed the sequence 100°K,, 298°KA, 373°KA, 298°KB, and
IOO°KB. The pressures ranged from 2.5 x IO"8 torr at |00°KB to
4.0 x IO-7 torr at 373°KA.
K' against «' plots for the distributions at temperatures of 298°KA
and 373°K,, and packing densities of 1.8 and 2.0 g/cm3 . The dis-
tributions are of the Cole-Davidson type and the sets of parameters
describing them appear in Table 2. The numbers by the data points in.
the distribution of 373°KA and of density 1.8 g/cm3 represent fre-

quencies in kilohertz; to avoid overcrowding only a few frequencies are

indicated.
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Fig. 6.

Lo

k" against «x'plots for the distributions at a temperature of 298°KB

and densities of 1.8, 2.0, and 2.2 Q/Cm3 . Each one is described by

two Cole-Cole distributions represented by dotted curves; the corresponding
sets of parameters appear in Table 3. The numbers by the data points

of the distribution of Qensify 2.0 g/cm3 represent frequencies in

kilohertz.

Dielectric permittivity against density, with temperature and frequency

as parameters. Increments in density, from 1.8 to 2.2 g/cm3 , pro-
duce larger increments in K' than those produced by temperature variations
from 100° to 373°K. Only for frequencies below | KHz the temperature

effects become comparable to density effects in the ranges analyzed.
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DIELECTRIC PERMITTIVITY

DENSITY P (g/cm3)
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Complex Dielectric Permittivity in Rocks:
A method for its measurement and analysis
Roman Aivarez
Engineering Geoscience

University of California
Berkeley, Calif. 94720

ABSTRACT

The interfacial effects arising in electrical measuremenis
of rocks, when a two-electrode system is used, are analyzed via
the Maxwell-Wagner effect. The similarity in electrical behavior
between rock samples and heterogeneous dielectrics with non-
negligible ohmic conductivities leads to a general analysis of
the Maxvel I-Wagner effect, frcm which it is concluded thai in order
to have electrical steady state conditions in rock samples it is,
in general, necessary to have volume charge accumulations at inter-
faces within the sample and at the elecirod~-sample interface.
The expression for the charge accumulation at the inierface as a
function of frequency is obtained as well as expressions for the

effective dielectric permittivity in & composite material; it is

shown that the relaxation time associated with the charge accumulation

and that of the effective dielectric permittivity are the same.
Given a sample consisting of two different materials it is
shown that whenever both components have non-negligible ohmic con-
ductivities, the imaginary component of the effective dielectric
permittivity tends to infinity when the frequency tends to zero;
such behavior is not observed when one of the two conductivities

is negligible. This fact constitutes the basis of the method of
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measurement foir heterogeneous dielectrics with non-negligible
ohmic conductivities proposed herein; it consists essentially of
utilizing a dielectric with negligible ohmic and dielectric con-
ductivities as one of the two components of the sample, which
isolates the other one from the electrodes.

Theoretical examples of the behavior of such a composite
material for various cases are analyzed and thrzse experimental
examples are presented. The method presents the advantage of

permitting application of theory developed for dielectrics in

general,
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INTRODUCT {ON

Natural rocks are heterogeneous materials of considerable complexity
from an electrical point of view, A given sample can be thought of as a
multi-crystalline matrix with a system of pores among which a given degree
of interconnection exist; these pores may contain some free water and, if
ions are present in it, an electrolyte; in addition adsorbed water and gases

are found at the matrix-air interfaces. Each component contributes to the (N, <
u:s

-

electrical properties of the rock. The conductivity (" and the dielectric
Crrivity £ . Lo €':CP$”°"
permittivity are the usually determined properties.

We shall deal with the problem of conduction effects at the electrode-
samplé interface when a rock sample is placed in a two-electrode system.
These effects are most clearly manifested in the dielectric permittivity
measurements éf rock samples at frequencies below | KHz, although this figure
varies according to rock type and conditions of measurement. In any event,
when the frequency tends to zero hertz, the values of dielectric permittivity
increase according to an inverse power of frequency; the power value is usually
found between | and 2, varying with author. The relative dielectric permittivity
(K = é??o , where &,is the vacuum permittivity) reaches values of around 106 at
frequencies of less than 100 Hz. At frequencies above IO4 Hz the values of K
are found to be "normal", where normal means the values to be expected from the
contributions of dipolar, ionic and electronic polarizabilities in a given
material. In the geophysical |iterature the values of /(’V’l06 have often

been called "abnormal", the abnormality stemming from the impossibility of ex-

plaining such values in terms of the mechanisms of polarization cited above.

' MKé units are used in this work.

2 For a summary of other systems and their problems, see Fuller and Ward, 1970.
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In homogeneous dielectric substances the value of K at zero frequency seldom

goes above I02.

Rock measurements are not the only instances of K-values higher than 103

at frequencies of less than | KHz; Théy have also been observed in studying
heterogeneous dielectrics and some types of semiconductors as well as in
electrolytes.

Attempts have been made at evaluating or supressing the high K -values
in rock samples at low frequencies. Some researchers have used mica sheets
placed between the sample and electrodes (Tarkhov, 1948; Valeev and Parkhomenko,
1965) thereby achieving considerable reductions in the K -values. Others
(Scott. et al, 1967) have rejected this scheme in view of experimental problems
and the lack of an adequate theoretical model to analyze the results.

The departures of K, from normal values become accentuated when measuring
rocks with a considerable amount of moisture. Parkhomenko (1967) analyzes
this problem and concludes that minor variations in water content may give rise
to extreme variations in dielectric permittivity.

For "dry" rocks, and direct electrode-sample contact, the values of &K
have been found within reasonable limits for frequencies 2 100 Hz (Keller, 1966,
p. 569; Parkhomenko, 1967, pp. 38-41). However, a tendency for K to increase

has been observed at frequencies lower than |00 Hz even in rocks that have been

oven and vacuum dried, (Keller and Licastro, 1959, p. 263). Furthermore, in-
creases in K are systematically accompanied by higher losses (i.e. higher

energy dissipations).

The above discussion is based primarily on measurements in rock samples.

Summarizing those results one can establish that (i) the influence of the direct

contacts between sample and metallic electrodes gives rise to high apparent values

of dielectric permittivity K , (ii) such values can be reduced to normal values

by avoiding the direct contact between sample 'and electrodes and (iii) a direct

relation seems to exist between the ohmic conductivity of the sample and the high

\
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values of K .

The similarity between the electrical behavior of rocks and that of
heterogeneous dielecirics with non-negligible ohmic conductivities is illustratcd
by the works of Blechschmidt (1938), Koops (1951) and Krotzsch (1964), which also
show values of fC"/A93for frequencies below IKHz accompanied by high energy losses.
Dieleciric liquids in contact with metallic electrodes yield similar results
(Johnson and Cole, 1951; Dansas et al, 1967). Surprisingly the analysés made
for these materials have not been fully applied to conduction phenomena in rocks.

As pointed out by Johnson and Cole (1951) the combined effects of dc (ohmic)
conductivity and electrode polarization give rise ta serious errors In the observed
apparent dielectric permittivity and ;nergy losses. However, suppressing electrode
polarization does not suppress the effects arising from the heterogeneity of the
sample , which will give rise to values of dielectric permittivity and energy

losses higher than those obtained from homogeneous samples of equivalent compositions.

THE MAXWELL-WAGNER EFFECT

Discussions on the different causes of polarization in dielectrics most
of the time include descriptions of dipolar, ionic and electronic mechanisms
contributing to the total polarizability in given frequency ranges (Kittel, 1968;
Hitl et al 1969). A fourth type of contribution arises in heterogeneous materials
due to accumulation of charges at the interfaces but its description is usually
omitted possibly because, as Kittel (1968) points out

"This is of little fundamental interest, but it is of considerable
practical interest because commercial insulating materials are usually
heterogeneous."

Given the inherently heterogeneous character of rocks it should be recognized

that, at least from a geophysical point of view, interfacial polarization may play

an important role and deserves careful consideration in the context of electrical

conduction in rocks.



The Maxwell—Wagner effect relates to the charge build-up at the interface
between two media differing in conduct:vity and/or dielectric permittivity when
a current flows across the interface. This phenomenon was first analyzed by
Maxwel | (1873), sec. 328; later on Wagner (I9(3) studied the effect of spherical
particles of given conductivity and dielectric permittivity homogeneously dis-
tributed in a material of differing dielectric permittivity and zero conductivity.
He found that the relaxation spectrum of such a material had a single relaxation
time, presenting what is now known as a Debye relaxation in dielectrics (Debye,
1929).

Various treatments of this effect can be found in Hill et al (1969), p. 58
and p. 282, Von Hippel (1966), p. 228, Zheludev (197!1), p. 474, and Arnoult et al
(1965); they are equiQalenf inasmuch as they consider the two dielectrics having
no dispersion and, thus, all the losées are due to the presence of the ohmic
conductivities. |+ may be recognized that Theée conditions represent a

particular case of a more general treatment, namely that of dispersive dielectrics

with different ohmic conductivities.
We have approached the theoretical treatment of the Maxwell-Wagner effect

in a way that differs from previous treatments. We consider it more general
for it does not impose restrictive conditions in the dielectric permittivities
of the media involved (i.e. we do not require K' and K2 constants with frequency)
neither is it confined to the case of sharply defined interfaces between the
media.

Consider equations

D: J:G‘E = E

where the symbols correspond to the well known variables of electromagnetic theory;

they are considered averaged over elements of volume containing several molecules
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of a given material. X) ’ “q , and E are frequency-domain variables. 6\ ’
.

A

é , and SD are frequency dependent. The dielectric permittivity € and the

ohmic conductivity 6\ will, in general, be functions of position.

With the continuity equation in the frequency domain
] —_— .w
V- = jup
and relations (1) one can write

V-D=V.(g)=Ve- £ +eV-E =9

V.J-V.0E)-Vo-£+0V-€ = jop

co (e EVELE Ve ja)=0

% .
Defining E = € -—J —2}_}

the last expression becomes
* &3
e late

and from Gauss' theorem the condition

6* Eh = Cons{?

(2)

(3)

(4)

(5

(6)



is satisfied across an interface, é:n being the normal component of é; to
[ ool

the interface.

The treatment of the classical Maxwell|-Wagner effect requires & and 6\'

constants with frequency. Let these conditions hold in the following discussion.

Further ahead we shall come back to the case of dispersive dielectrics. From

equations (2), (3), and (4) 2
jwoe= - < owi T [V(%)v é@] o

7~
C L 4

and the steady state condition 27'67 = 0 (this implies either S) =0 for

e

w Tﬁ 0 or W=0. The case 57 =0 is trivial; therefore we shall consider & = 0)

| ?(o): QL [V (6/6‘) ‘ é(o)] (8)

where 9(0) and gm) indicate the values of f(w) and é(w) at @ =0,

one obtains

I+ can be seen that if € and/or GL vary as a function of position in a
given volume, the value of V7 (E;Q£> will be non-zero; consequently charge
accumulations will occur as defined by S) in equation (8). 1f € and (?‘ are
uniform throughout such a vo]ume, then 57= 0. The term §7(é?4}) is the one that
gives rise to the Maxwell-Wagner effect.

Therefore if a material is homogeneous it has no volume charge concentrations
in the steady state, whereas if the material is inhomogeneous ~—
steady state conditions cannot be realized without the presence of a volume
charge density as defined by equation (8). Furthermore the volume charge
(x, y, z) is a function of the electric field é;}x, y, z) at that position.

Equation (8) stresses the fact that in order to have a Maxwel |-Wagner effect
it is sufficient to have either € or G\ varying in a region, a fact often obscured
in the classical presentations by the assumption that the two media differ in both

€ and (}' . Notice, however, that no Maxwel!-Wagner effect will appear if the

ratio f%§ has the same value in both media, even if the individual values of &
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and Q% are different for each medium.

Another aspect of the Maxwell-Wagner effect is brought about by the vector
relation between the gradient of the 526 properties and the electric field: only
the normal component of the electric field to the interface will contribute to
space-charge build-up. The interface we refer to is a surface, say z = const. in
a cartesian coordinate system, that has the same &€ and CD' values at any point
on that surface; a volume in which €& and/or o vary would be made out of a

\

succession of such surfaces.

Time-domain excitation

Equation (7) can be written in time domain by meéns of a Fourier transformation:

B -eon. &V -EY

where the dependence of ;) on time has been explicitly indicated. @¢* and € are
consfanfs in time and E(t)ls the time dependent elecfrlc field, '

By requiring now that ‘7&] 0, a time independent relafnon Is obfained
€
p=0V(%)-E
o

Equation (10) holds for dc steady state flow of current in a material in which

(10)

‘7<€%})'#5<3 . In particular, if a dc excitation Is applied to a sample consisting
of two slabs of area A and thicknesses d| and d2 with electrical properties f;l,
G\I and 6-2, 6\2 respectively, a charge concentration will build up at the
interface between media | and 2. When steady state conditions are reached the charge
concentration is given by equation (10).
The charge build up can also be seen through Zheludev's (1971) derivation for

the current density and electric fields in such a material:

From the continuity of conduction plus displacement currents at the interface

St

@E!’c) e, = BE” = G\ZE.?_(9+62 -—a“"—é—- an
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and the condition

E®d +E®d, =V
where V is the externally applied dc voltage, he obtains

t
E() (67_6\ é@)dz\/’ - é/L 02V (13)
(eid, + €.4)) (Gid+8d) Gz G

(12)

and
1 (66 -€6) dd-\{ "/(, 6\61'\]' o
with v (eda* Q") (d\dzm\zdl) T (hd,+05d,

a 3 é'dz-l—ézdl
T Gid, + &4,

where (I is given by either side of equation (l(). Notice that

' _,_G\‘_g\z-.}_]— [ 'ﬂn fead rhf".
J-d.- @ dp+ &4, n e S

The response of the current to a voltage V applied between times + = 0

and t = t,; is shown in Figure |. At t = 0 the current \I acquires its maximum

]
value. The first term on equation (14) tends to zero as t increases while the

second remains constant. The first term is known as the absorption current and

it flows as long as the accumulation of free charge continues at the interface.

The second term corresponds to a residual current (i.e. the current g]o flowing

in the steady state). When the external voltage is supressed at t = fl the charge
stored at the interface is retrieved in the form of a current described by the
first term in equation (14), but of opposite polarity.

This type of response we have systematically observed in resistive rock samples
(i.e. granite, limestone, etc.) when metallic electrodes are in contact with the
sample (Alvarez, 1971). Low resistivity samples (i.e. pyrite, galena, etc.) in
contact with metallic electrodes do not show such a behavior. Similar examples can

\

be found in Parkhomenko (1971).
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The previous development corresponds to a "sharp" interface between media
| and 2 (i.e. the electrical properties change abruptly at the interface). In this

case the volume charge distribution ( 9) becomes a surface charge distribution

( 2) since only at the interfacial plane V(e/(j\) # O .

However, an equivalence can be established between the charge stored at a

sharp interface and the charge stored in a volume (Alvarez, 1972, p. 21). Consider

two media of é. , (J\| and € , 6\2 separated by a volume Vv , of area A normal to

the applied field, in which € and 6\ are arblitrary functions of position. Then,
under steady state conditions, the amount of charge Q stored in the volume % s
the same as the charge stored at a sharp interface of equal area A between the two
media, provided the current density Jo is the same in both cases. The surface charge

density Z is given by.

7_:%-_—[]:, %-% (15)

With equations (12) and (14) (steady state) substituted in equation (I15) the

surface charge density is obtained in terms of the fields E| and E2 (steady state

values) in materials | and 2, as E c/ Ed
- £19 7t 5% (¢ 6-c O
- 0y dat %24, <z‘ ”)

(16)

F requency-domain excitation

We turn now to the analysis of the response of a material presenting spatial
variations in € and/or O\' when the applied voltage is of the form
V=%
= U, A
We are interested, as a first step, in determining the behavior of the charge con-

centration as a function of frequency at the interface between two materials in which

€ and (J\ are frequency independent.

From equation (7;) ~ GV(%) . é _ __-P_QL
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where f?(o) is the charge concentration at ) = 0 given by equation (8). This is
the maximum value j? can attain at the interface for a given éiland a given contrast
between the é/(,\. values in both media. For (W > QO ? £ ?o ;  furthermore if
w-yo ¢—0.

There is a phase lag between the applied field and the charge concentration

given by ¢ _ 75)7-/ w €
== /o7 =R

corresponding to a loss tangent <9_
7‘L’”J=wé

From these considerations it can be seen that the ‘charge concentration behaves
in the same fashion, except for some constants, as does a dielectric presenting a

\

Debye relaxation, is e. such a dielectric has zero ohmic conductivity and is represented

by
* b

where 6; * is the complex dielectric permittivity and a and b are constants. This
f
comparison hints immediately at the origin of the Debye-like behavior of a substance

presenting the Max&ell—Wagner effect.

Equation (17) cannot be directly applied to the case of a sharp interface to
yield the surface charge density :Z; as a function of frequency. The difficulty
arises from the values to be assigned to (5 and C}'af the interface (Alvarez, 1972,
p. 27). A possible way to obtain jZi for the two-layer material we have been

discussing Is as follows:

From equations (11) and (12) in the frequency domain

& (0)- (Q*J“’ &)V | »
e (01d,+Gd) +J'w (€24, + é,dz)




63

The surface charge density at the sharp interface is given by

leabef- Gl -(heid;

substituting equation (19) in equation (20)

Z‘Ew)": Z(O) 21)

| +jwd

where
0 66-68) g 7. S2dirade
2() 0\|d+ d (2 ) and é G\2d|+6“dz

The symbol TZ;* shall be used in analogy with the complex dielectric permittivity

& * to denote the complex character of the function. The real and imaginary parts

’ 3
of Z * will be denoted Z and ‘2” respectively. z * plots as a circle in
the complex plane.

Complex dielectric permittivity: definitions. - The expression

é*:—_ éI—J'S//

usually represents the complex dielectric permittivity of a homogeneous material. The

’
real part ( € ) corresponds to the dielectric "constant" and the imaginary part

( cf” ) to the energy losses in the material.
Energy losses arise from two different mechanisms: (1) rotation of dipoles

or bound charges and (2) motion of free charge carriers. Thus, € contains two

par‘l‘s 6 //_ 6 4 + O\OHH|C
= Cpee T T 0

/"
It is common practice to associate the dielectric losses 60,& to a "dielectric

6\ =W 6” ) 6//— Gmﬁ O\ounlc_
1Y bleL ‘e - w

conductivity"

But, unfortunately, lumping O\INeL and G;“mc in one single conductivity

has led to the widespread but erroneous practice of applying it in relations as

<}‘=: L“)EE”’ or (} = (LIfEIZSVT(J~



(3

where G\' , Then, is implicitly considered to be G:umc or O\b(ﬂ_ only. The
experimental ly determined parameters are usually €’ and 7Lan({'

Under some circumstances the error will be small, that is when oHch>> 6‘6‘5(_
(or viceversa when it is assumed that there is only GpleL in the sample). But,
for resistive rock samples &Hmc may” be comparable in some frequency range
to Gmel. and the error will be considerable for that case.

Warnings about such a way of proceeding have been previously made (Campbell
and Ulrichs, 1969), but for some reason they have not received adequate attention.
Furthermore, there are standard procedures for evaluation of both contributions
when simultaneously present in one sample (Brockman and White, 1971),

The method to te introduced allows for the determination of both DIEL

and G\O“"“C . The following convention will be adopted:
é‘* = € - ; YOUMIC
J~w
where ; ”
There Is no need to maintain the subindexes DIEL and OHMIC; it will be under-
y Il I
stood that € will refer énly to éolel_ and O 1o GBI-MIC. . Thus

¥ /.1 .0 .
é‘-"-é“jé’jz’é'jw (22)
Finally, whenever the material is not known to be homogeneous for certain,

misleading values of dielectric permittivity may be found experimentally (Hill et al,

1 969) and the ratio C/Co should be considered as a relative effective (or apparent)

dielectric permittivity Ke#, where C is the experimentally determined value of

the capacity of the sample and C0 is its geometrical capacitance. Furthermore
64{ = Ke)(f €

where éo is the free space permittivity and éq; is the effective (or apparent)

dielectric permittivity of the sample; écff may be complex and in such a case it



*
will be written as €;Q¥-’ Since we know that the samples we are dealing with are

*
not homogeneous GE will be used throughout the following developments.
g %( g g

. *
General expressions for é?ep( - Equations (1) through (6) were established for &

and GL frequency dependent. In the subsequent developments we analyzed various

cases in which f{ and G\ were restricted to be frequency independent. We shall
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now consider & to be frequency dependent while maintaining G\ frequency independent.

These conditions correspond to dispersive dielectrics having constant ohmic con-

ductivities. The case in which the ohmic conductivities are frequency dependent

shall not be treated here, although the same formalism.,can be applied in such a case.

Consider the two-layer material described previously. From equation (6)

éT E‘ = é.:g Ee{{ a)i.{h Eeg = %

where ‘lf Is the voltage across the sample and Ci is its total thickness. The
i nterface is considered normal fto the field; thus subindex Y] for the normal com-

ponent of the fields has been dropped.

Substituting equation (19) in The above expression one obtains

e (€-) w)((j\z’d‘”é) d
% (GdetGdy) 4 )w(é,d2+ €,d) )

which can be finally written as

* (dﬁ'dg) 6
Coyy = €*d,+ €} d

or as 6\

*
_ d _ _z_
62“ = é,dz qd ( +d7) €, Z(w (25)

(24)

Equations (24) and (25) are the general expressions for the effective dielectric

permittivity of a composite material made out of two homogeneous slabs of area A and

¥ * ,
thicknesses d‘ and d2, and characterized elecfrlcally by 6;‘ and 6}2. . Equation

eff

(25) gives the explicit dependence of on the charge concentration at the
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interface. Furthermore, the relaxation time obtained for Z* and the relaxation
time associated with the é:,’( of a composite material with non-dispersive di-
electrics (Von Hippel, 1966; Zheludev, 1971), are the same.

The experimentally determined quantities are the components of € tff ’
namely 6:“ and égf,( . The two limiting cases (Y>>0 and S , for
the components of 66{){ , are of interest:

From equation (25)

,dr*'d \)EIG‘ /"
6' _— & 2/ ~172 O“d € _S5_
eff G d, + G5 d, g4 (26)

@D —> O w—>0

o () €'¢s
eg 6,( dz"’ éy{d[

w—H®
] 4
where we have written él and ézl instead of é, and 62_ because é.’ and 62 will be

and gé’g —> o0
w —>®

(27‘)
zero when -0 and when W —>om .

From the limiting case W-?0 it |s seen that the absolute value of é%—-}—w H
we shall label this a "divergent behavior"; thus, there will be cases in which it
will become very difficult to determine experimentally, with any accuracy, the two
components of é% in this limit since one of them will be much larger than the
other. It is worth noticing that the divergence occurs only for one component and

only in one limiting case; in fact, the problems arise from the two ohmic conductivities

((\l and Gi being non-negligible., |f one of them (i.e. G\, in equation (25) is
*

negligible, such divergence is eliminated and the two components of 6@,(; become

finite in the two limiting cases expressed by relations (26) and (27).

METHOD FOR DETERMINATION OF € AND C\\ IN ROCK SPECIMENS
The scheme for measuring electrical rock properties we shall introduce consists
of placing a 'igood" (or lossless) dielectric material (i.e. one in which Goumc
and DlEL are negligible) between the electrodes and the sample to be

analyzed. The former is, of course, considered as homogeneous, whereas
{

the latter is known or assumed to be heterogeneous., The composite sample, in

-
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any event, will be heterogeneous. We want to apply the results obtained for:

two homogeneous materials to a system composed of one homogeneous material and

one heterogeneous material. This way of proceeding is justified inasmuch as

the heterogeneous material can be represented by an effective dielectric
permittivity which may itself be constituted by two or more different electrical
, components,

Therefore we shall be dealing with two Maxwell-Wagner effects of different
origin; one, daliberately established and controlled by the interfaces between
the good dielectric and the sample and, the other, occurring within the sample
and controlled by its constituents and their particular distribution (i.e.
geometry). The first one we can alter by varying %he thickness of the good
dielectric as will be shown later, the second we cannot modify without changing
the properties of the sample,

Once gg; has been obtained experimentally as a function of frequency it
will be possible to mode! it theoretically; this can be done by assuming a
specific functional form for E;—F and fitting the model parameters to the data.
The final properties of the sample will be given as a set of parameters,
one being ohmic conductivity and the others related to the dielectric properties.
We shall elaborate more about the modelling once we have examined various other
problems related to the method.

The discussion about 8:; was centered around a specimen composed of two
homogeneous materials. It can be easily shown that the results obtained are
not altered if these materials are subdivided into slabs and stacked in series,
while maintaining the condition that the total lengths d' and d2 of the
components remain unchanged. From the arguments leading to equation (I5) it
follows that if the first and last elements in the stacked sample are of the

--~same material, say |, the net-charge stored in the sample is zero, whereas if
they correspond to different materials the net charge, added up from all interfaces

within the material, will be equal to the charge stored at the single interface.
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As a consequence of these considerations the arrangements in Figures 2(a) and
(b) are equivalent as far as total impedance is concerned; the only difference
between fhep is that in Figure 2(a) the net charge stored is zero whereas in
Figure 2(b;&is different from zero.
Consider material 4 as made out of an arrangement of two homogeneous
materials, | and 2, iIn contact (Figure 2c), while assuming that material 3 is

¥
a good dielectric. The Ee‘; of material 4 will be given by equations (24) or

{25), and according to the iimiting case given by equation (28} its imaginary
component will diverge when W—>0 , The question arises regarding possible

¥ ¥

divergencies in the response of the composite material formed by 83 and 54_
since the last one presents the divergent behavior mentioned above.

The total effective permittivity of the composite material in Figure 2(c)

can be written as % (d, +d4_) E;Er
ET = E.;d“ + E: d3

* / * * ¥
where 53=£3 and 64 is the effective permittivity of EI and (C-z_

as given by equation (24).

The limiting cases W->9 and wW->@ show that no divergencies appear in the
components of f.,,. and €.:f . |If materia! 4 was constituted of three or more com-
ponents, an iteration of the process used to obtain f: shows that these results

still hold. As long as the two end materials are good dielectrics the divergencies

will be avoided. On the contrary, if material 3 is a metal (i.e. an electrode)

a similar enalysis (Alvarez, 1972, p. 29) shows that the divergent behavior re-

appears whenw- 0,

The two domains of absorption

In what follows material | will be the good dielectric and material 2 will
represent the sample to be analyzed. In the usual treatments of the Maxwell-

Wagner effect it is implicitly or explicitly assumed that the dielectrics in-

4 ”
volved are non-dispersive (i.e. E, = fz = 0); this makes the conductivities
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Cﬁ and 6} responsible for the Debye-type behavior, except for the
divergence at I&w frequencies. |f material | is a good dielectric the Debye-
type behavior of the composite material is complete even at low frequencies

*
(f.e. &€, —>0 when w->0 ). This case has been treated by Arnoult et al

eff

(1965). It is easily realized that the treatment of the Maxwell-Wagner effect
under the restriction 6,'= 52”= 0 strongly limits its applicability. If this
restriction is relaxed, only for one material, one can then analyze dispersive
dielecirics having non-negiigibie onmic conductivities such as rock samples
and a series of heterogeneous semiconductors: ceramics, ferrites and the like.

The only attempt, known to this author, to fﬁeaf the Maxwel |-Wagner effect
considering a dispersive dielectric is that of Dansas et al (1967). They pro-
posed that if twc materials of thicknesses ch and dz are placed together forming

*

/ .
a sample, one of them being a good dielectric (i.e. E' = f; ) and the other

presenting a Debve relaxation and ohmic conductivity 6; H -
’

) * / + Epz - 6;2 . G\i

- gy

€, = Ce=2 I+ jws, ] @

then, the effective dielectric permittivity of the composite sample can be

expressed as p , , ,
\p, éf¥ _ 6./ . f?qp - Eoﬁ@ . ¢fo« i
ef P ] + wi, I+ jwt,

-where subindexes o and }3 refer to two different domains of absorption (Figure 3).

The x-domain corresponds to a low-frequency energy loss due to the motion
of free charge carriers (i.e. due to the Maxwell-Wagner effect) and the /B -domain
corresponds to dielectric losses arising from the dispergion of material 2.

They claim that the two domains plot as semicircles as shown in Figure 3.
However, we have shown that this is an erroneous résul* (Alvarez, 1972, p. 46)
since, the point at which the cx-and IB-domains meet is not a zero; at most it is

a8 minimum. Consequently the two domains of absorption cannot be represented by

semicircles.
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¥

Instead of their expression for Eeg we obtained its components as

(6! . Eor—Ed
€ =g | | QE (£ vaci+ _7'}73725“)

ﬁ- / - go fo: 6‘2 z
ﬁz+Q£ /+w’ ]4 ',“fa?gf“’zz*w} |

/! eo/'z"gcfoz Z _6_\?__)
£I/ (H-Q)E Q£ < /+w262 aw 2 t

(28

and

(29)

“ff l}ih,4<9£- E;;<—-Eém.il+ [_égz__§;2§.¢ua +.g}:]z
[+wies] [/ e “

by- substituting the given values of Er and Ez in equation (24-), and with Q = %’:. .
I

Figures 4, 5 and 6 show plots in the complex plane of these functions

when specific values are assigned to the parameters involved. The existence
of the two absorption domains is readily discernible. The data points do

not plot in semicircles (dashed lines).

Substances with a distribution of relaxation times

In the previous discussion we have dealt with a substance presenting a
Debye relaxation and a given ohmic conductivity; this is the case freated by
Dansas et al (1967). This, of course, is a particular model and one should
not be surprised of finding substances that do not behave in the way prescribed
by the corresponding 8:;' (i.e. equations (28) and (29)). But nothing in our
previous treatment prevents us from generalizing the considerations made for
the Debye substance to other types of relaxations.

This generalization is of importance since it will permit us to treat sub-
stances that present a distribution of relaxation times, rather than a single
one as in a Debye substance. Multi-crystalline materials, such as rocks, are
likely to present this behavior. As illustrations éf applicability of the
method we have chosen the functions known as the Cole-Cole arc (Cole and Cole,

1941} and the Cole-Davidson arc (Davidson and Cole, 1951) which represent cases

of substances exhibiting a continuous distribution of Debye relaxation times.
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The Cole-Cole arc is represented by

£*=f’+£° Ew oz h ¢4
] * (ij)V
and its plot corresponds to a semicircle whose center lies below the K' axis,
the parameter h is a measure of how much the behavior differs from the
corresponding Debye relaxation process (i.e. when h = 0). The Cole-Cole arc

corresponds to a symmetrical distribution of relaxation times.

Assuming that materia! 2 behaves in thic manner and has ohmic conductivity
6\2 , and that material | is a good dielectric we want to find the corresponding
E}f(' e. equation 24).

¥ ’

Since &, =&

* / 501 - Emz 6\

and A /+(/an J@

and Aefl'm'ng R / + cos['g (,-h)] (wézw _ﬂ"‘Pl

an I-h
d . I = sin [Iz (l'h):} (wz’:)\/ s

—

then - -
P B
= (14
% ' o, (€, -€x )R] (soz-a:,,)l 2 (30)
3 € 4 1So2 - Co2 ffez-Cema)d @
[ 2*Q R + I +[ R¥4 12 +%L‘}
J
and

= o=

Eo szR 6;.2
O e BT (G S

v Qe’[‘-——a’éuf’f T L}
&= -(ha) g (3)
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¥
are the components of g"{f when the dispersive sample presents a Cole-Cole

disfribuﬂon of relaxation times.

The Cole-Davidson arc is reoresen‘fed by
* ’ f- ‘f 0 ¢ X < |

¢ £ (/+/wz)<‘/

when plotted in the complex plane this function is a skewed arc, OX being a

measure of skewness. This distribution of relaxation times is not symmetrical,

rather it consists of contributions that diminish in importance as the frequency
"

increases producing values of € smaller than the corresponding Debye relaxation

(i.e. o{= 1) towards the high-frequency end. Just as in the previous case we

* %
can obtain 5e{; for the composite substance in Figure 7 when 52 is described
by a Cole-Davidson arc; in this case p 6’

, ¥ _ g Eoy ~Eloa
ST“E/ and €, = e (I-f/wz )\& J w

then - &

@f’[ w2 *Qfl (Eoz sz)(c°$¢) Cosa:ﬁ-]

_ %;,435;4, (88 )ese) G| 3 Lz ) s } (32
-

fe;f ()€

and

€, =-(1a)e ag (65 eLaYosd) einad + @) 33)
“ [Em +qg, + (€] -€ ;,)(ws ¢>}§C,OS“ ¢]2~‘ [(fo’{ 542)(‘“%17 "+ %:I -

with b= fav”! w3, 9

*
are the components of £ when the dispersive sample presents a Cole-Davidson

distribution of relaxation times.

in equations (30), (31), (32), and (33) we have shown that the generalization
" of this method of measurement and analysis may be carried out straightforwardly

to substances presenting a distribution of relaxation times.
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The parameter Q

A discussion on the role of the parameter Q, the ratio of thicknesses
Vs V/4
d‘/d., is necessary since it controls the magnitude of Ee‘g and geg' .

When analyzing the limiting cases of the general equation for €:g

we obtained equation (26) as /
B woso Gd, + G4
If material | is a good dielectric 6\‘ = 0 and the above equation: can be
/
written as 8 — ('4Q)£; &)LICI? w=o[.

‘ s
Thus, the maximum value of {:‘e}{ depends on Q and 'l:he (constant) value of the
dielectric permittivity of material |. Once the latter is chosen, and
therefore its E: is fixed, it will be sufficient fo vary its thickness fhrouéh—
out a series of experiments to obtain larger or smaller values of the static

6‘,’ , while maintaining fixed the sample thickness. Obviously not only gég

at zero frequency is affected by such a change in Q, but all other values (gor w,i.o)
of Ee}; and Ee:'{ will change proportionally. The net result of having large Q-values
(i.e. Q ~v 20 or higher) will be the enhancement of the X -domain while small
values of Q (i.e. Q < 10) will permit e clearer definition of the /B -domain.
Large Q-values imply larger values of both Ee;; and f;f than the corresponding
ones for low O-values.

/ 7
Thus the overall effect of Q on the values of Ccef; and 5([ is that: (1)

when Q has large values one obtains magnified values of the components of S:};
while an enhancement of the O -domain occurs, and (2) when Q has small values

the components of E% present diminished values while enhancement of the

P -domain occurs. The meanings attached to magnified and diminished are, of

course, relative; a more precise signification evolves when dealing with a

partfcular set of parameters. . -
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Varying the parameter Q implies varying the magnitude of the applied
electiric field in material 2 (i.e. the sample). This is the physical phenomenon
responsible for the modification of the 52& values when Q varies (Alvarez,
1972, pp. 52-56).

For example, when decreasing Q (increasing d' anih:izreasing dz) a smaller
electric field is established in material 2,Luhhﬁ willAdecrease the losses in
it (ohmic and dielectric) as well as in the composite sample. The response of
material | is not affected since it is a lossless dielectric.

The experimental ability to modify the response of a given sample without
altering its geometry or electrical properties, as well as the possibility of
enhancing a given domain of absorption represent a definiTe-advanTage to the
study of rock samples since they allow us to make a more detailed study of Tﬁe

regions of interest, in particular the low-frequency region which is the one

that traditionally has presented more experimental problems.

*
Effects of parameters variation on /<¢g plots

A few examples shall illustrate the variations of K:% due to variations
of the parameters involved. Relative dielectric permittivities ( /(*== éj%o)
will be used since they are more commonly found in reporting experimental results.
‘Six or seven parameters will characterize each example: K; will be the
(constant) value of the relative permittivity of material |; k:; and k:;z will
be the extreme values of the K,of material 2; &, the dielectric relaxation time
of material 2 and G} its ohmic conductivity; Q is the thickness ratio dz/d‘. A
Debye substance is completely characterized through equations (28) and (29) and
_ the parameters listed above. I[f a Cole-Cole arc or a Cole-Davidson arc are
-modeled, an additional parameter is necessary: h for the former and & for the
latter. The corresponding equations are (30), (31), (32) and (33).

Table | establishes the relation between the figure number and the

corresponding parameter values. In Figures 4 through |3 the frequencies are given

. L. / / / v
in kilohertz and the axes are simply labeled K and K instead of K(// and /(e//
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Figures 4, 5 and 6 constitute an example of how the parameter Q affects
¥
the plots of K‘{{ in the complex plane when material 2 is assumed to behave as a
Debye substance. Q takes up values 4, 12, and 48, while the rest of the para-
. / ’ , -3
meters are kept fixed at values: K,= 6.0, K‘,z = 4.0, K,, =250, &, =7.95x 10
sec, and 6\2 = 1.0 x 1076 (_O_-m)_'. The value Kolz = 250 may seem too high if

one thinks in terms of a homogeneous substance but when substance 2 is con-

sidered heterogeneous the Maxwell-Wagner effect will give rise to that kind of
7

values for the static dieiectric permittivify. £ 6, =7.95 x 10
sec corresponds to a critical frequency of 200 kilohertz.

The presence of the &x- and ﬁ— domains is clc?arly discernible in Figures
4, 5 and 6. The frequency range 30 Hz-100 MHz was chosen for the theoretical
examples because it corresponds to an easily accessible range with commercia.l
bridges. Notice how the ¢ -domain becomes enhanced in going from low to high
values of Q. The dashed lines correspond to the semicircles proposed by Dansas
et al (1967); obviously the /(e;plofs are not semicircles. The point at which
the ¢~ and f—domains meet presents a non-zero, although small, /(zf'y value.

Figures 7 and 8 show the effect of variation in the conductivity 0} of a
sample presenting a Cole-Cole distribution of relaxation times (equations 30 and
31). A tendency is observed to fuse the two domains of absorption into only one
when the ohmic conductivity increases; this trend is observed in other types of
-substances (i.e. Debye, Cole-Davidson, etc.) whenever 6} increases. A shifting
of the points towards higher Ke;f values also takes place.

Figures 9 and 10 show the effect of variation of the parameter & in a Cole-
Davidson distribution (equations 32 and 33). The closer is & to unity the closer
will be the behavior of the Cole-Davidson disfribuﬂ.on to a Debye relaxation.

The x-domain remains practically unchanged upon¢X variations while the ﬁ-domain

is drastically modified. .
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A comparison can be made between Debye and Cole-Davidson relaxations

with the aid of Figures 5, 9 and 10; all parameters, except(, are the same
in these figures. A more complete evaluation of the effects of parameters

variation has been made elsewhere (Alvarez, 1972, pp. 56-64).

EXPERIMENTAL D1SCUSSION

We want to show now an experimental instance in which the two domains of
sar ¢learly differentiated. Three sefs.of measurements will-be
reported, all of them made on a sample of hematitic sandstone at room conditions,
Bach set corresponds to a different Q-value so that the predicted variation in
the response of the sample can be checked experiménfally.

The only aim we have in mind in presenting these examples is to exhibit
the applicability to rock samples of the method discussed herein. Future work

designed specifically to obtain handbook-type values of various rock specimens

will have to include a complete mineralogical description of the samples as
well as full Tnformation on the particular experimental conditions under which

the measurements were made. Such studies |ie beyond the scope of the present
work and will not be found in the examples to be presented.

Two Impedance bridges were used in the experimental measurements; a General
Radio Capacitance Measuring Assembly Type 1610-B was used to analyze the 30
Hz-100 KHz range and a Boonton Q-Meter Type 160-A was used to analyze the 100 KHz -
20 MHz range of frequencies. The‘former has an accuracy of + 0.1 % i_O.ny for
capacitance measurements and a dissipation factor (D) accuracy of + 0.00005,
while the latter has + 2% and + 10% nominal accuracy for capacitance and Q-measure-
ments respectively. Further descriptions of these instruments can be found in
the manufacturer's literature (General Radio, 1965, and Boonton Radio).

The General Radio Assembly includes a type 716-P4 guard circuit which

permits three-terminal measurements to be made. All our measurements in the

.range of frequencies covered by this bridge were made in the three-terminal sub-
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stitution method of measurement; therefore all contributions arising from
parasitic capacitances were cancelled out and the measurements in the 30 Hz -

100 KHz range are considered free, within the error limits stated, of such
contributions. The sample was located, in all measurements, In an electrically
shielded enclosure to avoid noise pick-up.

The Boonton Q-Meter does not have capabilities for three-terminal measure-
ments and consequently there is the possibility of contributions from parasitic
capacitances, especially at the higher frequencies.

Considering all sources of error, Instrumental and geometrical, we have
estimated the overall accuracy in our measurements as + 5¢ in the 30 Hz - 100 KHz
range for K,}; and Kfy; + 10% for K/ and + 15% for K’

i3 W

and * 15% and + 20% for ﬁa}and ka;respecfively in the 10 - 20 MHz range.

in the 100 KHz - 10 MHz range,

As the good dielectric we used mica sheets of various thicknesses. The
metallic electrodes were made of Indium-Mercury (ln-Hg) amalgam which has proved
to be an excellent substance for making intimate contacts with rock samples in
general although in the present cases it was placed in one surface of the mica
sheets.

The thicknesses of the mica sheets and sample were independently determined
with a micrometer of |/100 mm/div accuracy. Several measurements were made at
various places for each dimension and then these were averaged ito obtain a
representative value.

The values for the dielectric constant of mica ( K; ) were experimentally
determined, over the range of frequencies studied, prior to mounting them in the
composite sample. At the low frequency end (i.e f < 300 Hz) the losses in the
mica usually increased by about an order of magnitude; typically kf’= 0.18 at
30 Hz which in all cases was the lowest frequency employed. Three different values
were obtained for the three cases analyzed: ks,= 4.11, K1= 6.70 and k7= 6.90.
i+ should be mentioned that the mica samples used came from at least two different

types of mica; one of them presenting black streaks while the other was clearer

and of a uniform cotlor. .
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Table 2 displays the geometrical parameters involved; the rock sample
was the same in all three cases; dI is the mica thickness, d2 the sample thick-
ness, Q is the ratio dz/dl and A is the area of the electrodes. They are re-
lated to the figure number in which the experimental results are found as
crosses joined by a thick line; the numbers by the crosses represent the fre-
quencies, in kilohertz, at which the value was obtained (Figures |1, 12 and 13).

/ I 4
As O increases, both K  and k%? increase while the general shape of the

q

experimentai curve is maintained. The point at which 1he«x-amj_ﬁ-domaiﬁs meet
is around f = 0.8 KHz. Both domains are only partially sketched by the
experimental points, due to experimental limitations at both ends of the fre-

quency range, but there is no doubt about thelr presence.

A very interesting feature appears in Figures 12 and 13; this is a sfroﬁg
and narrow absorption which was missed in the first experimental measurements
with Q = 4,82 when we went from 700 KHz to 2 MHz; notice that it is only inferred
in Figure Il, but in the next two experiments (i.e. Q = 9.54 and Q = 24.1) the
peak appeared quite clearly. In fact we had to repeat the experiments correspond-
ing to these two last values of Q, measuring again around | MHz, in order to make
sure that it was not a resonance due to some particular geometrical configuration
of sample holder and leads, as was pointed out to us as a possibility by

Westphal (19710.7  We hold the view that the peak is a

true absorption peak associated with the hematitic sandstone sample studied,

.

not a false absorption due to instrumentation, for the following reasons: (1)

- the peak appeérs only for hematitic sandstone and not for other samples we have

sfudied;'——i I although not reported in this work,
and (ii) the peak is reproducible not only when repositioning the sample in the
sample holder but when the overall thickness of the composite sample is varied.
Since any explanation of the presence of this absorption peak would have to be
made in terms of a particular group of molecules present in the sample we shall

-offer no such explanation at this point.



ln Figures 11, 12 and 13 we have included, in addition to the 9
experimental data, the theoretical points corresponding the the same
frequencies used in the experiments as obtained from equations (28) and (29).
We. assumed that the experimental response was due to a sample in which there
was a distribution of relaxation times dominated, in the low frequency region
(i.e. £ < 500 KHz), by a Debye process. This was suggested by the shape of the
experimental curves. Since the high absorption peak occurs at frequencies around
I MHz,. and since there are only a few experimental points above it, we con-
sidered it unnecessary for the purpose of these examples to try to fit another
theoretical function to the experimental data.

The theoretical points are shown as empty circles joined by a thin line
and. the numbers correspond to the frequencies. The theoretical parameters /f;
and'é are the same as in the experimental cases; they were kept fixed while

K;,l, Kzz , zz , and G; were varied, using the functions given by equations

(28) and (29), to fit the experimental points. The fit has not been optimized
since our purpose is only to show the mechanism by which the parameters corres-
pording to the rock sample can be extracted from the experimental data. Once
the: set~ of parameters K,:z= 80, /(o,z'-‘ 400, &, = 4.0 x 1076 sec, and 6\1 = 4,52 x
10677 (@™ was fixed for Q = 9.54 and the theoretical points in Figure 12
abtained, the values of Q and K7 were changed to those shown in Figures Il and I3,
sa that the corresponding theoretical curves could be obtained. Thus in Figures
11, 1Z and 13, it is shown how well a single set of theoretical parameters
correspond simultaneously to the three sets of experimental data. Notice that
the theoretical minimum at KP /(o;“ correspond closely to the experimental
minima, although the former tends to concentrate several frequencies around such
paint while the latter shows a smoother spreading of them.

The. parameters K 03 and K ,had to be assigned large values in order for the
theoretical points to fall at the positions shown; smaller values (i.e.

!
K;&= 200 and kzz= 40) gave theoretical point positions not related at all to the

experimental ones. The value of 400 for ‘(zts attributed to the Maxwel |-Wagner
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effect taking place within the rock sample and should be contrasted to the
values of ﬁCAIIOS at | KHz obtained when we made direct contacts between
electrodes and sample. The value ﬁﬁ;z= 80 suggests the presence of a water
effect in the sample, but this constitutes only a speculation at the present
stage of analysis.

Although there are discrepancies that indicate that the assumed Debye

behavior at the low frequency end is at best an approximation to the real

. S - - - & Ana 3 H
he sampie ini Such {as ths one just di

benavior of & region
distribution of points around K,’P= /(;o, ), such discrepancies tend to be the

same in the three cases studied.

We want to emphasize once more that the conductivity 6; obtained with this
method refers only to the ohmic conductivity of the sample. The confribufioﬁ
to the losses arising from the dielectric properties, that is, the dielectric
conductivity, can be obtained for every frequency from the parameters KZZ ’

Aﬂizand G& and the adequate functions describing its behavior (i.e. Debye,
Cole-Cole, etc.).

We have pqesenfed,in this experimental discussion, evidence of the
applicability of the method proposed in this work to the measurement of rock
samples. Also we have tried to suggest some possible ways of analyzing the
response of the rock, but obviously much more research is needed in this respect

to fully exploit the possibilities furnished by the methed.

CONCLUS I ONS
The similarity in electrical behavior between rock samples and heterogeneous
dielectrics with non-negligible ohmic conductivities has led us to a general
analysis of the Maxwell-Wagner effect; from this it has been concluded that in

---order, to have electrical steady state conditions in that type of materials it is

.
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necessary to have volume charge accumulations at the interfaces within the

‘sample. The expression fér the cha}ge density ( jz*i) accumulated at an inter-
face as a function of frequency has been obtained and shown to plot as a semicircle
in the complex plane. Expressions for the effective dielectric permittivity

( 5;;) of a composite material have been presented showing that the relaxation
time associated to it was the same as the one for the charge density :E*.when

the sample components were considered to be non-dispersive dielectrics of different

¥
The analysis of the divergence of the imaginary component of E;g has made

it clear that such divergence arises whenever the two components of a composite
sample have non-negligible ohmic conductivities, dhereas if this parameter
is negligible for one of them the divergence at low frequencies isiavoided.
This has made it péssible to develop the method of measurement for heterogeneous
dielectrics having non-negligible ohmie conductivities by requiring that one
of the two components in a composite material be a good dielectric.

The ideas advanced by Dansas et al (1967) about the behavior of the function

£i“ were discussed. We indicated that their conclusion about the two domains

of absorption plotting as semicircles in the complex plane does not hold;
instead the correct expressions have been obtained. Furthermore the method has
been generalized to include dielectric substances presenting a distribution of
relaxation times instead of the single one involved in the Debye behavior. A
few examples on three materials presenting different behavior (Debye, Cole-Cole
and Cole-Davidson) have been analyzed to illustrate the type of responses to be
expected from this method. Three experimental examples have shown the feasibility
of studying electrical rock properties by means of this method.

As can be appreciated, the method presents the advantage of permitting’
application of the pertinent theory already existent for. dielectrics; we have

only touched upon this matter when extending the discussion to substances having
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a distribution of relaxation times. There are many other interesting possibilities
such as that of evaluating the effects of a distribution of ohmic conductivities
In the material.
The need for further work in the area of interpretation of results as
obtained with this method has been stressed; meanwhile the possibility of
obtaining new data on rock samples is opened, as may be the case with many
sulfides (i.e. FeSZ, PbsS, Cu25, etc.) whose dielectric properties are almost
unknown and noorlv described. The main reason for such a lack of data is
thelr relatively high conductivities which heretofore have prevented their

measurement in the frequency region of interest in exploration geophysics.
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/ / / 1
Flg. Ki sz Q Koz (sec) (_Q,-m)-‘ h o
DEBYE
-7 -6

4 6.0 4.0 4 25 7.95 x 10 1.0 x 10 - -

5 11 " ! 2 1" " " — —

6 1 L] 48 " 1" 11 _— -

COLE-COLE
7 " g2 40 7,95 x 1077 " 0.75 -
8 " W " " 1.0x 1002 0.75 -
COLE-DAVDSON
" " " -7 -6 _

9 250 7.95 x 10 1.0 x 10 0.25

'O ” ” L ” 11 " —_ O. 75

TABLE |. Parameters used in the computation of examples in which
the dispersive dielectric is characterized by Debye, Cole-
Cole and Cole-Davidson relaxations.
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Fig. d dz /(\cmz) 0 .
(mm) (mm)

¥ 0.85 4.10 3.84 4.82

12 0.43 4.10 3.84 9.54

13 0.17 4.10 3.84 24.10

TABLE 2: Dimensions of sample electrodes and
. micas used in the experimental examples.



89
TABLE OF FIGURES

Fig. I. Response of the total current density (i.e. conduction plus displace-
mepnv/t, currents) In a s‘ample formed by two slabs of different materials
when the voltage shown is applied.

Fig. 2. (a) The net charge stored in the two interfaces in the steady state is
zero. (b) The sample has materials 3 and 4 lumped together, there
Is only one interface and the net charge stored in it is different
from zero. The total impedance remains unchanged. (c) Material 4
fs formed by two homogeneous components characterized by ET
and E: ; E; represents a good (i.e. non-lossy) dielectric.

Fig. 3. é;olof in the complex plane, according' to Dansas et al (1967), of
of a sample formed by a lossless dielectric and a material presenting
a Debyé relaxation and non-zero ohmic conductivity, showing the two
domains of absorption as semicircles. The relative sizes of the

- andj-domal’ns can be varied by changing the thickness ratio

&
Q= d./d,

X
Fig. 4. K( variations arising from changes in Q. Compare to Figures 5

and 6. Material 2 is described by a Debye function. The dashed
Fines correspond to semicircles.

¥
Fig. 5. K, variations arising from changes in Q. Compare to Figures 4

%
\ )
and 6. Material 2 is described by a Debye function. The dashed

lInes correspond to semicircles.

4

Fig. 6. Keﬂvariaﬂons arising from changes in Q. Compare fo Figures 4

and 5. Material 2 is described by a Debve function. The ‘dashed

lines correspond to semicircles.

4
Fig. 7. Kpgvariafions arising from changes in G, . Compare to Figure 8.

. “Material 2 is described by a Cole-Cole function.
¥
Fig. 8. K variations arising from changes in 6\ . Compare to Figure 7.

%

Material 2 is described by a Cole-Cole function. For the same
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’
frequency, a point acquires larger K%7values when the conductivity
Increases.
¢
Fig. 9. vaariaﬂons arising from changes in the parameter . Compare
to Fiqure 10. Material 2 is described by a Cole-Davidson relaxation.
Compare to Figure 5 described by a Debye retaxation.
¥
Fig. 10. h;gvaria*ions arising from changes in the parameter & . Compare
to Figure 9. The «x-domain remains unaffected while the ﬂ-domain under-

¢

goes a considerable modification. Material 2 is described by a Cole-
Davidson relaxation. Compare to Figure 5 described by a Debye
relaxation.

Fig. Il. Experimental values of ﬁﬁ;for a hemafi}ic sandstone sample, of
3.84 cm2 area and 4.10 mm thickness, are indicated by crosses joined

by the thick line. The points shown as empty circles correspond to

a Debye substance characterized by the theoretical parameters in-
dicated; these are the same for the three experimental cases and
therefore show how well a single set of theoretical parameters corres-
pond simultaneously to the three sets of experimental data (see
Figures 12 and 13). I+ was assumed that the experimenial plot was
dominated by a Debye relaxation in the frequency region £ 500 KHz.
Fig. 12. Experimental values of k%;for the same sample as in the previous
figure. The value of Q is 9.54. There is an increase in kr;y
and K% values with respect to the plot of Q = 4.82. A strong
absorption peak Is delineated by five experimental values around |.4 MHz;
in the case Q = 4.82 this absorption was not detected due to the lack

of measurements between 700 KHz and 2MHz. |Its presence has only been

interred in that case.
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Fig. 13. Experimental values of K, for the same sample as in Figures |l and

% , p
12. The value of Q is 24.10. k%? and kéf have further increased
from the previous figures. The strong absorption peak is delineated
by four points around 900 KHz. The experimental curve is smoother

than the previous ones; this effect is thought to be due to a

di fferent atmospheric moisture content at the time of measurement.
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Electrical Non-|inear Behavior in Rocks

Roman Alvarez

Engineering Geoscience
University of California
Berkeley, California

94720

ABSTRACT

Previous studies on rocks saturated with electrolytes have shown that
there is an upper limit for current density, up to which linear behavior is
observed.

Evidence of the opposite behavior in some dry resistive rocks in contact
with metallic electrodes is presented, showing the existence of a non-linear
region followed by a linear one when the voltage, or current density, is
increased.

This effect Is attributed to interfacial phenomena occurring at electrode-
sample interfaces. [t has been shown elsewhere that metal-insulator or metal-
semiconductor interfaces may give rise to |inear or non-linear behavior

depending on the type of electric contact established: ohmic, blocking, or neutral.



Five resistive and two conductive samples were analyzed. Of the resistive
group, limestone, granite and hematitic sandstone showed a non-linear region,
whereas argillaceous sandstone and muscovite schist did not, suggesting that
different type of contacts are e;fablished by the same metallic electrode
Cindium-mercury amalgam) in the various samples. Galena and pyrite,
samples of the conductive group, behaved linearly, as expected.

The existence of small polarization voitages was observed in the r
group of samples; they were attributed to space charge concentrations at the
electrode sample boundary. Exper{menfal deferminafign of the potential
distribution on a sample surface reveals high non-uniformity of the electric
field in that region as well as the presence of space charges immediately
adjacent to the electrodes.

The polarization voltages observed give rise fo a displacement of the
current vs voltage characteristics from the origin. 1t is shown that if
the -V characteristics do not go through the origin, the corresponding
resistivity vs current density plot will appear to be non-linear even
when the |-V characteristic is linear. A warning is made regarding the use
of resistivity vs current density plots to decide on non-linear beﬁavior.

Finally, it is suggested that interfacial phenomena and non-linear

effects may be common features in two- and four-electrode systems.
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Electrical Non~[inear Behavior in Rocks

INTRODUCT LON

In the study of electrical properties of rocks the assumption of
\inear beAavior s often made. [n addition, (1t {s admitted that rocks exhibit
iinearity up to a given current density value; above it non-linear effects
awear. The existence of an upper Iimit in current density has been
eatablished in studles such as those of Madden and Marshall (1959) and
Aaderson and Keller (1964). .

[nformation on the subject of non-llnearity is scant and often
incidental to other studies of electrical conduction in rocks. McEuen et al
(1959) observed, for synthetic metalliferous ore, an impedance that was
¢zoendent on corrent density. Scott and West (1969) observed a decrease of
resistivity with increasing current density in samples containing disseminated
s:ifides. Zonge (personal communication) has observed non-iinear effects
¥.ile studylng IP responses, and Katsube and Collett (i972) have recently
rzoorted on electrical non-linearity using ac excitation. Possibly the only
sr3tematic approach to the problem has been that of Shaub (1965 and 1969;
~*aub and lvanov, 1971).

While studies in electrochemistry (Shaw and Remick, 1950) may
*4”ye as a guideline to unders*énd non-linear effects in rocks in which
¥ mous electrolytic conduction predominates, care should be exercised not
" axtrapolate results to samples in which such conditions may not be applicable.

When sufficiently intense electric fieldsare applied to a material,

iv . . . . - -
*' 1711 eventually undergo an irreversible change in electrical properties;

.

“"re arriving at such a limit electrical non-linear phenomena will appear.
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A system described electrically by the relatjon .
J= 0L
a— -t ,

()
in which G-#‘G(E), exhibits a linear (or ohmic) behavior. J is the
current density, £ the electric fleld and 0° the conducﬂvify.I

If the conductivity o , in equation (1), is a function of the
electric field, that is, if(?ﬁ=(?(E), the relation between the current
density and the electric field can be generally written as a polynomial

2 w3
J=CE+0"E+0"E + ...
(2)
[ "

in which the coefficients @“, GL s ++eses0.are constants. Relation (2)
describes a non-linear behavior.

If the total electric field E is the sum of two independent

electric fields‘g.I and E,, It Is readily verified that superposition holds for
relation (1)

J’-‘ G\(Et +£7->

Py Asa

whereas for equation (2) superposition no longer holds:
' " 2 z -
J=0'(€+6)+0" (7 +E e 266) ¢ ...

(3)
Consequently, if the fields §4 and EQ are of the form

J.u)l t J'wz i

L = c -
£ Lo and fz = £ €
harmonic generation, in equation (3), will occur (Shaub, 1965).

[f relation (2) describes the behavior of a given material, then

under small electric fields, and if the condition
! I
&' 0 G

- e am am ™ o m — e - — —
—

! .
MKS units are used in this paper.
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holds, the response will be linear. Clearly, for sufficiently large E fields,
(J\"EZN ™E
and the non-linearities will appear.
However, intense electric flelds are not the only possible cause
of non-linearities. Non-|inear behavior may also be observed at small elec-

tric fields In insulators and semiconductors in contact with metallic

-

electrodes.

Contact effects have been discussed in relation to insulators and
sem?—zonducfors by Mott and Gurney (1950), Frank anq.Simmons (1967) and others.
Simmons (1971) has reviewed the three types of contacts that may arise in
metal~-insulator-metal and metal-semiconductor-metal systems: ohmic, blocking
and neutral. Once an ohmic or blocking contact is established, linear and
non-1lnear behavior may be obtalned for the same metal-insulator-metal system
depending on the voltage applied. Fur+hermore, a contact that in a given
voltage region is ohmic may, at different voltages, become blocking and
viceversa. A space charge is often found at the metal-insulator or metal-
semiconductor interface; it plays a central role in the contact properties.

Consequently, the possibility exists of observing similar phenomena
in the case of rock specimens, which are either semiconductors or insulators,
in contact with metallic electrodes.

Anderson and Keller (1964) established the existence of an upper
limit for current density, up to which the behavior of a pyrite sample was

linear. They used direct current in this determination. We have also used

direct current in the experiments reported herein since we are looking for
electrode effects as the origin of non-linearities; they will be most clearly

shown under these conditions.

The measurements were performed with samples exposed to room
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conditions although, for comparison purposes, a few were made at high vacuum
conditions (i.e. IO'-7 Torr). At room conditions the samples were , of course,
subject to the effects of atmospheric moisture, which ranged from 20 to 45%
relative humidity. -A two-electrode system was used throughout the experiments.
arqa”a,ceaus candsfone,
The samples studied can be divided in two groups: 4 granite,
limestone and hematitic sandstone belong to the group hereafter called

"resistive samples", and samples whose main constituents are galena and pyrite

respectively belong to the "conductive samples".
NON-LINEARITIES: EXPERIMENTAL

The dc regulated power supply used was a Princeton Applied Research
model TC-602CR. Total current and voltage in the sample were measured with
two electrometers (Keithley, models 601 and 610B) of IO|4 ohms input impedance.
A two electrode system was used; Indium-Mercury electrodes were directly
applied to the sample in each case and, as a result, a Maxwell-Wagner effect
was observed when measuring the samples belonging to the resistive group o
(Alvarez, 1972). Transients occur when establishing or discontinuing dc

. . 8 .
exc1fafto%; the measurements reported were made after all transients had

<y
"

disappeared.
It has become common practice to report values of resistivity 57 ,
for rocks, derived from measurements of total current and voltage in the sample.
When the sample geometry corresponds to parallel faces of area A and thickness
d the relations

d
T=R=¢%

are used to obtain §9 . This operation results in deriving a point prop-

erty (i.e. S?(x, Y, z) from the bulk properties of the sample (i.e. total |
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;nd V). Clearly, this way of proceeding will be valid only if the field E

}ntfhe sample is uniform. Further ahead we shall present experimental evidence
showing the non-uniformity of the field cn the surface of a sample. Consequently,
we have tried to avoid the above operation wherever possible. The data

Is presented mainly as [~V or R-V plots ( Figures la and b); the measured
parametars were current and voltage in all cases. Since the sample geometries

are given, one may obtain, if necessary, the sample resistivities from the
resistance plots by making the assumption of uniform field in the sample; at

any rate, they will differ only by the geometric factor d/A. Two plots of

for
resistivity vs current density are included to allow, comparison with previous

A

work (i.e. Anderson and Keller, 1964, and Scott and West, 1969).

In Figure 2a the total resistance R of a limestone sample of the
dimensions shown is plotted against the total voltage across the

\_/

sample. The shaded surface represents an electrode. For voltages of less
than 5 volts a non~linear region is observed; linear behavior appears to
occur for larger voltages. Notice that for V = 0.1 volts a negative value
of R is obtained. This was due to current flowing in the direction opposite

to that determined by the polarity of the applied voltage. The only way such

an effect can be accounted for is by the existence of a polarization within

the electrode-rock-electrode system, larger than and of opposite polarity

to the one externally applied.
In Figure 2b data corresponding to a similar sample of |imestone
{s plotted. The voltage goes from -8.0 to + 7.0 volts; in this case one .
electrode of the sample was constantly grounded while the other was varied
from positive to negative voltages. The presence of a polarization within
the electrode-rock-electrode system is again manifested by a zero current

flow af a voltage of +0.18 volts, Correspondingly, there is

¥—__/



a non-zero current of -0.3 x IO-'lo amp when the sample terminals are short-
circuited.

The data in Figure 26,1s plotted as resisffvi+y vs current density
moduius in Figure 2c; according to the established criterion ( Anderson and
Keller, 1964), the resistivity varies non-lineariy with current density. A

discussion of these results and the way of plotting them is made below.

The fact that a voltage exists between the sample Terminais when
no excitation is applied constitutes an important difference with respect to
the common meterials obeying Ohm's law; in these the current vs voltage char-
acteristic is a straight line passing through the origin, whereas in the
rock sample it is displaced from the origin (Figure 2b).

In Figure 3a the current-voltage characteristic (the scales of current
and voltage are multiplied by arbitrary factors) of a material assumed to have
such properties is used to model the behavior of the |imestone sample. They
show a voltage of | unit when the terminals of the mode! sample are open-
circuited, and a current of -2 units when they are short-circuited. Other
than the peculiaritv of being displaced from the origin the characteristic
is linear. Assuming that the geometry of such a sample is a unit cube
we can obtain the resistivity vs current density plot (Figure 3b) corresponding
to the characteristic in Figure 3a.

In Figure 3b there are Two.branches of resistivity values, denoted

9* and ?- . Since resistivity is obtained by making the ratio V/I and
muitiplying by a geometric factor (in the present case |), it will be positive
for voltages V>4 and VL0, in which both V and | have the same sign; for
the region 0<V £ | the voltage is positive, but the current is negative, thus
the resistivity will be negative. It is for’fhis reason that we have been

forced into defining negative resistances and resistivities. [n common matei-

ials obeying Ohms' law this problem never arises.
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For the same absolute value of current, in Figure 3a, there are
two different values of voltage. Therefore there will be two different
values of resistivity for each value of the current density modulus
(Figure 3b). This is true up to a value of current density, approximately
100 times larger than the one corresponding fto zero resistivity ( i.e. to
the current density J, flowing when the sample is short-circuited.) Above
such a value of current density the resfsfivffy correspondg to Thaf of '
the reciprocal sfope of the characteristic (;%ié actual resistivity).

Thus, a material with a linear I-V characteristic, displaced

from the origin, gives rise *9 an apparent non-linear behavior when plotted
as resistivity vs current density. The apparent non-linearities appear
for values of the current density modulus LJ] <100 Jg; whereas for]Jl > 100 J,
the resistivity is linear.
In trying to determine non-linear behavior with dc excitations,
it is important to establish whether or not the -V characteristic of the
rock sample is displaced from the origin; otherwise non-|inear behavior may
be inferred from resistivity vs current density plots for samples with
linear |-V responses. Therefore, it seems more adequate to decide on the
linearity of the rock response on the basis of 1-V rather than 9-J plots.
Returning to the results of the limestone sample one can observe
(Figure 2b) the displacement from the origin plus an actual non-linear plot
of the |-V characteristic. Figure 2c shows the behavior predicted from
Figures 3a and 3b; except that at the higher current densities the 9+and gf
values, although coincident, show a non-zero slope; this fact plus a distor-
tion of the curve shapes with respect to the theoretical one (Figure 3b)

arise from the non-linear behavior of the limestone sample.
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Figure 4a shows the [-V plot corresponding to granite. A linear
region, for ¥ > 3 volts, and a non-linear region, for V £ 3 volts, are
obtained. Figure 4b, the corresponding R-V plot, suggests a non-linear region
below 3 volts. Notice, however, that from Figure 4b alone one would not
be able to discriminate between the increase in R, when V decreases, due to
an actual non-linear effect or to that due to a displacement of the {-V
characteristic from the origin.

The main difference of the granite data with respect to the lime-
stone data is that the latter shows non-linear behavior throughout the voitage
region analvzed, whereas the former presents a linear region from 3 to 8 volts.

The |-V plot corresponding to an argillaceous sandstone sample is
presented in Figure 5. The characteristic is linear, and, in the scales
plotted, appears not to be displaced f;om the origin.

In Figure 6 data corresponding to a muscovite schist sample plots
as a straight line; the behavior is linear but there is a small displacement
of the characteristic from the origin, towards the positive side of the
current axis, contrasting with that of the |limestone sample (Figure 2b),
which intersected the current axis on the negative side. As a result, the
resistance values will decrease, instead of increase as in the limestone
sample, when zero voltage is approached from the positive side of the voltage
axis.

Figures 7a and b correspond to the R-V plots of argillaceous
sandstoné and muscovite schist respectively. |In Figure 7a a linear region
seems to start at around one volt; for smaller voltages the decreasing
R-values suggest a slight displacement from the origin of the 1-V character-

istic. This feature is masked in Figure 5 as a consequence of plotting
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in the scales shown, which are too large for the smaller values,

The R-Y plot for the muscovite schist (Figure 7b) gives no clear
indication of linear behavior, contrasting with the obvious linearity shown
by the same data when plotted as an [-V characteristic (Figure 6). This
examp le underli%s the importance of not relying on R-V or @-J plots alone
to analyze the linearity of rock samples. )

The points shown as crosses in a circle, in Figures 7a and b,

were taken immediately after having applied the largest voltages to the

samples (i.e. 9 volts for the limestone sample and 8 volts for the muscovite
schist sample). |In Figure 7a three such points delineate a behavior similar
to the one observed in the case of limestone (Figure 2a), and in Figure 7b
the corresponding point suggests a similar trend. This points out that a
shifting of the |-V characteristics, from its original position, was brought
about in each case by the application of the external voltage.

The change‘is thought to consist of a redistribution of charge
carriers within the material, caused by the passage of current. However,
the change is not permanent since the sample presents the peculiarity of
recovering its original properties if no new excitations are applied in
several hours. Zheludev (1971) discusses the factors that may produce
redistribution of charge carriers in a material and their relation to the
space charge accumulation usually accompanying it.

Figures 8a, b, c, and d correspond to a set of measurements on a
hematitic sandstone sample. Figure 8a represents the typical response of a
"resistive" rock sample, measured with a two-electrode system, when an external
voltage V, that has been applied to the sample for some time is interrupted.

The response consists of a "fast drop" in voltage (VF) followed by a voltage



decay resembling an exponential function. This remaining voltage (VR)
décays to a small value (with respect to the magnitude of the applied
excitation) within a few seconds, but seldom goes to zero, even after
several hours of observation; it seems to correspond to the displacement
from the origin of the [-V characteristics.

The measurements on the hematitic sandstone sample include a
comparison of the total resistance of the sample, designated RT (obtained
as the ratio of the total applied voltage Vo to the total current lT in
the sample; Figure 8c), to the resistance RF (Figure, 8b) defined as the
ratio of the voltage VF (Figure 8a) to the total current lT in the sample.

As can be appreciated from Figure 8b, there is a linear range for

- the resistance corresponding to the fast decay (RF)’ starting between 3.0

volts and 4.0 volts, whereas the total resistance (RT) in Figure 8c, shows

a non-linear behavior up to 9.0 volts. Below 3.0 volts RF becomes non-1linear;
the negative value of RF at V=0.5 volts requires additional description: when
Thq~‘\_‘___—_/’/excifafion was interrupted, an increase in voltage took place

(i.e. instead of the usual fast decaying voltage, there was a fast increment);

it was defined as negative V This increase was followed by the usual

E
decay. The measurement was repeated at least four times and the response was

reproducible:ﬂ Figure 8d shows the |-V characteristic obtained for the

hematitic sandstone. Non-linearity is observed below 3 volts; above 3 volts
the behavior is linear. The |-V characteristic shows a displacement of +1.0
volt from the origin. On the basis of further verifications, a value of +0.5
volts seems more adequate than the +1.0 volt value obtained in these
measurements. [he value of +0.5 volts was obtained after periods of several
weeks of not subjecting the sample to voltage excitations. Observation

times ranging from a few minutes to half an hour were necessary fo insure
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that steady state was attained when obtaining the data of FiguresAb, ¢, and d.
It appears that this hematitic sandstone sample requires much longer periods,
than the other resistive samples analyzed, to return to its normal state
after voltage excitations have been applied to it. Periods of around one
hour necessary to attain equilibrium conditions have also been reported in
ac measurements (Scott and West, 1969).

A diséussion of a schematic model shall be made in relation to
the results of Figures 8a, b, ¢, and d, which may help to understand the
origin of the non-linearities. One may think of the two decay regions in
the voltage response as due to two different relaxation mechanisms,
corresponding to at least two different species of charge carriers having
a marked difference in refaxation times. The fast decay is similar to
that of samples in which electronic conduction predominates, whereas the

slow decay resembles ionic diffusion characterized by low mobilities.
Although the latter mechanism may account for displacements of the

I-V characteristic arisfng from the application of external excifafionsz, it
cannot account for the displacements observed when the sample has not been
subjected to voltage excitations at all, or when the sample is not excited in
periods of several days: these need to be expiained in terms of a mechanism of
&ifferenf origin.

Information on the same type of hematitic sandstone reported elsewhere
(Alvarez, 1971) shows that the magnitude of the fast voitage decay (VF)' attributed
to electronic conduction in this model, tends to zero when the atmospheric moisture

content is reduced, by evacuation, in the sample; eventually, in a vacuum of

around IO”7 Torr, VF becomes zero. At this time the decay voltage VR equals the

applied voltage Vo' since\/F = 0.

2 See explanation related to the crossed circles in Figures 7a and b.
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In terms of the model under discussion, VF = 0 implies that the electronic
conduction mechanism has been supressed, leaving only the low-mobility charge
carriers to conduct current through the sample. But since the water has been
removed from the sample the low-mobility carriers cannot be moving in an
aqueous electrolytic medium, which leaves only the possibility of such ions
moving through the solid sample mairix (i.e. they travel! through the minerals
forming the rock). One may conclude, therefore, that the exponential-|ike decay
VR (Figure 8a) is associated with properties of the minerals forming the rock.

When exposing the sample to atmospheric moisture, after evacuation, the
fast decay voltage VF reappears in the rock response. This and related observations
led the author (Alvarez, 1971) to suggest that water molecules adsorbed on re--
sistive samples induée radical changes in their surface conductivity by forcing
an electronic-type conduction in the sample surface. Consequently, in the model
presently discussed, the fast decay voltage attributed to electronic conduction
should be related 1o surface conduction in the sample.

One would expect fast relaxation times associated with electronic-type con-
duction, as well as a linear response of current vs voltage. The former feature
is readily observed, although the term "fast relaxation" is taken here as relative
to the relaxation time of the voliage VR’ which is often of less than |0 seconds.
The linear response seems to be supported by the linearity, above 3 volts, of

the plot in Figure 8b, which coincides with the linear region of the -V

characteristic (Figure 8d).

However, it would be more proper to decide on the linearity of RF
by obtaining the current associated only with VF’ which may be labeled IF, and

plot the lF.-—VF characteristic. At the time the measurements were made we did

not have means of obtaining 'F and thus the total current ‘T had to be used.

The main differences be*weenfhelF— VF andihelT- VF plots are expected to take
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place at voltages of values around the magnitude of the voltage shift from
the origin (i.e. around +1.Q volt for the data in Figure 8d).

Summarizing the discussion on the hematitic sandstone sample, and
the schematic model of conduction proposed to explain its response, we have
that: (1) there is a linear region above 3 volts and a non-linear region
below such a volfagé; (2) a fast decaying voltage (VF) is associated to
surface conduction; (3) a slowly decaying voltage (VR) is associated with
conduction through the rock matrix, and (4) +there is a persistent polariza-
tion voltage obtained when the sample has not been excited, that corresponds
to the displacement of the |-V characteristic from the origin.

In addition, evidence of the presence of the polarization voltage
mentioned in point (4) above was obtained when the sample was in a high
vacuum: the currents flowing with forward and reversed polarities were
different. From this fact follows that, whatever the mechanism responsible
for such a pojarization, it does not depend on the presence of water in the
sample.

The discussion of the resistive group of samples brings about a common
feature present in all of them, namely the displacement of the |-V character-
istics from the origin. We found that this feature may give rise to apparent
non-|inear behavior if R-V or 9 -J plots of the data are made, but that
" the probiem does not appear if the |-V characteristic is considered; from it,
actual linear or non-linear behavior can be most properly igferred.

The possibility of observing non-linear behavior a?-low voltages in
rocks in contact with metallic electrodes is confirmed by the |-V plots of
| imestone, granite and hematitic sandstone.

[n the introductory discussion it was mentioned that non-linear behavior

at low-voltages has been observed in relation to metal-insulator-metal or
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nmetal-semiconductor-metal systems, and that space charge accumulations play
an important role in the contact properties.

By analogy with such observations we propose that, in resistive rock
samples In contact with metalllc electrodes, the displacement of the |-V
characteristics from the origin is due to space charge accumulations within
the electrode-sample-electrode system.

The spatial charge accumulations would give rise to the non-!inearities
in the case of the limestone, granite and hematitic sandstone samples. The
linear behavior manifested by the argillaceous sandstone and the muscovite
schist samples is not necessarily in disagreement with the presence of spatial
charges since, as pointed out previously, contact effects can give rise to
linear or non-linear béhavior depending on the type of contact (ohmic,
blocking or neutral) established between the metallic electrode and the
sample, as well as on the magnitude of the applied voltage. Changes in the
type of contact induced by the latter may be responsible for the transitions
from non-linear to |inear behavior in the granifg and hematitic sandstone
samples.

Assuming that the displacement of the |-V characteristics from the
origin is due to space charge accumulations, one can infer the existence of
the latter, at high vacuum condifibs,from the evidence of polarization voltages
obtained for the hematitic sandstone sample. This fact is of importance since
it rules out the possibility of non~linearities arising from aqueous electro-
lyte-electrode effects (i.e. the sample is extremely dry at high vacuum condi-
tions) thereby supporting the hypothesis of the non-linearities being due

to electrode-sample matrix effects.
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At any rate, electrode~-sample effects are expected to be proportional to
the magnitude of the difference between the sample conductivity and the elec-
trodes' conducfivify.3 From the data for galena and pyrite, presented below,
one observes that the contrast in conductivity between the metallic electrodes
and the sample is at least five orders of magnitude smaller for galena and

pyrite than for the samples of the resistive group. Consequently, much smaller

S iy
] |

he conductive

effects arising from the metal-sample interface are expecied for iv
samples than for the resistive ones.

Figures 9a and b correspond to samples of the semiconductors galena and
pyrite (i.e. "good"conductors). As expected, the responses were linear. The
experiments were not carried to higher voltages due to the low resistance of
the samples which demanded larger than available currents; in any event the
region of interest was the one around zero volts. Their responses to dc exclta-~
tion voltages did not show the slow-decay region characteristic of resistive
samples (Figure 8a). The fast decay VF was equal to the applied excitation Vo
and therefore VR was zero for these samples; consequently the response to square
pulses were square pulses for voltage and current. No variations of these
responses were observed when the pyrite sample was evacuated to IO-7 Torr.

A formal proof of the hypothesis established above would require: (f)
establishing the nature of the contact for each sample at different voltages
and (2) obtaining positive evidence of space charges in the electrode-sample

interface. As of now we have been unable to determine the former; the latter

is discussed in the next section.

3
The problem of the contrast in electrical properties between two media in

relation to conduction phenomena has been previously analyzed (Alvarez, 1972).
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z. : SURFACE VOLTAGE DISTRIBUTION

The purposes of the experiment to be described next was to determine the
effect of the metallic contacts on a resistive sample. If the properties
of the metal-sample interface differ from those of the bulk of the sample, the
voltage distribution in the electrode vicinity should manifest the difference.
Figure 10 shows the schematic arrangement used in the experiment. The
rock 'sample was a hematitic sandstone as the one used for the measurement
;eporfed in Figure 8. Indium-Mercury amalgam electrodes were used; one of them

" was constantly grounded while the other was polarizéd to + 4.9 volts; at times

this electrode was floating or sﬁér%icircuifed to ground depending on the
requirements of our Abservafions. A mléro-elecfrode with a'plafinum tip exposed
five microns was used to determine the voltage with respect to ground at
points (X, Y) on the sample surface. All measurements were performed at dc
‘when transients hadldlsappeared. Readings were taken at separations of tenths
of a millimeter when close to the electrodes and by a millimeter elsewhere. Y was
kept constant while X-traverséS were made between electrodes, then Y was
incremented by a millimeter and the proces; repeated.

—The sample average dimensions were X = 24 mm, Y = 19 mm, and Z = 14 mm;
the measurements were performed on 8 lines (i.e. Y = 0 through 7) covering
somewhat less than half the surface of the sample. Figures lia, b, c, and d
show the voltage values along four different lines; Y = 0 corresponds to the
edge of the sampfe.
B The-effecf-éf the electrode-sample interface is manil fested, at the ﬁosifive

eiecfréde, by a Qolfage drop of around 1.7 volts occurring within a tenth of

s mil1Imeter from the electrode for Y = 0 and Y = 1.0 mm, and a voltage drop

——— e ——
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of 0.3 volts and 0.7 volts wffhin the same distance occurs for Y = 4.0 mm and
Y = 6.0 mm respectively. At the grounded electrode a similar effect is observed;
----- ~Yheq going from the grounded electrode into the sample a "peak" is formed by
é éharp increase followed by a decrease in voltage. Subsequently the aberage
voltage rises when X decreases.
From the data in Figures lla, b, ¢, and d, and recalling that those

voltages correspond to stationary flow of direct current (i.e. the displacement

current was zero when the measurements were taken), one can use the relation

T2V = - _g_ _ (n+j£n-)e N. ed

E s erSl'!o',}

to obtain information about the charge distribution in the sample. The
concentrations (or charge densities) of positive and negative charge carriers
at a given point are designated ﬁ+ and n_; g. is the dielectric permittivity
of the sample at the same point and e is the magnitude of the electron charge.
Although there is insufficient information to apply the above relation
properly (i.e. we do not know £ locally) we can draw some general
conclusions from it.

The large voltage drop close to the positive electrode corresponds to an
accumulation of negative charge in Its vicinity; that is n_ > n, in this

———E—
region, while close to the grounded electrode a concentration of positive

charge (i.e. n_ > n_) is observed. Along any line there is evidence of
P -

charge concentrations given by the increases and decreases in voltage over the
average voltage slope. 'These reflect the inhomogeneous character of the
sample, for in order to have steady state conditions in an Inhomogeneous sample

I+ Is necessary that charge accumulations occur at the interfaces between

regions of different electrical properties (Alvarez, 1972).
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J;=_G§—g- -_—_(_onst.

Since

there is obviously an Inverse relationship between the slope of the voltage
and the value of the conductivity within two points separated by a distance

Z& x. Therefore, assoclated to the space charge concentrations there are
decreases in conductivity. The total current in the steady state was | = 1.9 x
IO.5 amp; the Intensity of the electric field varies roughly from | volt/cm
to 170 volts/cm, thus variations of two orders of magnitude are observed
between the average value of conductivity in the buik of the sample and

the regions close to the electrodes.

In Figure 12, contours of the voltage valueg are presented; the lines
show the equipotentials on the surface of the sample. The non-uniformity
of the electric field Is evident. A word of caution is due regarding the
contouring of the data: along Y-lines there are small vertical bars which
show the actual points at which the measurements were taken; in order to

- obtain the equipotentials a linear variation of voltage was assumed between

any two neighboring points. It is apparent that this is not a rigorous way
of proceeding: suppose that, in the present case, measurements were taken
- -every ofhgr point and, assuming there is a linear variation of voltage

between them, predict the values at intermediate points; clearly there will

be places in which the predicted value and the actually determined one will
show large differences. In spite of this inaccurate assumption the general
trends of voltage variation will mani fest themselves when sufficient points are
determined. In the case presently dealt with, closer sampling of the surface

~ would modify the details of the contouring but the general trends would

:

remain the same.
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Earlfer it was mentioned ;ﬁaf deriving'}esisfivifxﬂQalues f}om the total
current, total voltage, and geometry of the sample in the case of measurements
made with a two-electrode system (wlth parallel electrodes) was valid if
the field E in the sample was uniform. The evidence presented above shows
that assuming uniformity of the field may lead to a gross simplification of
the actual conditions. Furthermore, it appears that by so doing essential
information, that may help In explaining phenomena as the non-linearities, is
lost.

Incidentally, the type of resistivity values that would be obtained with
a four-electrode system, having the same current electrodes and a separation

of a few millimeters in the voltage electrodes, can be inferred from the

data in Figure 12. The values of resistivity thus obtained evidently depend
on position and would show scatter if various electrode separations were

tried along the same line.



126

CONCLUS IONS

Non-linear behavior at voltages of less than 10 volts was observed for
limestone, granite and hematitic sandstone samples in contact with metallic
electrodes; argillaceous sandstone, muscovite schist, galena and pyrite
showed |inear behavior. All of the resistive samples showed a displacement
of the |~V characteristics from the origin, while the two samples of the

group
conductive,did not.

Experiienfal determination of the voltage distribution on Q sample

" surface showed the existence of space charge concentrations on the electrodes'
vicinity. This fact strengthens further the hypothesis of non-linear behavior
being due to contact effects.

Evidence of space charge accuésafion in a hematitic sandstone sample at
high vacuum conditions indicates that aqueous electrolyte-electrode effects
are not the only possible cause of non-linearities. |t was pointed out that
interfacial phenomena were expected to be proportional to the magnitude of
the difference between the sample conductivity and the electrodes' conductivity.

The use of dc excitation was suggested as the most effective way of
observing efectrode effects. Results obtained with a two-electrode system and
dc excitation are relevant, in the context of our discussion, to measurements
performed with four-electrode systems and ac.excitations. A brief discussion
in this respect closes the section.

In a four-electrode system there are contact effects between the sample

and the electrolyte due to their different electrical properties ( i.e. the

electrolyte is the electrode). On the basis of the high conductivity contrast
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between a sample and the electrolyte one may expect interfacial phenomena
similar to the one reported in this work, in lieu of or in addition to
eletrochemical phenomena occurring at the interfaces.

Studies on synthetic ores using ac excitations have shown decreasing
resistivities when the current density increases (McEuen et al, 1959;
Scott and West, 1969), indicating the existence of non-linearities in rock-
electrolyte systems. Furthermore, the presence of a bias voltage has been
commonly observed by various researchers when measuring with ac excitations;
{t corresponds to the displacement of the {-V characteristics, at dc, that

we have reported. In particular Scott and West, 1969, indicate that when

measuring at (ac) equilibrium conditions a bias remained in their potential

measuring circuit. They offer no explanation for the presence of such a bias,
but it has to be attributed to electrolyte-sample effects since measurements
with a four-electrode system preclude the possibility of electrode-sample
effects.

Thus, interfacial phenomena, non-linear effects and shifting of the |-V
characteristics seem to be common features In two-and four-electrode systems,

when either dc or ac excitations are used.
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TABLE OF FIGURES

Linear and non-linear relations between (a) current vs voltage and

(b) resistance vs voltage in a sample.

(a) R-V plot for a limestone sample. A non-linear region for V < 5 yolfs
is obtained, while a linear region seems to start above 5 volts. (b)
I~V characteristic of a similar sample of limestone; In this case one
electrode was constantly grounded while the other underwent positive

and negative variations in voltage. The non-linear region extends
throughout the voltage region analyzed. Notice the displacement of

the |-V characteristic from the origin. (c) The data in the previous
figure is plotted as resistivity vs current density modulus. Since
there are two different values of voltage for each current value in

the |-V characteristic, there are two resistivity values for each value
of the current deﬁslfy modulus. Zero resistivity corresponds to the
point at which the characteristic interests the current axis, i.e. to the
point at which there is non-zero current at zero voltage.

(a) A material assumed fo be linear but having a displacement of its

-V characteristic from the origin is used to model the behavior of the
limestone sample. The current and voltage scales are multiplied by
arbitrary factors. (b) Assuming that the above material is made in a
unit cube one can obtain the resistivity vs current density modulus plot.
Non-linear behavior is shown for current density values smaller than

~ 100Jd, , while for larger values a linear region is obtained. J, is
the current flowing in the sahple when its terminals are short circuited.
The two resistivity branches §7+and 9. arise from the fact that the |-V

characteristic does not go through the origin.
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Fig. 5.

Fig. 6.

Fig. 7.

Fig. 8.
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(a) 1-V characteristic of a granite sample. The non-linear region
appears below 3 volts, above this voltage the behavior is linear. The
displacement from the origin is not appreciable in the scales used.
(b) The corresponding R-V plot agrees with the |-V characteristic
showing linear and non-linear behavior in the same voltage regions.

The I-V plot of an argillaceous sandstone sample shows |inear behavior;

in the scales shown it appears not to be displaced from the origin.

The |-V plot of a muscovite schist sample shows |inear behavior, a
displacement from the origin towards the positive side of the current
axis can be appreciated In the scales uséd.

(a) R-V plot of the data in Figure 5 showing the effect of the dis-
placemen¥ of the |-V characteristic towards the positive side of the
current axis. It is manifested as a decreasing resistance when the

zero voltage is approached from positive values. The points shown as

a cross in a circle were obtained immediately after the 9 volts
excitation was applied to the sample. They indicate that an additional
displacemenf of the |-V characteristic took place after application of
the maximum voltage. (b) R-V plot of the data in Figure 6 gives no
clear indication of linear behavior contrasting with the information
given by the |-V characteristic. The point shown as a cross in a circle
was obtained immediately after exciting the sample with 8 volts. However
the sample recovers its original values if no new excitations are applied
in several hours.

(a) Response of a resistive-type rock sample upon interruption of an
externally applied voltage V, ; V_ and V, are the magnitudes of the

F R

"fast" and "slow" decays. (b) Ratio of VF to the total current in

the sample, (c) Ratio of the total voltage to the total current in the

sample. (d) Current vs voltage characteristic showing a displacement

of + 1.0 volt from the origin. Non-linear behavior is shown below 3



Fig. 9.

Fig. 10.
Fig. |1,
Fig. 12,
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volts, above this voltage the characteristic is linear.

R-V responses of (a) galena and (b) pyrite. Both show linear

behavior,

Schematic set-up for the determination of the voltage distribution

in the surface of a sample. The micro-electrode traverses the

lines taking voltage readings at points (X, Y) when a constant

current is flowing.

Voltage values as a function of distance X for a hematitic sandstone
sample. (a) Y =0, (b) Y= 1.0mm, (c)'Y = 4,0 mm, and (d) Y = 6.0 mm.
Equipotentials on the surface of a hematitic sandstone sample showing

the non-uniformity of theelectric field when a constant current flows.
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