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The interaction of the flow through the labyrinth seals with the shaft of the rotor can have 
an effect on the stability of turbomachines. Thus, the excited forces, so-called cross forces or 
non-conservative forces, arise, which act perpendicular to  the rotor eccentricity. This effect 
is caused by an unsymmetrical pressure distribution within the labyrinth cavities. 

Experimental investigations are carried out for different types of labyrinth geometries: 
two staggered labyrinths with teeth on the stator and grooved rotor as well as a full and a 
convergent stepped labyrinth. These labyrinths can be found on the tip shrouding of bladings 
in steam or gas turbines. The following parameters are varied in the test-facility: geometry 
of the labyrinth seals (number of cavities, inlet region), shaft rotation, pressure difference on 
the seal, entry-swirl and eccentricity of the rotor. 

The results are presented for stiffness coefficients of the labyrinth seals, leakage flow and 
circumferential flow in each cavity which was measured with special probes. Generally, the 
inlet swirl has the greatest influence on the coefficients of the seals. The experimental results 
are compared with theoretical results and are in good agreement. 

*Work under this study o f  labyrinth seals has been sponsored partially by the 
Forschungsvereinigung Verbrennungskraftmaschinen e.V. (Research Association 
for Internal Combustion Engines) , Frankfurt/Mai n, Federal Republ i c of Germany. 

PRECEDING PAGE BLANK NOT FILMED 



I Nomenclature 
A 
B 
C 

C 

cuo 
d 
D 
E,* 
e 
F 
FB 
f 
F o  
9; 
H 
hd 
j 
k = C R / ( B  + CR) 
KQ 
KR 
m 
m,, I? 
m R ; S ,  nR;S 
m 
mi 

n;ro 
P 
Po 
P 1 

Q 
R 
R 
Re 
r ,  RR 
A T ,  CR 
T 
t 
t ,  L 
u w  
u = c/RRu 
U 
2 

P* 
E = e/CR 

P 
V 

Area 
Height of labyrinth seal strip 
Stiffness-term 
Circumferential velocity of flow 
Inlet swirl 
Damping-term 
Diameter 
Flow characteristic 
Dimensioned eccentricity 
Force 
Reference force 
Cross-sectional area of control volume 
Cross-sectional area for centered shaft-position 
Value of parameter of 
Local radial clearance 
Hydraulic diameter 
Complex unity 
Factor of area change 
Cross force spring-coefficient 
Restoring force spring-coefficient 
Inertia-term 
Number of cavities 
Coefficients for friction factor 
Leakage flow 
Leakage flow per circumferential length 
Leakage flow for centered shaft-position 
Pressure 
Pressure before seal 
Position of probe 
Cross force 
Restoring force 
Gas constant 
Reynolds number 
Shaft radius 
Nominal clearance 
Temperature 
Time 
Pitch of seal strips 
Rotor peripheral velocity 
Dimensionless circumferential velocity of flow 
Length on which shear stress acts 
Number of seal strips 
Flow coefficient 
Eccentricity ratio, perturbation parameter 
Flow coefficient 
Kinematic viscosity 



p Density of fluid 
n Pressure ratio ( p , / p o )  
cp Peripheral angle 
T Dimensionless time 
a Shear stress 
w Shaft angular velocity 
Q Shaft precessional velocity 

subscripts 

0 zeroth-order component 
1 first-order component 
c cosine 
i i-th chamber value 
Q cross 
R rotor, restoring 
r radial-direction 
S stator 
s sine 
u circumferential direction 
w shaft 
y y-direction 
z z-direction 
- mean-value 
* dimensionless value 

Not presented notations are declared in text. 

2 Introduction 
In order to carry out a thorough stability analysis of turbomachine rotors, it is essential to know all the 
forces causing oscillations. 'These forces, acting on the rotating subassembly units of the rotor shaft, can 
effect the stability behaviour in such a way that the operation is seriously disturbed or even impossible. 
The major causes for rotor instability are mostly exciting forces resulting from fluid-mechanisms, which 
are found in journal bearings and in labyrinth seals. The interaction between the flowing medium and the 
rotor shaft cause a transmission of energy to the flexural oscillation system. That leads t o  rotor-instability, 
if damping is not sufficient. 

In order to be able to judge the stability qualities in advance, the engineer has to carry out oscillation 
analyses. For that he needs information about the dynamic characteristics of the seals which are charac- 
terized by stiffness, damping and inertia terms. When these properties are known the fluid-mechanisms 
can be described in a linear equation of motion,i.e.,equation (1). 

( a )  = (::: 2 )  (:) + (2: 2 : )  (:) + (::; 2:) (:) 
These quantities must be known in order to design the dynamics of turbomachines properly. 

Experimental results of labyrinth seal forces have been presented by Benckert and Wachter [I], [2]. 
They investigated several multistage types of different labyrinth seals and found out that for long seals 
the shaft rotation has a great influence. 

Childs and Scharrer [3] surveyed experimentally the dynamic characteristics of long straight through 



labyrinths. On this test facility, the stiffness behaviour as well as the damping characteristics could be 
determined, since the rotor carries out an oscillation motion in addition to  its rotational motion. 

Leong and Brown [4] surveyed long straight through labyrinths with different cavity geometries. The 
seal strips were attached to the stator. Their results show, that with increasing peripheral velocity of the 
rotor, the cross-coupled stiffness coefficients decrease and can become even negative. 

Rajakumar and Sisto [5] and Serkov [6] investigated the flow forces for short straight through labyrinths. 
They found out, that the inlet swirl compared to the shaft rotation has a great influence on the cross forces. 

In reviewing previous experimental investigations, there is a clear need for testing of short prevalent 
labyrinth seals, which can be found on the tip shrouding of bladings in steam or gas turbines. 

Test-Facility 
The investigations are carried out on a labyrinth test-facility a t  the 'Institut fiir Thermische Stromungs- 
maschinen und Maschinenlaboratorium' of Stuttgart University. The test-facility was originally set up in 
[I], [2] and has now been modified to fit the changed requirements. Using this setup the inlet flow is the 
same as in the shroud ring seals of a real turbine stage (e.g., overlapping of guide- and rotor-bladings, 
radial streamline variation). 

The cutaway (figure 16) shows one of the shroud ring seals with grooved rotor and teeth on the stator 
to be examined. The flow force in the labyrinth seals is always determined by integration of the measured 
pressure in axial direction andlalong the perimeter.\ In~the~axial~direction~each\cavitis\looked~at individually 
and then all cavities are summed up. The reduction of these results to components gives the cross and 
the restoring force Q and R. The influence of the following parameters have been surveyed: 

a Inlet state before the jrst  seal tip n, c,~.  It depends on the pressure ratio being at  the seal and the 
inlet swirl of the flow. A nozzle ring in conjunction with a vacuum assembly can produce different 
swirl components c , ~ .  The measuring of the resulting circumferential component of the labyrinth 
flow is made with three-hole-cylinder probes specially developed for this purpose (see figure 1). 
Since the probes are also used in the area of the labyrinth strips and near the rotor surface, the wall 
effect on the calibration factors, defined in figure 1, must be tested and taken into consideration. 
The test medium is air which expands to the ambient conditions. 

a Eccentricity o j  the rotor E .  The eccentricity is varied from negative over the centered position to 
positive values. 

a Peripheral velocity of rotor u,. The rotational rotor speed is increased from u, = Omls upto over 
u, = 100mls. The influence of the direction of rotor rotation is likewise being tested. 

a Geometry of the seal. Measurements are made with 15 different labyrinth configurations. They can 
be subdivided into three different types of labyrinths; grooved, interlocking and stepped labyrinths 
(figures 18). Besides the number of cavities, the inflow contour of the labyrinth was also varied. 

Figure 2 shows a summary of variations of the test parameters. 



PI-Prn F M P = r  = f (Ma) 

P t  - P I  CPTOT== = f (FMP)-P t 

P t  -Ps = f ( FMP)-Ps CPDY N = m  
C 

C u 
a... Tuniqofangle A P = P 2 - P 3 = 0  --a sina = c -Cu 

- Cax 
C u 

Figure 1: Three-hole-cylinder probe 

Variation of Test Parameters 

(*) 2 variations of strips 
(**) 3 variations of cavities 

Figure 2: Variation of test parameters 
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4 Analysis of test data 

The results are presented as follows: 

Variation of the flow forces in the individual cavity as dimensionless cross and restoring force in each 
cavity. The restoring force Rf acts against the rotor eccentricity E (centering effect) and the cross 
force Q f  acts perpendicular to  E. 

a Variation of the forces in the entire labyrinth as dimensionless cross force spring coefficient 
dependent on the test parameters and the flow characteristic Ez. The quantity Ez is the ratio of 
the inlet swirl energy and axial pressure drop. 

0 Leakage characteristic 

The definitions for the calculation of the forces and the stiffness coefficients are summarized in figure 17. 

Experimental Results 

Forthe\differentilabyrinthltypledof M- and A-configuration, the figures 19,20 show the pressure distribution 
and the resulting rotor loads, i.e. cross and restoring force Q! and R f .  The pressure distribution pf(cp) 
is related to  the static pressure difference. For three eccentricities ( E  = 0 and E f 0,66), the pressure 
distributions depending on the individual labyrinth cavities and its circumferential angle cp are depicted. 
The flow conditions a, c , ~ ,  u, are noted: in the figures. 

For centered position (E = O), the pressure distributions along the perimeter of the rotor are almost 
constant in the individual cavities. Thus, the resulting forces QT and Rz are nearly zero. But looking at  
the pressureldrop in the axial direction1 shows,( t hat it hei pressure drop depends on the geometry of the cavity 
(transitions of the staggered grooves). Figure 3 shows the resulting flow coefficient p; as a function of the 
cavity number i for the M1 to M4-configuration. 
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Figure 3: Flow coefficient p; of MI-M4-configurations 



For positive and negative eccentricity ( € 5  0,66), the variations of pressurelinlthe circumferential 
direction are almost identical. 'This correspio~dence for f €,\which must cometabout\for a perfect labyrinth 
geometry and a a  exactly adjusted rotor, is even more evident for QT and RT. 

The results show, that it is not the first cavity which provides the highest contribution of cross force. 
In the front part of the labyrinth, the cross force rises to its maximum and drops then continuously. 
For the M2-configuration the maximum is located in the 2. cavity (see figures 19, 21). This pattern is 
independent of inlet swirl, eccentricity and pressure rate. It was detected for all M-configurations. But 
the increase of the cross force in the front part depends on the inflow contour of the labyrinth. Relatively 
high gradients d Q l / d i  were measured for the inflow contour with rotor groove and opposite long seal tip 
(M2 to M4-configuration). In figure 4 this is depicted for the M3 and M4--configuration. 

x &=+0.66 c..=105m/s 
v &= 0 u,= 0 m/s 
+ &=-0.66 n=0.48 

..- 0.13 
0 0.11 

0.05 
g 0.01 

Cavity 

Figure 4: Cross force Qf of M3- and M4-configuration 
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The increase of the cross force dQf l d i  is smaller for a inflow contour with rotor stage and opposite 
short seal tip (Ml-configuration, see figure 5). 
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Figure 5: Cross force Qf of M1-configuration 
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Apparently, the changed inflow geometry brings about a different inflow condition at  the labyrinth. 
An extension of the space in front of the first seal tip results in a larger increase of the cross force in the 
front part of the labyrinth. 

Like the experiments, analytical investigations show different cross force characteristics for each cavity 
when varying the boundary conditions. The boundary conditions are: the pressure distribution and the 
circumferential velocity distribution of the labyrinth flow along the perimeter in front of the first seal tip, 
and the flow coefficient PO. Furthermore, the boundary conditions at the exit of the labyrinth may also 
haveIan influence. 

The influence of the inflow geometry on the cross force characteristics could be proved for the A-full- 
labyrinth as well (see fig. 6). 
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Figure 6: Cross force Qf of A2- and A3-configuration 
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For the M2-configuration, fig. 21 shows the influence of the inlet swirl c,o and the eccentricity E on 
the cross force- and restoring force characteristics. 

In contrast to  Qf , the restoring force is alternating along the cavities. Hence the resultant restoring 
force z, recorded at  the cavity number i = ges, is almost zero (see fig.7). 
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This characteristic is even more evident for the A-full-labyrinth. Pressure maxima and -minima 
respectively dependent on the cavity number occur in the area of the narrowest gap (cp = 180'). Similar to 
the Lomakin-effect [7], the losses due to  friction and inflow respectively at  each seal strip varying along the 
circumferential direction are responsible for that. That means, besides the dependence on the arrangement 
of the seal strips, the flow coefficient p is also a function of the peripheral angle cp. 

The alternating run of the restoring force R5 is independent from the peripheral velocity of the rotor. 
This is shown in figure 7 for the Al-configuration with 7 cavities and c,o = Om/s. 

For the M1-(m=8) and M4-configuration (m=3) the figure 8 illustrates Q t  versus cavity number i for 
different u, and superposed cue. 
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Figure 8: Cross force Qf of MI- and M4-configuration 

If the shaft rotates in the opposite direction of the inlet swirl, the value of u, becomes negative. By 
definition the inlet swirl is positive in the direction of the peripheral angle cp. Changing the direction of 
u, different situations in turbines and compressors can be simulated. Figure 8 shows that the cross force 
for u, = -95m/s is higher compared to  u, = Omls. 

This effect can be explained by the ratio of decelerating to accelerating friction areas at rotor and 
stator. It has an effect on the distribution of the circumferential component of the labyrinth flow along 
the seal. The variation of c, along the cavities shows that the amount of cross force doesn't depend on 
the amount of circumferential velocity of the labyrinth flow, but on the change of the circumferential flow 
between the cavities. For negative u, the swirl changes are maximal (see fig. 9) and consequently the 
cross force as well. 

With the help of flow-measuring probes it was ascertained that the circumferential component of the 
labyrinth flow is nearly not radial-changing within the cavities. Fig. 10 illustrates c, versus the cavity 
number i for centered shaft position. Only in the vicinity of the stator surface the cu-components are not 
constant. This is because of the effect of the boundary layer. Hence the circumferential velocity of the 
labyrinth flow in the cavities can be approximated by a mean circumferential velocity. 
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Figure 10: Circumferential velocity cu of M4-configuration 

Even for eccentric rotor position the cu-components are almost constant in radial direction. Further- 
more, fig. 25 shows for the M4-configurationthe~variationI~f!culinhe~peripheraldirection ineach cavity. An 
approximation of cu in terms 

C U , ~  Cum,i + (~u,c,i COS cp + C,,,,; sin cp)  (2) 

confirms the assumptions of equations (9) and ( l l ) ,  see figure 25. 
The relationship between the total cross force @ and the eccentricity E is linear for all configurations 

as the plots in figure 11 show. 
The characteristic field of the spring coefficient as a function of n, cUo and u, is shown in figure 

22 and 23. These characteristic fields enable a separate investigation of the varied test parameters and its 
effects on the spring coefficient. It shows that the inlet swirl has the greatest influence on q. 
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Figure 11: Cross force versus eccentricity e of MI-configuration 

Introducing the flow-characteristic E;, the results can be transferred to seals in real machines. Fig. 
1'2 shows for the M-configurations the obtained spring coefficients and the approximated curves. The 
approximating function is given by the nonlinear equation = gl+g2E;g3. The coefficient g, corresponds 
to spring coefficient for axial inflow (E ;  = 0). 

Figure 12: a versus E: of M-configuration 



The comparison of the four M-configurations shows that the parameters 91,2,3 depend on the number 
of cavities (see table 1). 

In addition, table 1 shows the flow coefficient P* for Ez = 0. The relationship between the leakage 
flow m and the flow coefficient p* is: 

Table 1: Values of the parameters g1,2,3 and 8' of M- and A-labyrinth 

Furthermore, the characteristic fields of the restoring force spring coefficient as a function of the 
test parameters are depicted in the fig. 24. 

Confi- 
gurat. 

M1 
M1 
M1 
M2 
M2 
M2 
M3 
M3 
M3 
M4 
M4 
M4 
A1 
A1 
A1 
A2 
A2 
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0,8252 
0,6591 
0,6489 
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6 Analysis 
In order to compare the experimental with the theoretical results an analysis was developed. It bases on 
Iwatsubds [8] and Child's [9] basic equations for compressible flow in a labyrinth seal. The continuity and 
momentum equation will be derived for a single cavity control volume as shown in figure 13. 
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Figure 13: Cavity control volume 

The governing equations are 

e Continuity equation: 

e Momentum equation: 

Leakage equation: 

with leakage mass flow per circumferential length 

Friction equation: 

with hd as hydraulic diameter. 



a Ideal gas law: 

o Normalization of the variables: 

The solution procedure is similar to the perturbation analysis used by Childs [lo]: 

a Linearized zeroth and first-order perturbation equations describe the pressure and velocity distribu- 
tions for the centered (index '0') and eccentered (index '1') shaft position. The ,following1 per tur  
bation variables are defined: 

where E = e / C ,  is the eccentricity ratio. 

a The zeroth-order solution for the circumferential velocity (zeroth-order momentum equation) is 

The partial differential equations (first-order solution) will be reduced to linear complex equations by 
introducing the following assumptions for the perturbation variables: 

a Elimination of circumferential angle cp: 

H1 i 
, = -- - 

CR 
-Yi COS cp - zi sin cp pi,; = pl,i,, cos cp f pl,;,, sin cp 

o Complex variables: 

a Elimination of time t with harmo~iic seal motion (circular orbit with frequency R around the cente- 
red position, see fig. 14) : 

h , - - jnt 
-I,* h , i e  (13) 

and corresponding response for the other perturbations variables: 
. n 

a1,i = 6 = fi . e3 ;7  -1 ,z -1,z 
. n . n ~  

, p  . = f~ .eJG7 p . = $  .e l ;  
-1 ,z -1 ,z -l,z -1,s (14) 

yields to  the complex continuity and momentum equation: 



a Complex continuity equation: 

Complex momentum equation: 

RTMO  PO,^-1 (~0,i-1 - 210,;) -- 
2 El$-, wPoF0 pi,;-1 - Po,; 

e With equations (15), (16) a system equation for all cavities is formed and solved by linear equation 
algorithms. As a result the values of the complex amplitude p -1,~ . and iili ( & ,  = jl,ic + are 
found. 

The flow force for the seal (see equation (1)) is found by integrating the first-order pressure pertur- 
bation along and around the shaft of the rotor. For the i-th cavity it is 

L 

Fy,i(t) = -PORRET (Ijl,ic cos Rt - IjlliS sin Rt) dz J 0 

Fz,i(t) = - p o R ~ € n L  (@I,;,, sin fit + fq,;,, cos Rt) 

Introducing a rotating coordinate-system (see figure 14) the rotatisg forces are 



Figure 14: I-Iarmonic seal motion and transformation of the coordinate system 

With the assumed orbit about the centered position the structure of the matrices of equation (1) 
becomes 

. dyy = d,,, dyz = -dyz; ... Cyy = Czz, Cyz = -Cyz,  (19) 

e The searched coefficients can be found by a least square fitting for different frequencies of 52: 

FT = rCT (e,, + dyZn - myyfi2) 

F' = -6CT (e,, - dyYR - mY,fl2) (20) 

7 Comparison of the Results 

Comparisons of theoretical and experimental results of the exciting cross-coupled stiffness coefficient c,, 
respectively spring coefficients are made for the staggered labyrinth, configuration M4. The correlation 
is as follows: - 

The results are presented for as a function of the flow characteristic Ez. The friction parameters (see 
equation (6)) for the evaluations are set to 
nRi = 0,079 mR; = -0,25 ns; = 0,15 msi = -0,25. 

The other input data like flow coefficient p; and boundary conditions are derived from experimental 
results, see figure 3. 

The results are in good agreement with the spring coefficients (see figure 15). 
Furthermore, an identification algorithm is currently under development. Its aim is to determine the 
friction factors nR,Si and rnR;Si for each cavity based on the zeroth-order solution for the circumferential 
velocity (see quation (10)) of the staggered labyrinth . The first results (see figure 23) confirm the 
assumptions of this bulk-flow-theory, equations (9), (11). 
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Figure 15: Comparison of theory and experiment 

8 Conclusions 
Experimental results have been presented for stiffness coefficients and leakage flow of different types of 
labyrinth geometries, such as grooved, interlocking and convergent stepped labyrinths. The influence of 
rotor speed, pressure ratio, inlet swirl and labyrinth geometry on the coefficients has been investigated. 

The results of this study support the following conclusions: 

a The cross force and restoring force are linear to eccentricity. Thus, the force-motion equation (1) is 
confirmed experimentally. 

The inlet swirl has the greatest influence on the cross-coupled stiffness coefficient q. 
The relationship between and the flow characteristic E,* depends on the test parameters. 

The cross force in each cavity depends on the change of circumferential velocity from cavity to cavity. 

The restoring force shows an alternating behaviour along the seal. Thus, the total restoring force is 
nearly zero. 

The results of the presented analysis are in good agreement with the experimental results. The 
experiments verify the assumptions of the analysis. 
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Figure 16: Testing facility of labyrinths 



Inlet state : ( P O ,  To, C ~ O )  

Static pressure difference : Apst = po - pa 
Relative pressure 
per cavity i : P ~ ( ( P )  = ( ~ i ( i p )  - pa)lApst 

Flow characteristic : E,* = ~ P O C ; O / A P S ~  
Reference force : FB = Apstrmt 

Cross force Restoring force 
27r 2~ 

QT = J p?(cp) sincpdrp R f 
0 

= S PT (cp) cos cpdv 
m 

0 
IT1 

(labyrinth mean value) 
Dimensionless spring coefficient : - 
I q ( E ; )  = d@/d& G ( E , * )  = dR*/d€ 
Dimensioned spring coefficient : - - 
IiQ = Ii-6 2 KQ KQ * h 
Resulting labyrinth load : - - 
Q = IiG E FB R = KT2 E FB 

Figure 17: Definitions of test da ta  analysis 
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Figure 20: Characteristic of pf(cp), Qf, Rf of A1 
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Figure 22: Characteristic field of M1 
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Figure 23: Characteristic field of M4 

Figure 24: Characteristic field a of M1 and M4 



Figure 25: Circumferential velocity c, versus cavity i and peripheral angle cp of M4 
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