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ABSTRACT

The external combustion of hydrogen to reduce transonic drag has been
investigated. A control volume analysis is developed and indicates that
the specific impulse performance of external burning is competitive with
other forms of airbreathing propulsion and depends on the fuel-air
ratio, freestream Mach number, and the severity of the base drag. A
method'is presented for sizing fuel injectors for a desired fuel-air

ratio in the unconfined stream.

A two-dimenéional Euler ana]}sis is a1so;presented which indicates that
the totai axial force generated by external burning depends on the total
amount of energy input and is independent of the transverse and
streamwise distribution of heat addition. .Good agreement between the
Euler and control volume analysis is demonstrated. Features of the
inviscid external burning flowfield are discussed. Most notably, a

~ strong compression forms at the sonic line within the burning stream
which may.induce separation of the plume and prevent realization of the

full performance potential.



An experimental prdgram was conducted in a Mach 1.26 free-jet to
demonstrate drag reduction on a simple expansion ramp geometry, and
'verify hydrogen-air stability Timits at external burning conditions.
"Stable combustion appears feasible to Mach numbers of between 1.4 and 2
depending‘bn the vehicle flight tfaje;tory. Drag reduction is
demonstrated on the expansion ramp at Mach 1.26, however force levels
showed little dependence on fuel pressure or altitude in contrast to
control volume analysis predictions. Various facility interference

mechanisms and scaling issues were studied and are discussed.
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CHAPTER I - INTRODUCTION

Interest in "transatmospheric” or "aerospace” vehicles has been revived in
the United States following almost two decades of relative {nactivity.
Evolutionary advances in “"scramjet"” propu]sion; waterials, and computer
modeling, along with current political support have set the stage for an
aggressive program (the National Aerospace-Plane, or NASP) to deveiop a
revolutionary aircraft capable of flying into orbit following take-off
from a conventional runway. Ready access to space, and very high speed
earth transportation are two of the obvious benefits of this technology.
The single stage to orbit (SSTO) concept is very attractive due to its
operational simplicity, flexibility and its potential for reducing the
cost of putting payload into orbit. The technical challenges facing the
aerospace community are numerous, many of them related to.the airbreathing

propulsion system required to achieve orbit in a single stage. Liquid
hydrogen fuel is widely accepted as the fuel of choice for hypersonic
airbreéthing propulsion due to it’s high heat capacity for engine and
airframe cooling, and a heat of combustion more than twice that of
hydrocarbon fuels. One drawback of hydrogen is its low molecular weight
which results in a large cryoﬁenic volume that must be.high1y integrated
with the airframe and propulsion system. An artist’s conceptibn of an
SSTO vehicle appears in figure 1-1 which i1lustrates the highly integrated
nature of the design. The entire aft end of the vehicle acts as a single
expansion ramp nozzle, providing a very high area ratio which is exploited

at the high nozzle pressure ratios associated with high Mach number and



altitude. This large aft-facing area becomes a great 1iability however at
~ transonic abd Tow supersonic speeds where low airbreathing engine pressure
ratios result 16 a highly overexbandgd nozzle. Since the nozzle exit area
is largely fixed at the vehicle cross-sectional area, the amount of
variable geometr,y_" that can be employed is a small fraction of that

required to keep the nozzle 'on-design' over this speed range.

ingle- e to i irbreathing Nozzl 'r ion

A qualitative discussion of boii]e design and operation follows which
i1lustrates overexpanded operatibn and the application of external burning
to an SSTO nozzle geometry. At hypersonic speeds, with the engine
operating as a supersonic combustjon ramjet or "scramjet”, the combustor
exit (nozzle inlet) Maéh number is supersonic and one could envision a
minimum length shock-free design with expansion to freestream ambient
pressure at a given design point. The resulting hypothetical deéign and
associated flowfield appear schematically in figure 1-2a. Note that the
cowl and shear layer of the single expansion,ramp nozzle can be thought of
as the symmetry plane of a symmetric'two-dimensionaI nozzle. The nozzle
is perfectly expanded and thé.limiting characteristic in the exhaust flow
emanating from the trailing edge of the cowl intersects the expansion
surface at the trailing edge. Ai‘this point, the nozzle is peffbrming
optimally, and the freestream Mach number has little effect on nozzle
performance. In figure 1-2b, the nozzle pressure ratio and freestream

Mach number have been reduced to a point representative of a transonic



3
flight condition wheré_the engine operates as a ramjet with a choked
throat. The portion of the nozzle enclosed by the cowl (referred to as
the 1n£¢rna1 nozzle) has a significant area ratio and at low nozzle
pressure ratios is itself overexpanded to less than freestream pressure.
Upon leaving the interﬁa1 nozzle, the exhaust stream adjusts to the local
base pressure through the familiar "shock diamond” wave structure. The
Tocal base pressure to which the exhaust flow eventually equalizes, is
lower than freestream due to the fact that the exhaust stream "fills" only
a small part of the large nozzle exit area. Nozzle drag results from
overexpansion in the internal nozzle, and the exhaust stream’s subsequent '
‘inability to'fu11y recompress to freestream pressure due to the low
overall vehicle base pressure. The transonic nozzle drag problem can thus
be thought of as similar to any other base drag problem, being complicated
by the fact that the effective base pressure will be a function of the

exhaust stream’s ability to fill the base.

Application of External ﬁurning

The nozzle pictured in'figil-z is a high Mach humber, minimum length
design employing a sharp expansion at the nozzle throat, with a resulting
geometric area ratio in'the internal nozzle. In the preceding discussion,
no attempt was made to vary the geometry over the range of opefating
conditions, although one could envision deflecting the trailing edge of
the{cow1 upwards as shown in figure 1-3 to prevent internal overexpansion

of the exhaust flow. Freestream pressure may be maintained in the



internal nozzle, but would be offset by boattail drag on the deflected |
flap. . With respect tp the reduced pressure on the deflected cowl
boattail, the internal nozzle fs underexpanded, so the propulsive stream
expands to the local base pressure through a wave §tructure; Ultimately,
thé propu]éive stream expands to nearly the same cross-sectional area as
before with the cowl undeflected, so that the overall base pressure in
this region is unchanged. The cowl flap deflection concept can prevent
internal overexpansion and also reduce the strength of the external wave

structure, but results in no significant net drag reduction.

The deflected cowl does however transfer the low pressure region which
existed on the inner expansion surface to the external flap, which makes
the use of external burning an attractive possibility. Shown conceptually
in figure 1-4, hydrogen would be injected upstream of the deflected cow)
and burn adjacent to the nozzle, pressurizingAthe entire base region
thereby eliminating cowl flap drag and the external overexpansion of the

exhaust flow.

The effect of external burning on a nozzle of this type at first seems to
" be complicated by detaileq interactions between the freestream, the
external burning plume, and the exhaust flow. The strategy adopted herein
is to consider the deflected flap and exhaust shear layer together as a
sufface upon which external burning aﬁts. Obviously, any pressurization
of tﬁe shear layer by external burning does not act directly on a vehicle
surface, but must be transmitted through the exhaust stream. ThiS is seen

as a second-order effect though, with regafd to the main objective of the
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present work which is to investigate the feasibility of using hydrogen
external burning to reduce transonic drag. If the concept is workable in
the preceeding simplified sense, extension to the actual airbreathing

propulsion system seems straightforward.

E:gngu;iwgrg in External Burning

A review of the literature reveals that work related to this area falis
roughly into two categories, "base burning" and "external burning".
Although both use external, or unconfined combustion to increase pressure
on a surface, important differences exist in the mechanics of the
processes, and the analysis methods used. Base burning is characterized
by  direct fuel injection and combustion in the wake of a blunt based
aerodynamic body (such as a projectile) to reduce drag. The recirculating
base flow acts as the flameholder, with fuel injection and combustion
modifying the base flow pattern in such a manner as to increase the base
pressure. The fuel mass addition itself can often account for a
significant part of the total drag reduction. The analysis of base
burning must include the complex viscous effects which dominate the base
flow phenomena and as a result, integral theories have been widely used.
The majority of work in base flow phenomena including base jnjection and
burning is summarized by Murthy, et al.! which includes a bibliography with
over 350 references. In contrast to base burning where the surface to be
pressurized acts as a flameholder, the present application tends more

toward external burning in which heat is released in the inviscid portion



of the flowfield adjacent to the surface on which the pressure is to be
increased. This process has been proposed to reduce drag, provide control
forces and even provide primary propulsion. By {1t’s very definition,
 external burning is primarily an inviscid phenomena, and a number of
theoretical approaches to solving flows with heat addition have been used
such as the diabatic method of characteristics,‘linearized flow with heat
addition, and the "planar heater" where heat addition is confined to a
thin, constant area region. These techniques have been summarized by
Billig? who published an unclassified, unlimited review of theoretical and
experimental external burning work done from 1945 to 1964. Highlights of
experimental work done during this period and 3ubsequeht1y are given in

the following paragraphs.

In 1955, Davis® et. al., at Texaco Experiment Inc. tested hydrogen external
burning on a small flat plate model with various fuel injeétion and
flameholder configurations including oxygen piloting. The experiments
were conducted in a Mach 1.7, 1.52" diameter free-jet at nominally
standard temperature and pressure. Encouraging results were obtained, but
due to the large flameholders required to stabilize the hydrogen flame
(with respect to the tiny modg]s), no conclusions on performance were

drawn.

A series of external combustion tests at the NACA Lewis Flight Propulsion
Laboratory (now The NASA Lewis Research Center) was also initiated in
1955. Fletcher®, et. al. demonstrated stable combustion of aluminum

borohydride in a small (3.84" by 10") supersonic wind tunnel at sub-
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" ambient pressure and temperature without the use of a flameholder from
Mach 1.5 to 4. The pyrophoric liquid fuel was injected from the 3.84"
wide tunnel ceiling. The effect of combustion on the tunnel ceiling
static pressure distribution was reported in reference 5 as *significant”
which prompted subsequent tests of various aerodynamic shapes including
flat plates, a body of revolution, and a two-dimensional supersonic wing
in a 1’ by 1’ Mach 2.46 tunnel®®. These tests demonstrated levels of
performance commensurate with theoretical predictions with combuﬁtion
having doubled the L/D of the wing model, and nearly eliminating base drag
on the body of revolution, but results were said to be subject to
*undetermined wind tunnel effects" which were thought to be wave
reflections from the tunnel walls. In order to assess these interference
effects, the flat plate model tests were repeated in the 10’ by 10’
supersonic tunnel at Lewis by Dorsch® et. al. Results indicated that
significant interference occurrgq only on a long (25" chord) flat plate
model, and much of the data taken during the small tunnel tests was free

of interference.

Bi11ig>™ conducted numerous experiments at Mach 5 on flat plate and wedge
models using pyrophoric aluminum-alkyl fuels including work in support of
an external burning ramjet program'’. Stable combusfion was attained
without flameholders at Mach 5, but performance in terms of 1ift and
thrust was somewhat lower than predicted. A composite plot in reference
2 which shows results of many tests, indicates that external burning
performance is generally lower than that predicted by a constant pressure

analysis. Billig concludes that the process is reaction-rate 1imited and



that lengths on the order of feet rather than inches would be réquired for

complete combustion.

The work of Townend and ﬁeid”, reported in 1964 was not included in
Bil]ig's review. and was clearly a base burning test, but is relevent to
the presént study-ﬁince hydrogen fuel wasAused successfully to alleviate
base drag on an axisymmetri; cone-cylinder model at a relatively low Mach
number. The 1" diameter model was mounted in the center of a 5.5" square
test section. _Test'conditiohs_were Mach 2.14, at a static pressure of 2
atmospheres, and ambient total temperature. Two methods of fuel injection
were tried, direct bleeding :into the base, and periphera1 injection
through a slot upstream of the base. Hydrogen combustion in the wake
increased the base pressure to slightly higher than ambient pressure in
either case.. The similarity in results of both injection methods
suggested that fuel issding from fhe peripheral slot simply burned in the
wake in the s;me manner as fuel which.uas bled into the wake directly. 30
and 22.5 degree cone-cylinder afterbodies were tested and resulted in
little difference from the blunt base results. The objective of this work
was to study the effects of stable combustion in the wake or base burning,
the peripheral injection being used only to enhance mixing. This
configuration however bears a close resemblance to an external burning
scheme suggested by Strahle'® four years later in which fuel would be
injected transversely and burn in the inviscid stream adjacent to the wake

supposedly yielding much higher‘performance.

In 1968, Strahle noted that previous base burning results were "somewhat
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disappointing” being limited to base pressures less than or equal to
freestream static presshre. He proposed using external burning outside
but adjacent to the viscous wake to pressurize the dividing streamline and
thereby the base surface by communication through the elliptic
recircu1ition zone. In effect, the wake was to acg as an afterbody
pressurized by external burning. He reasons that the pressure rise due to
external burning is not constrained to freestream pressure, and that
higher performance than that of base burning alone would be possible. He
evaluated this concépt analytically using an integral analysis for the
recirculating wake flow, and a composite approach for the external burning -
heat addition region which combinined 2-D planar linear theory and one-
dimensional flow. The conclusion drawn from the analysis was that indeed,
there is no limit to the base pressure rise and the rise is monatonic in
combustion zone strength. Boundary layer separation upstream of the base,
and the breakdown of supersonic flow in the heat addition region were
mentioned as two possible limiting factors. The latter concern wés
addressed in 1970 by Strahle in reference 14. He performs a more detailed
analysis of the transonic external burning process on a flat plate using
2-D velocity potential formulation. The conclusion is that a positive
pressure coefficient can'bg maintained on the surface even after the
transition to subsonic fldw{' If the outer, supersonic flow breaks down
however, as may be the case if a transonic flow is turned through too
great an angle, he concludes that useful force generation cannot be
realfzed. Strahle’s application of external burning to wake

pressurization served as the basis for several subsequent external burning

studies.
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In the early 1970's, Fuhs® at the Naval Postgraduate School extended
Strahle’s analysis to axisymmetric, annular heat addition geometries and
proposéd a number 6f applications for external burning. One was tﬁat of
transonic drag reduction on an axisymmetric plug nozzle. He proposed the
addition of heat on the cowl boattail surface to reduce the Mach number,
u1timate)y resu1tihg in subsonic flow downstreaﬁ of the cowl trailing
edge. Drag reduction on the boattail is secondary to a "wave trapping”
effect where waves reflected from the plug surface are now reflected back
as compressions from the subsonic boundary. Large gains in thrust at very
modest fuel consumption are demonstrated by an initial analysis.

A group of graduate students led by Fuhs'¢"®

performed projectile drag
reduction experiments based on Strahle’s concept in a Mach 2 free-jet. A
projectile base was mounted concentrically in the free-jet, and the nozzle
exit was contoured to generate compression waves which simulated external
burning. The location and strength of the simulated heat release was
varied using different nozzle geometries, to arrive at an optimum
configﬁration. Compression waves focused on the wake did produce the

expected increase in base. pressure, but the practicality of forcing

' éombustion to occur at the desired location and with the desired intensity

was not addressed.

Strahle, Hubbartt and Neale®®? performed a series of experiments in a 6"
diameter, Mach 3 tunnel with a concentrically mounted 2.25" diameter
model. Following Fuhs, tests were run with simulated external burning in

which detailed wake measurements were made. Base bleed and hydrogen base
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burning with simulated external compresﬁion was then studied followed by
an attempt at hydrogen external burning using subsonic, radial fuel
injection just upstream of the base. It was found that this externall
burning configuration performed very similarly to base bdrning where thé
fuel was bled axially into the wake. It was concluded that extra jet
penetration of the fuel was needed, and the orifices were re-drilled to
provide supersonic injection. The_extra Jet penetration however, rendered
stable combﬁstion‘impossib1e. The projectile‘base recirculation zone
which had been acting as the flameholder was no longer entraining fuel and
supporting a pilot flame. The Mach 3, 35000 ft. test conditions were
simply too severe to expect flameholding by the fuel jet only. The strong
disturbance created by the supersonic injectioﬁ also caused significant
1nterference within‘the tunnel. These results exemplify the practical
difficulty associated with obtaining "true" external burning in the

inviscid stream with non-pyrophoric fuels such as hydrogen.

Schadow?®?® performed a parallel series of experiments combining base and
external burning in vthe late 1970’s on both two-dimensiona]} and
axisymmetric base geometries at Mach 2, sea level conditions using fuel-
rich solid rocket exhaust as fuel. Schadow’s tests were run in a free-
jet, and were not susceptible to tunnel choking and wall interference
effects. In fact, Strahle in reference 25 notes that waves reflected from
Schadows free-jet boundary would lead to conservative resuits. Schadow
achieved base pressures greater than freestream (base thrust) with
combined base and external burning, but as in Strahle’s tests, external

burning alone did not perform to expectations.
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In 1976, Cavéﬂ'leri29 reports on an external burning rocket concept in which
Strahle’s wake pressurization schéme is used to provide propulsion. Tests
were run at Mach 2 and 2.5 over a range of altitudes with an 8" diameter
base in a 37“4d1ameter.test section, whicﬁ is of significantly larger
scale than previous tests. Fuel-rich solid rocket exhaust was injected
rad{ally upstream of the base. ﬁo base injection or base burning was used
in conjunction with the external burning, yet enough thrust to cruise a
low drag shape at Mach 2 was obtained. Relatively cool base temperatures
measured during the tests indicated that the heat addition was truly in
the form of external burning and not base burning of fuel entrained into

the wake. Measurements made downstream of the model indicated that a

. subsonic plume caused by external combustion persisted for 14 radii

downstream of the model base. This led to concerns that wave reflections
and high pressure in the facility diffuser may have fed forward to
influence base pressure. Director® analyzes the data further and

concludes fhat the results were not affected by facility interfefence.

The bulk of past experimental external burning studies have been conducted
usin§ pyrdphoric fuels with no additional flameholding required. Previous
hydrogeh external burning “Stﬁdies include Baker’s early work which
required large flameholders with respect to the tiny model scale, and
Strahle’s work at Mach 3 with no flameholders in which successful external
burning was not achieved. To -date, external bdrning in the inviscid
flowfield has been approached only with pyrophoric fuels in Cavalleri’s

external burning rocket experiment. It seems that true external burning
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in the sense meant by Strahle in 1968_w111 always be elusive, especially
~with a hon-pyrophorié fuel such as hydrogen since an undisturbed, inviscfd
supersonic flow by definition has not been disrupted by fhe fueling
process, and contains no flameholding sites. The present study -is
intended to extend the hydrogen external Shrning knowledge base to
transonic conditions, representative of a ‘single stage to orbit
airbreathing vehicle trajectory. Some features peculiar to this situation
are the need for a flameholder, and the subsonic condition of the plume
following external combustion which must be carefully considered in both

analysis and experiments.

jv f Curr ork

In the current concept, a flameholder is used to sustain a piloting region '
near the wall surface, from which combustion can propagate into a fueled
stream of somewhat larger proportion. One objective of the present study
is thus to characterize the flameholding requirements for hydrogen and air
at the transonic, sub-atmospheric pressure conditions of current interest, -

and to define the flight enve]ope where external burning is feasible.

Given that the hydrogen-air combustion process can be stabilized over an
appropriate range of flight conditions, another objective is to evaluate
the performance of external burning on the simplified expansion ramp

geometry described earlier at transonic conditions.
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To satisfy these objectives, an analytical and experimentaT study was

uhdertakenf The control volume analysis described in chapter II was

performed to estimate the performance potential of hydrogen external

burning at the conditions of interest. The contfol volume analysis was
aiso used to size:fuel injection orifices for the experimental program.
Results obtained Qere encouraging and the‘experimental program described
in chapter IV was initiated to characterize the flameholding requirements,
and demonstfate drag reduction on the simplified expansion ramp geometry,
while providing data for comparison to the control volume results. In
chapter III, an Euler ana]ysfs is performed which verifies the control
volume results in two-dimensions, and provides further insight into the
external burning flowfield.and supersonic-subsonic transition. The Euler

analysis also proved useful in interpreting the experimental results.
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CHAPTER II - CONTROL VOLUME ANALYSIS

Background
The analysis of external burning in a transonic flow can be a formidable
task, dependipg upon the level of detail required. Features of the
flowfield include combustion of an unbounded stream of fuel and air, and
the interaction of this stream with the unburned freestream and thrust
surface. The details of fuel injection, flameholding, mixing and reaction .
kinetics could also be considered. To lay the groundwork for more
sophisticated multi-dimensional analysis and experimental programs it is
useful, if not critical to perform a simple parametric study that includes
only the most dominant physical phenomena. The control volume analysis
described in this section is a means to this end. It is intended to
reveal the important pafameters in the external burning process and'assess
the practicality of the concept a§ a drag reduction device. Based on the
conservation equations, it provides insights into overall performance
sensitivities while avoiding complex fuel injection, mixing and combustion

modeling.

Before developing the control volume equations, a brief overview of
analysis methods used by previous authors is given to provide a rationale
for choosing the control volume method. Past analytical approaches to

external burning can be divided into roughly three categories:
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1) Two dimensional lineérized, or exact methods which are mentioned
- here for completeness, but in general do not apply to the transonic

problem where heat addition causes a transition to subsonic flow.

Pinke1®' et. al. developed a graphical approach for obtaining diabatic
method of chiracteristics solutions. This technique was then applied to
a supersonic wing under which heat was added to increase the 1ift/drag
ratio®. The method never seemed to catch on however due to it’s tedious

nature.

Tsien and Beilock®™ developed equations for the perturbations caused by a
line heat source in a compressible flow. These linear theory results
could be superimposed and were used widely by other authors. Schetz®:*
for example used these results to model external bufning adjacent to a
turbulent wake as a "flame sheet". A similar method was also used by Fuhs

in reference 15 for a number of different external burning examples.

2) One dimensional methods thch employ equations derivable from
Shapiro’s influence coefficients. They are generally put 1nvfin1te
differehce form and solved by marching downstream while
incrementally adding heat. While the equations are valid for |
subsonic flow, a singularity in the equations exists at Mach one,
~ making the supersonic-subsonic transition difficult numericaIiy. A
subsonic outflow would also require multiple {terations in a

downstream marching approach.
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Vaughan®” studied the control force generated on a flat plate by jet
interaction and subsequent external burning of hydrogen. He limited the
heat releasé to avoid sonic conditions in the burned stream since if the
burned stream chokes, he concludes that upstream conditions must changé

and the assumptions used in deriving the model are violated.

Callens® et. al. used the one-dimensional equations to determine external
burning propulsion performance for a high Hach‘upper stage. He further
assumes a constant pressure in the burned stream which allowed i closed
form integration of the equations (making his method similar to a control
volume approach). He states that a 1imit on the amount of heat‘that'can
realistically be added is that the flow remain supersonic. Further

reasoning behind this restriction was not given.

3) Control volume methods which ignore the detailed interactions
within the heat addition zone, generally requiring information only
at the control surfaces. No difficulty arises mathematically with
subsonic flow, but assumptions regarding the outflow conditions must
be made carefully, since any subsonic region is elliptic in nature.
The control surfaces generally include inflow and outflow boundaries
joined by two lateral control surfaces through which no flow passes.
One of the lateral boundaries is the surface to be pressurized,
either a solid surface or wake, the other is the bodndary between
heated and unheated flow. All injection, mixing, and combustion
occurs within the control volume. Often; the entire control volume

is assumed to be at constant pressure eliminating pressure-area'
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terms which can be difficult to evaluate.

Marino®’

used a conStaﬁt pressure contfol volume approach to ﬁalculate the
side force specific impulse of external burning on a flat plate for
control pdrposes. The minimum Mach number considered was two, and since
the fuel considered had a heating value of 18000 btu/1b, a subsonic exit

condition would probably not occur, and was not discussed.

Harvey*®*! et. al. used an annular control volume formulation for external
burning adjacent to wake flow. In this study, the shape of the control
volume was based on shadowgraphs of an external burning experiment and an

approximate method of characteristics technique for axisymmetric flow was

- used to calculate the pressure on the outer control surface based on it's

ang1e'with respect to the freestream.

In vreference 2, Billig presents a iwo-dimensiona] constant pressure
control volume approach applicable to high Mach external burning
propulsion. He presents experimental data which support the constant
pressure assumption. Shock-expansion theory was used to determine the

control volume pressure based on the angle of the outer control surface.

Another method used by many authors and summarized in reference 2, is the
constant-area approach or planar heat additién model. An infinitely fast
heat.release rate is assumed such that the heat release takes place in an
infinitely thin region and therefore at constant area. One-dimensional

relations then apply across the thin control volume bounding the heater.
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Normal or ob]ique heater planes can be treated in combination with normal

and oblique shocks to build up the flowfield.

Transonic freestream conditions combined with @he high heat of combustion
of hydrogen will result in subsonic flow. For this reason, the control
volume method was chpsen as being the most applicable for the present
study. Another more‘subtle advantage is that the outflow pressure in the
elliptic region can be specified, where this would generally be impossible
in a one-dimensional marching technique, without some type of iterative
procedure. The present formulation differs from that of previous authors
in’that a constant pressure assumption is not made. The present analysis
allows for the outflow pressure to equal the freestream static pressure,
yet does not prohibit pressure excursions within the control volume which
yield a net thrust or drag. This seems to be an important consideration
since by it’s elliptic nature, -the subsonic plume extending past the
outflow plane is influenced by the pressure downstream which quickly

returns to freestream behind the vehicle.

In the development to follow, only the axial or thrust force will be
considered. A beneficial normal force, proportional to the axial force is
also generated which counteracts the high pressure forward of the vehicle
center of gravity on the forebody (or inlet compression surface). - The
benefit of this normal force (which may be a number of times largef than
the axial force) cannot be characterized as easily, but it has the
synergistic effect of reducing drag by reducing the vehicle wing loading,

and required pitching moment trim. The determination of the normal force |



is an obvious extension to the control volume analysis once the nozzle
chorda1 angie is specified, and it must be considered in vehicle closure
studies, when comparing external burning to other propulsion augmentation

options.

Development

A simple planar expansion ramp geometry is used to model the vehicle base.
ﬁith some imagination, thi; can be thought of as a simplified
representation of the vehicle afterbody and nozzle system where the nozzle
cowl flap and the main enjine exhaust flow outer. shear layer comprise a
solid surface upon which external burning acts. The angle of this control
surface and its’ projected base area would be functions of the vehicle
afterbody and nozzle gebmetry as Qe]l as the main engine nozzle pressure
ratio. Impiicit in tﬁis thinking.is that the engine exhaust stream
transmits the local pressure on the shear layer directly to the vehicle

afterbody.

An import#nt initial step in any coritrol volume analysis is the prudent
choice of.problem boundaries.’.cood choices include surfaces through which
mass does not pass and surfaces through which mass passes at right angles.
A1l boundaries in thé subsequeht development fall into one of these
categories. Figure 2-1 depicts the control volume nomenclature used. At
station zero a uniform stream of air flows into the control volume at

freestream conditions. The stream is fueled by injecting gaseous hydrogen



21
normal to the freestream through a row of sonic orifices. This
specification of the fnjection method is not essential to obtain initial
results, but is included so that fuel momentum may be taken into account.
Conditions at the outflow plane or station two are also taken as uniform
with velocity parallel to the freestream. The expansion ramp or vehicle
base on which the change in force will be evaluated comprises the upper
control surface. Completing the control volume is the streamline bounding
the external burning plume, emanating from a point at station zero above
which all of the fuel is confined. Integral forms of the continuity,
momentum and energy equations can now be applied to the control volume and °
with some additional assumptions will result in a system of four equations

which can be solved for a choice of four dependent variables.

The applicable form of the integral momentum equation for steady flow with

no body or viscous forces is as follows:
f(pf/'-d's)\? + fP ds =0 [2-1]

Equation 2-1 is split into x and y components, and the integrals are
evaluated for each control surface. Beginning with the x component, the
inflow and outflow surfaces are easily evaluated with the assumption of

uniform, parallel flow, and yield the following terms:

inflow: -th,u, = Py, [2-2]
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outflow: (thy+th,) u, + P,y, _ [2-3)

At the upper boundary or_wall surface, only a pressure integral exists and

is written in terms of the axial thrust coefficient defined as follows:

c, = - 2u [2-4]

The minus sign preceeding this equation is required so that wall pressures
above freestream static pressure result in positive thrust (note that the
area increment vector ds pdints out of the control volume). Using this
definition, terms of the x-component of the momentum equation for fhe wall

surface become:
wall surface: ~CeQoYp = PoYp ‘ [2-5]

On the bounding streamline or lower control surface, there is no momentum

| flux and linear theory is used to evaluate the pressure integral. Simply

stated, the Tocal pressure coefficient on the streamline is assumed to be
a function of the local deflection angle. Assuming small angles the

Tinear theory relation is as follows:
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‘ -/ dy : ‘
c = Fuh 2(‘1" . [2-6]

2 oo ',E-—_i

The minus sign is required so that deflections away from the vehicle axis
result in positive values of C,- It is further assumed that the streamline
returns to the freestream direction at station 2 so that the outflow and
inflow pressures are equal. Under these assumptions, the x-component of

the pressure integral on the streamline becomes:

_2[ P, - fff.(f-‘f’i’lz %") dx [2-7)
0 vGEFG[ .

The second term in the integrand cannot be evaluated unless the variation
of dy/dx along the streamline is known. This term, which is the pressure
increment above freestream times an area increment involves the slope
squared and always acts to reduce the thrust coefficient. Since linear
theory a]ready restricts the analysis to small deflection angles, it could
be neglected which would be tantamount to assuming that freestream
pressure acts on the streamline control surface. A more conservative
approacﬁ is to account for the term at least approximately by assuming a
streamline shape. In practice, the shape would depend on fhe axial heat
addition distribution which is beyond the scope of this simple analysis;
The assumption used herein is that the slope is constant and equals the

total change in elevation of the streamline divided by the ramp length L.
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The first term in equation 2-7 fnvolves the integral of the slope and is
gva]uated exactly as freestream pressure times the change in elevation
along the streamiine. The resulting terms of the x-momentum equation on

the streamline are as follows:

0 1

streamline: Po(Yotyp=y,) =

Summing the terms in 2-2, 2-3, 2-5, and 2-8, the final x-momentum equation

~ becomes:

- 3lf2le) ) Gogiy

Y Yo

The second term is the streamline linear theory approximation and is

negligible for low deflection angles and thrust coefficients. Note that

 this is where the éffect of the ramp angle appears. From this equation it

can be seen that for thrust coefficients near zero (base drag eliminated)
the infiow and outflow'velocities are nearly equal, only differing by a
factor invo]vingrthe fuel-air ratio. The outflow temperature following
hydrogen-dir combustioh can be almost an order ofvmagnitude greater than
the inflow; resulting in a factor of three increase in the speed of sound.
The outflow will therefore be subsonic for the range of freesiream Mach

numbers of interest here.
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Evaluating the y-component of momentum on all control surfaces resu]ts in

equation 2-10:

) L L
(M) g = -(PA), - [ Pyax « [ Pydx [2-10)
[

| Here it has been assumed that the fuel is injected normal to the
freestream. The integrals are evaluated in a manner analagous to those of
the x-momentum equation with the additional a;sumption that the wall
surface is straight (dy/dx is constant). The final form of the y-momentum

equation is as follows where d* is the diameter of the choked orifices, and

S is the spacing between orifices:

Yo Yo %2, - R ] - k.
2( L)[ Yb(yo 1) 1] ) (1'CVY:)(Q°)(yb)(4) [2-11]
v

-1 | (1+ (y,~1) )';;%(_s_xi)
2 d Ay,

G =

The second term represents the fuel momentum and acts to reduce thrust.
In spite of it’s complexity, this term is negligible compared to the

inflow momentum and can be ignored.

The tontinuity equation can be written simply as a statement of mass

conservation in the control volume:
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th, + thy = th,  [2-12)

App]ying the equation of state for a thermally perfect gas at the inflow

- and outflow stations, and recalling fhat the inflow and outflow pressures

are equal, results in a relation for -the overall control volume area

ratio:

o CEIE)E 215

To close the system of equations, information about the thermodynamic

state of the outflow is needed. This is provided by the energy equation:

§p7ds + fp(e+-‘2’f) 7ds = 0 [2-14]

Only the inflow and outflow planes, and the normal fuel injection need to

be considered here since the dot product of velocity and area is zero

.everywhere else. Equation 2-15 is the energy balance used.

v ) . » 2
m.(m-z-)o + m{n 7): (m,m,)(h 3 )z [2-15]

This equation is evaluated by assuming that combustion at a given fuel-air
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ratio is complete at station 2 and that the combustion products are in
equilibrium at freestream static pressure. Ten species are considered in
this calculation which is outlined in appendix A. The outflow gas
constant Aneeded in the continuity equation is a by-product of the

equilibrium energy balance.

Equations 2-9, 2-11, 2-13, and 2-15 are four equations which can be used
to solve for four unknowns. In general,'the‘control volume 1inflow
conditions are specified, as well as the inflow stream height and fuel-air
ratio. The conservation equations can then be used to determine the
control volume area ratio y,/y,, velocity ratio u,/u,, temperature ratio
T,/T, and finally, the thrust coefficient C,. Some variations of this

basic equation set will now be described.

jonal Relief roximat

A non-zero thrust coefficient implies pressures different from freestream
within the control volume which would give rise to a transverse flow. To
account for this three- dimensiona1 relieving effect which would tend to
Tower the magnitude of the thrust coefficient, some additional modeling is
introduced which allows for changes in the control volume width from
station 0 to station 2. The main assumption here is that all three
*sides" (stream surfaces) of the control volume deflect equally. The
change in the formulation arises in the x and y-momentum equations where

the streamline slope is reduced since the cross-sectional area of the



control volume at station 2 is now accommodated by equal deflections of
all three stream surfaces. Similar to the two-dimensional form (2-7), the

x-component of the pressure integral on the stream surfaces is:

(&) |
ax), [_da , .,Ze)dx [2-16)

JE__I dx L

o--z Py - 20,

The’dA/dx_term is the total cross-sectional area change, and dy/dx is now
the three-dimensional slope of all three stream surfaces. As in the two-
dimensional case, this slope is assumed to be constant and equal to the
total deflection divided by the base 1length. The final “three-

dimensional" form of the x-momentum equation becomes:

o ) SRR

The three dimensional stream surface deflection is a function of the
~control volume area ratio A,/Ay, the inflow stream height Yo/Y,» the base
aspect ratio w/y,, and the ramp angle L/y,. Evaluation of this term is

purely geometric and is reduced to the quadratic equation below.
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Ay.. ¥\ Ay,
a( i?p) . t( i?p) tCc=0
2
as 2(-5)
. 4
b= 2(_L_) 1460, 1(_1)]
Y Y» 2\¥»

o=l G- %)

It should be noted that some small pressure-area terms have been neglected

[2-18]

in this three-dimensional model since the control volume no longer
conforms exactly to the edges of the ramp surface. Since linear theory
already restricts angles to small values, inclusion of these small

"wedges" is unneccessary.

The three-dimensional y-momentum equation is similar to the two-
dimensional form (equation 2-11) except that the 3-D streamline deflection

is now used:

[2-19].

The continuity and energy equations are uhchanged, with y,/y, interpreted

as the cross-sectional area change of the control volume from inflow to

outflow.
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ati r ' rf

The energy equation can be greatly simplified by neglecting the addition
of fuel altogether and assuming that energy is simply added to a perfect
gas air stfeam. The resulting equation (2-20) will be useful in a
subsequent section when comparing results from a two-dimensional perfect

gas Euler anélysis.

T, 1 afw:), 1
=2 = (y,~1)M g . --(—’) += 2-20
T, | @i (M 2\%) 2 (2-20]

The energy added per unit mass of air flowing into the control volume (q)
is assumed equal to the product of fuel-air ratio and the lower heating
value of the fuel. Corresponding simplifications to the continuity and
momentum equations are readily made by assuming a fuel mass flow of zero
and that the outflow and inflow gas constants are identical. If the two-
dimensional forms of the x and y momentum equations are used (2-9 and 2-
11), and the second term in equation 2-11 is neglected, the equation set

can be manipulated into a quadratic in uy/u,.

ation r

At zero drag, three-dimensional effects are negligible, so the two-

dimensional equations are used. Further, the term involving the slope
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squared in the x-momentum equation (2-7) can be neglected. The fuel
momentum term in the y-momentum equation is {ignored so that answers a;e
not specific to the normal injection case. Now, setting the thrust
cbefficient to zero results in the following forms of the x-momentum, and

y-momentum equations.

U w1
m,
Yo o 1 |
Yp (& -1 [2-22]
Yo

The continuity and energy equations are unchanged at zero'dfag.

Performance Parameter Definitions

A figure of merit for externa] burning is needed so that it’s performance
can be compared to that of other forms of propulsion. An obvious choice

would be the specific impulse based on the force generated by external

burning:

AXIAL FORCE INCREASE [2-23]

I, *= »
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In terms of the external burning parameters used in the preceeding

development, this equation becomes:

(C, - cfo)

" B

(1b,~sec/l1b,) [2-24]

Where C,° is the ramp ;urface force coe%ficient without external burning
and is defined exactly as thé thrust coefficient was in equation 2-4.
Another definition, which does not involve the fuel off thrust coefficient
is obtained by assuming that the pressure on the wall with no external
burning is zero. The resulting "total specific impulse” can.be written as

follows:

. 2
(C'. YMS)

I =
sp, tot yo mt 29,_.
Vb Ih. y,

(1b,-sec/1b,) [2-25)

~ This definition results in high impuise values, since it is based on the

total force instead of the external burning force increment, but can be
computed without knowledge of the drag coefficient. The total specific
impulse is the sum of the external burning impulse given by equation 2-24
and an impulse attributed to the pressure on the ramp without external
burning. It cannot be directly compared to the specific impulse of other

propulsion systems, but is useful for examining trends.
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At zero thrust coefficient, a "normalized" specific impulse is obtained

from equation 2-24.

[ Yo
~eo (ZEX [ ) ( Ih:) (1b,~sec/1b,) [2-26)
Y\ 1, YW

This equation illustrates the fact that external burning performance is

directly proportional to the severity of the base drag problem.

Results

The zero-drag form of the equations will be examined first to determine
the fuel flow and inflow stream height required to eliminate base drag.
If either of these parametefs appear to be unreasonably high, the utility
of the concept would be in question. The zero drag y-momentum equation
(eq. 2-22) states that the inflow stfeam height depends only on the
control volume area ratio. Since this stream must be fueled by a fuel
injection system in any practical application, a low value is desirable
which translates into a high value for the control volume area ratio. As
shown by equation 2-13, the area ratio is mainly a function of the.fuel-
air ratio chosen since at zero drag, the inflow qﬁd outflow velocity ratio
is nearly one. Both the temperature and gas constant ratios increase with
increasing fuel-air ratio until the maximum equilibrium temperature is

reached at a fuel-air equivalence ratio slightly greater than one.
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Further increases in the equiva1en¢e ratio result in much lesser increases

~ in area ratio as the now decreasing equilibrium temperature compensates

for the gas constant and nass- addition effects. The equilibrium
temperature ratio is affected to a lesser extent by altitude, as the
temperiture ratio increases with decreasing inflow temperature. The
effect of pressure on the equilibrium calculatibn is negligible at the
altitude§ considered for transonic flight. |

The varijation of required inflow stream height at zero drag with fuel
equivalence ratio is shown in figure 2-2a over a range of transonic flight
Mach numbers on a 1000 psfa dynamic pressure trajectory. Note that since
the 1inear theory terms were ignored in the zero drag equations they can
be evaluated below Mach one. The benefit of increasing equivalence ratio
is reduced for equivalence ratios greater than one. The curves flatten
out at Mach 1.8 as the vehicle climbs into the tropopause and the inflow
temperature becomes constant. This is the only effect of trajectory on
the inflow stream height; different trajectories would simply cause this
flatteﬁing to begin at a different Mach number. For a stoichiometric, or

fuel rich system, the required stream height is about six to ten percent

" of the base height over the entire Mach number range.

The inflow stream height and freestream conditions fix the air flowrate
into the control volume, so specifying the fuel-air ratio determines the
fuelvflbwrate required. Figure 2-2b shows the required fuel flows at zero
drag corresponding to the conditions of figure 2-2a. For equivalence

ratios less than one, the increase in fuel flow with fuel-air ratio is
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compensated by the reduction in inflow stfeam height. Thus the curves for
equivalence ratios from .5 to 1.0 are nearly coincident. On the fuel-rich
side however, the fuel flow does increase with equivalence ratio since the |
- reduction in inflow stream height is relatively small. Unlike the 1nfloQ
stream height, the fuel flowrate is a strong function of altitude being
roughly proportiohal to the freestream dynamic pressure. Along the 1000
1b/ft? trajectory, the required hydrogen flowrate ranges from about .05 to
.2 1b/sec per ft® of base area for stoichiometrié or fuel lean equivalence

ratios.

So far, the desire for low inflow stream height requires the highest
equivalence ratio possible, tempered by consideration of the fuel flow
which increases sharply for equivalence ratios greater than one. The
penalty for high fuel flow is shown in figure 2-2c using the "normalized”
specific impulse given by equation 2-26. The impulse values decrease with

increasing equivalence ratio, but there is relatively little loss in
performance for equivalence ratios up to one. Performance degrades
quickly however with further increases in equivalence ratio. The specifio
impulse is nearly invariant with trajectory, sincé the fuel flow increases
proportionately with freestream dynamic pressure, and the ratio of these
two appears in equation 2-26; i.e. for a given drag coeficient, the drag
force and fuel flow are proportional to dynamic pressure. The increase in
specific impulse with Mach number is due to the norma1izafion used and
would only occur if the drag coefficient were constant over the Mach
number fange. To determine the actual I, due to external burning, the

base drag of the vehicle without external burning must be known. The
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determination of a base drag coeffiéient is a complex problem even for
simple projectile shapes, dependfng on many different parameters such as

Reynold’s number, Mach number, approach boundary layer thickness and.
boattail angle. The situation hefein is further complicated by the main

engine exhaust which has already been simplified. Reference 1 contains a

‘ vast‘number of correlations and models from which an overall flavor of the

base drag problem can be obtained. To pick a single drag coefficient
applicable bver the range of flight conditions would be a gross
oversimplification, however for the present discussion, a value of order -
.25 puts a lower bound on the specific impulse, reducing the normalized
values by a factor of four. Even at this conservative level of base drag,

the I, at stoichiometric conditions ranges from 1000 to 4000 seconds which

"exceeds that of a rocket (400 sec) and is competetive with a turbojet

installation. Added benefits of an external burning system are its light

weight and relative simplicity.

The results at zero drag indicate th#t the external burning systeﬁ should
be designed to operate at or near stoichiometric conditions. A fuel-lean
approach results in slightly lower fuel flows, and higher performance, but
would involve distributing Ie;s fuel over a larger cross-sectional area.

From the practical standpoints of fuel injection and flame stability to be

~discussed in a subsequent section, equivalence ratios near one are

preferred.
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Fuel Injection Considerations

Given the required fuel flowrate and inflow air stream height, the fuel
injection scheme can be examined in more detail. A transverse row of
sonic orifices injecting gaseous hydrogen fuei normal to the freestream
will be considered. More imaginitive ways of fueling the stream such as
spraybars, vortex mixing, etc. could be considered, but wall injection can
be modeled in a relatively straightforward manner and provides a good
point of departure for more elaborate schemes. Upon injection from a
sonic orificevnorma1 to the f;eestream, the fuel Jet interacts with the
oncoming freestream air and is bent downstream in a relatively well-
understood inviscid process known as "jet penetration"®®'.  The
"trajectory” of the fuel jet depends largely on the momentum of the two
streams. If the freestream momentum is high compared to that of the jet,
the fuel is quickiy directed downstream and may on]y penetrate a few
orifice diameters into the freestream. This inviscid interaction which
results in most of the penetration occurs within about 20 orifice
diameters downstream of injection, after which the viscous mixing process

transports the fuel further into the freestream at a much slower rate.

For round, underexpanded, sonic orifices the jet penetration depends on a
number of parameters including the orifice diameter, fuel and freestream

conditions, and distance downstream of the orifice at which the



penetration is measured. The jet penetration was found to'be almost
invariant with gas molecular weight and total temperature in reference 48.
Povinelli et.al.®® presents a cbrfeIation of experimental data which is
useful for the present application, inihg an equation that describes the
oﬁter boundary of the injectant defined'gs a 1/2% concentration by volume.
Fqur correlating barameters were used, hamely the jet penetrafion in
orifice diameters yb/d', the distance downstream of the orifice centerline
x/d", the orifice exit Mach number, and the jet'total pressure divided by
the "effective back pressure”. The effective back pressure idea was
introduced by Orth, et.al.*” as a way of extending results for injection
into a quiescent medium to 1njection into a supersonic cross-flow. The
effective back pressure iS taken to be 2/3 of the stagnation pressure
behind a normal shock at the freestream Mach number. For sonic orifices
the correlation equation reduces to equation 2-27 which will be used

herein to describe jet benetration.

' .483 .201
Yo . 1,12(_P£.r_1') (..i‘. " ,5)
* Py, [2-27)

Py, = (2/3) Py y.g

The fuel-air equivalence ratio and the control volume inflow stream height
are two key parameters which will now be related to the jef penetration.
The amounts of fuel and air involved in the external burning process must
be known to arrive at an equivalence ratio. The fuel flowrate through a

choked orifice of diameter d* s described by equation 2-28:
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. Py, ng” '
iy, = .1403 C, —22 2 [2-28)
Vg

- The total fuel flowrate is then determined by the number of orifices in
the row. Estimating the amount of air involved in the unconfined stream
is not as s?._raightforward and must be approximated. The central
assumption used herein is that the inflow stream height y, is equal to the
jet penetration Yp- The air flow is then taken as that which flows at
freestream conditions through the inflow plane. Thus each orifice fuels .
a cross-section of the inflow air which is y, high and S wide where § is

the spacing between the orifices. This airflow is given by equation 2-29.
Peofl A*
h, = .532-—'—"-[—;)0;',5 [2-29]

Combining equations 2-28 and 2-29, the fuel-&ir equivalence ratio based on

"penetration times spacing” becomes:

) ()",
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The penetration times spacing equivalence ratio is obviously of a global
nature and is most rational if tﬁe orifice spacing and the jet penetration |
are of nearly the same magnitude'; A parameter which gives a degéee of
freedom to this calculation is the distance downstream (x/d') at which the
penetration is taken {in equation 2-27. The 1/2% concentration
‘trajectpry' given by equation 2-27 is plotted in.figure 2-3, for various
values of the jet pressure ratio. For x/d" values greater than about 20,
the ca1cu1atéd equivalence ratio will not be a strong function of x/d" due
to it’s .281 exponent. A value of 30 is used in moét subsequent

~ calculations.

The design problem is then one of finding a combination of orifice
diameter, spacing, and fuel conditions, which results ih the desired
equivalence ratio and inflow stream height (jet penetration) at the given

flight condition.

Fuel Injection Design Example

4 Equation 2-30 can be rearranged into equation 2-31 where a dimensionless
grouping of fuel injection parameters F, is written as a function of

freestream conditions and the desired fuel-air equivalence ratio.

In reference 43, the concentration profiles downstream of the
orifice are shown to develop into a "kidney shape” of total width roughly
equal to the height.
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.517 :
P .281
(--"* ] C, .192(—"_ +.5) ¢
Fy, = At - d [2-31)
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Replacing the Jjet penetration yb'with the inflow stream height y, in
equation 2-27 results in a second dimensionless group F, which also relates
fuel injection parameters to freestream conditions and the desired inflow

stream height.

R A e IR £ B I 0 B ]

Noﬁ, if a design flight condition and equivalence ratio is chosen, the
required inflow stream height from the zero-drag equations (figure 2?2) is
known and the fuel pressure, temperature, and orifice geometry can be
traded using equations 2-31, and 2-32. For the following example, the
Mach 1.4, 1000 psfa dynamic pressure (26700 ft. altitude) flight condition
was chosen. An equivalence ratio of one is used since as discussed
previously, this provides a good compromise between specific impulse
performance and operability in terms of fuel injection and flame
stability. This design point results in values for F, and F, of .4588 and
.0239 respectively. Specifying a fuel pressure of 300 psia, results in an
orifice diameter of .005824 base heights from equation 2-32. The orifice
spacing ratio s/d" can now be obtaineq from equation 2-31 by specifying a

fuel temperature and flow coefficient. Using a fuel temperature of 518
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degrees Rankine and a flow coefficient of 0.9, the spacing ratio is 9.485.

- At the Mach 1.4, 26700 ft. flight condition, this orifice design will

match the jet penetration and fuel fléw such that the inflow stream height
and equivalence ratio are the required values for zero drag. Similarly,
the specific impulse performance at this condition will be the zero drag
value given in figure 2-2c (8679 times C,°). To. match the zero drag fuel
flow and jet penetration over the entire trajectory requires a unique
schedule of fuel temperatqre and pressure. For the example design given,
this schedule appears in figure 2-4. It is unlikely that this variation
of fuel conditions would exist at any one point in the fuel system, where
the external burning fuel could be extracted. To follow the variation

shown in pressure and temperature would burden the relatively simple

- external burning sytem with auxiliary pumps, heat exchangers, etc. making

it much less attractive.

rformance at Constant Fuel Condition

Fortunately, the penalty for off-design operation is not substantial as
can be seen in figure 2-5 where the example orifice pattern is operated at
the design fuel conditions (360'ps1a, 518 degrees Rankine) over the entire
trajectory. Now, the resulting equivalence ratio and stream height will
not necessarily result in zero thrust coefficient and the general form of
the control volume equations must be used. In figure 2-5a, the inflow
stream height which is simply the jet penetration at constant fuel

conditions is plotted. The zero drag, stoichiometric design result is
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" also shown for comparison and obviously intersects the other curve it the
Mach 1.4 design point. The jet penetration varies only about 10% over the
entire envelope, as expected since the jet momentum is constant and the
freestream momentum 1s nearly so on a constant dynamic pressure
trajectory. This results in the continuously increasing equivalence ratio
shown in figure 2-5b since the fuel flow is constant, and the airflow

decreases along the trajectory.

With the_equivalence ratio and inflow stream height known, the control
volume equations are solved for the non-zero thrust coefficient. First
however, the tangent of the base angle y./L must be specified, and if the
three-dimensional expansion assumption is used, the aspect ratio w/y, is
also needed. The thrust coefficient obtained by assuming a three-
dimensional expansion and equilibrium chemistry is plotted in figure 2-5¢
| along with thrust coefficients for a 2-d expansion, and a perfect gas 2-d .
expansion. To give the plot a éense of scale, it may be noted that the
drag coefficient for a 15 degree Prandtl-Meyer expansion is -.630 at Mach
1.1 and -.145 at Mach 2.6. This represents the worst case for the ramp
without burning. In reality, three-dimensional effects and boundary layer
separation would tend to make these values closer to zero. With respect
to the Prandtl-Meyer expansion values, the thrust ‘coefficient with
external burning does not vary significantly from zero, which is the
reason that the 2-d and 3-d curves are nearly coincident. The perfect gas
assumption results in high temperatures and high.area ratios causing
slightly higher thrust. This is compensated for somewhat by neglecting

the fuel mass addition which is included in the real gas calculation.



"From the standpoint of thrust, the consequences of simply usihg constant
fuel conditions are negligible fdr a system designed at an intermediate

fiight condition along the trajectory.

Ffom figure 2-5b, using constant fuel conditions results in increasing
équiva]enée rati&. For constant’ thrdst, this translates into a
continuously decreasing spgcific impulse as shown in figure 2-5d. The
specific impulse as defined by equation 2-24 is plotted for the 3-d thrust
coefficient of figure 2-5¢ assqming a Prandt]1-Meyer expansion for the fuel
off thrust. The zero thrust curve is also shown for comparison. The I
is greater than the zero drag Va1he for negativg thrust coefficients and
less than the zero drag value for positive thrust coefficients. For
example, at Mach 1.2 the zero drag I, is 3757 seconds; compared to an I,
of 4373 seconds at a thrust coefficient of -.017 for the constant fuel
conditions case. At Mach 2.0, Thé zero drag impulse is 2755, as compared
to 1992 at a'thrust coefficient of .614. The result of not adhering to a
design point fuel schedule -is thus slightly less thrust at a higher
impulse or slightly more thrust at a reduced impulse. These numbers
are greater than what would be obtained in actual practice since the fuel
off thrust coefficient would be somewhat higher. However even at half
these impulse values the extérnal burning system is competetive with
turbojets given its light weight, simplicity, and the synergistic effect
of the normal component of force which is not included in the performance

assessment.
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control Volume Analysis Summary

Application of the conservation equations to a control volume representing
the external burning process results in a system of equations which
characterizes performahce and operability. A subset of these equations in
which the thrust coefficient is set to zero provides a zero drag fuel
injection orifice sizing criterion. Results 1indicate that a
stoichiometric design strategy provides a good compromise between
perfofmance and operability. An inflow stream height on the order of IQ%
of the base height and a fuel flow of .1 to .2 pounds per second per
square foot of base pfojected area are required to zero the thrust
coefficient along a 1000 psfa dynamic pressure trajectory. This results
in specific impulse performénce competetive with other forms of
airbreathing propulsion. A single row of sonic orifices was sized to
match the fuel flow and jet penetration for zero drag at a single flight
condition. Using constant fuel pressure and temperature, the resulting
orifice design worked acceptably over the entire Mach number range
indicating that modulation of fuel conditions is unnecessary. These
encouraging initial results warranted further analysis and experiment

which is the subject of the following chapters.



CHAPTER I11 - EULER ANALYSIS

Background

The control volume analysis ensures conservation of mass, momentum and
energy under the stated assumptions, but is a "black box" approach.
Internal details of the complex flowfield need not be considered to
evaluate the force imparted to the wall surface. An interesting
implication of the control volume analysis is that the wall force does not
depend on the axial distribution of heat addition, but only on the total
energy added. Another feature of the flowfield is the small change in
velocity of the external burning stream from inflow to outflow for near-
zero thrust coefficients (see equatién 2-9). The plume is driven to a
subsonic condition by an increase in the speed of sound and not by
deceleration. The transonic freestream is in general deflected by-the
plume, unless the stream expansion caused by heat addition exactly matches
the wall geometry’. Deflection of the outer, transonic stream causes
axial pressure gradients which are balanced by the subsonic plume and give
B rise to an 1nter§ction between the hyperbolic outer stream and the

elliptic plume.

-* In reference 52, Broadbent presents an interesting inverse method
for determining the heat addition distribution required for a desired wall
pressure distribution and streamline pattern in an inviscid two-
dimensional flow. The method is restricted to supersonic flow in which
the shape of the streamlines can be estimated readily, and so has limited
application to the present case.
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The desire to better understand the features and interactions of the
inviscid external burning flowfield and to verify in two-dimensions the
control volume results, led to the development of an Euler analysis uhich‘
is the topic of this section. The Euler analysis also proved useful ih
evaluating the experimental results of chapter IV where the additional
interaction of the free-jet boundary was examined. The Euler equations
were chosen due to their relative simplicity and as the next step in
complexity from the control volume anaIysis.' A representative heat
addition distribution is imposed on the flowfield through the energy
equation and the equations are solved using a time-marching technique.
Assuming the distribution of energy addition a priori may at first seem to
be an oversimplification, but the alternative fs a viscous model of the
complex mixing and chemical processes which are themselves subject to
assdmptions on turbulence and chemical reaction rates. A much finer grid
and orders of magnitude greater run times are other obvious drawbacks to
a Navier-Stokes approach. Using the Euler appfoach, the heat addition is
based on available information such as jet penetration and fuel flow and
can be varied parametrically. Features of the flowfield and analysis are
depicted schematically in figure 3-1. The geometry studied parallels that
of the control volume analysis, being a straight ramp adjacent to which
heat is added so as to counteract the expansion and reduce the drag force.
The heat addition region in general drives the supersonic inflow to a
subsonic condition resulting in a mixed supersonic.subsonic-outflow} The
upper lateral boundary downstream of the ramp is treated in two different
ways, as a solid wall parallel to the freestream, and with a second inflow

which simulates the flow over the upper surface of the vehicle, generating



a slip line between it and the.exterhaI burning plume. In comparisons of
~the two methods to‘be presented in chapter 4, the plume was quickly
~ deflected by the freestream infiow and the slip line and wall were nearly
coincidént, resulting in negTigfb]e differences in the ramp pressure
distributions .and drag force. The lower lateral boundary is treated as
 either a free boundary through which waves may pa'ss, or a free-jet
boundary which deflects, reflecting waves of the opposite family back into
the flowfield. The heat addition 2zone is bounded by the wa]1 and'a
streamline emanating from a specified point at the inflow in the lateral
direction, and axially, by specified upstream and downstream locations x,

and x,.

Development

Euler Equations in Conservation Form

The equations of motion for an inviscid, non-conducting gas without body
forces were taken from reference 53. For the present case, the term
representing the energy addition must be retained in‘the differential
energy équation. The resultihg'equation set in conservation form and the

non-dimensiohalization used is as follows:
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Following reference 53, a general grid transformation is applied and the
equations are put back into conservation form. The resulting equation set

in transformed coordinates contains the Jacobian and metrics of the

transformation.
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The U, E, F, and Q vectors are as defined in equations 3-1.  These
equations are then solved on the transformed, uniform, rectangular grid.
Algebraic grid generation was used with stretching functions taken from

reference 53, used in both the x and y directions.

Method of Solution

The transformed equations were solved in finite-difference form using
MacCormack’s explicit, time-marching, predictor-corrector technique as
presented in reference 53. :A~'forward predictor, backward corrector
differenc{ng scheme was ‘used ‘for internal points, with appropriate
swiiching at boundaries where an initial solution is needed to apply the
boundary conditions. The flowfield was initialized to the inflow
conditions and then marched in time using a time step determined by the 2-

D Courant number:

c = _t(vj+a)At
2D
V(Ax)“+(Ay)*

(3-3]

The flowfield was surveyed at each iteration to determine the maximum
allowable time step based on a constant Courant number. For many of the
flowfields with heat addition and large density gradients a Courant number
of 1/4 was needed to stabilize the solution. To determine convergence,

the absolute value of the change in each of the U vector members (obtained



51
in the corrector step) was summed over the entire flowfield at each time
step. These four values which represent the degree to whfch each of the
four conservation equations are satisfied generally decreased by several
orders of magnitude, approaching steady-state values which were grid and

problem dependent.

Damping was required to stabilize the solution in the vicinity of shock °
waves as well as near the boundary between heated and unheated regions.
~ Common artificial viscosity models based on velocity gradient are
sufficient for adiabatic flow, but for the pfesent case, large gradienis
in density can occur across the heat addition boundary fn the absence of
a velocity gradient, vrendering the artificial viscosity models
ineffective. The method used was a variation on.that of Rusanov os
presented in reference 54. Terms involving spatial derivatives of the U
vector members are added to the members of the E and F vectors in all four
equations. This corresponds to adding an artificial viscosity, as well as
a mass diffusion, and thermal conductivity. The dissipation terms modify

the transformed E and F vectors in equations 3-2 as follows:

E- Ll (mec0) + £, (reC0)] |
[3-4]
F-

gl ol

[N, (B+C,T,) + n,(P+C,0,)]



where C, and C, are damping coefficients given by:

- G = Cy(lu|+a)Ax
| [3-5]
C, = Cy4(|v|+a)Ay

and C, is an adjustable damping coefficient. This damping scheme was
successful in smoothing oscillations near shocks as well as across heat
addition boundaries. C, values from .01 to .1 were used with the optimum

value being pfoblem,dependent.

Assignment _of Heat Addition Distribution

In defining the heat addition distribution, it is assumed that the inflow
stream height and equivalence ratio are known. This determines the total
heat added which is then distributed over the heat addition zone. The
heat addition zone is bounded laterally by the wall, and the streamline
~which emanates from a point defined by the height of the external burning
stream at the inflow. The total energy input per unit time is obtained

from the air flow and fuel-air ratio and is given by equation 3-6.

thy, ft-zb,) 3-6
000 = 778 m{-t-h-“-]z.zriv,,a ( —— [3-6]
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Where LHV is the lower heating value of ﬁydrogen and is taken to be 52000
BTU/1b,,. _This'totaI energy input must equal the integral of the assumed
distribution of heat addition per unit volume over the heat addition zone.‘
~ After writing the air flow in terms of freestream conditions and thé
inflow stream height y,, this equality written in non-dimensional form

becomes:

lg.

(S| ) - (2 2) f (——L)ca( 043 o

The heat addition zone is defined by the beginning and end points of the
exﬁansion surface, and the upper and lTower lateral boundaries. The‘upper
boundary is the wall, and the lower boundary is taken as the streamline
starting at the inflow stream height y, which changes as the solution
marches in time. This equation is satisfied at each time step by traéking
the bounding streamline and numerically integrating the heat additioé
distribution. A coefficient which pre-multiplies the distribution
fﬁnction is then adjusted such that equation 3-7 is satisfied at all times
as the solution converges and the bounding streamline moves. Note that
the left hand side of the equality is equal to the heat addition ierm in
equation 2-20 which facilitates comparison between the Euler and control

 volume results.



The 1nflow is assignéd uniform freestream conditions, and the entire
flowfield is initialized to these conditions. At the outflow boundary, a
zero axial gradient is specified by overwriting the solution at the
outflow plane with that from the last interior column for both supersonic

and subsonic regions.

The wall boundary is treated using a method suggested in reference 55
.which is applicable for both supersonic and subsonic flow. First, the
solution at the wall is obtained using backward differences. The velocity
vector so obtained is not in general tangent to the wall, i.e. a finite
-normal velocity exists. This normal velocity is computed and a finite
unsteady coﬁpression or expansion wave of the proper magnitude is
introduced at each wall grid point such that the inducgd velocity of the
wave is equal to and cancels the ﬁormal velocity. The conditions
downstream of the wave then correspond to the corrected state variables at

the wall.

The Tower lateral boundary is treated using the method of characteristics
extrapoiation of reference"54 for supersonic points, and a simple
extrapo]atioh from the adjacent interior point if subsonic flow exists
downstream of strong shocks passing through the boundary. For the free-
jet boundary model, extra grid is added below the free-jet with a separate
inflow at the same static pressure, a specified total temperature, and a

Tow subsonic Mach number. The free-jet slip line is thus "captured" as
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the solution develops in time. At the lower computational boundary, the
velocity components'are extrapolated from the adjacent inferior pointé,
and the static pressure and total temperature are set to the inflow

values.

Results

Features of a 2-D inviscid gxternal burning flowfield with three different
distributions of heat addition imposed on it will be examined first and
~ compared to control volume analysis results. Next, the effects of grid
refinement and artificial damping oﬁ the solutions are examined. Finally,
the 2-D inviscid and control volume results are compared over a range of

Mach numbers.

Prior to computing the relatively complex external burning flowfields, a
number of test cases were run to verify that the program would properly
solve a wedge-compression, a Prandtl-Meyer expansion, and a constant area
heat-addition (Rayleigh) flow. These test cases are presented {n appendix
B.

ff f He dditi r

A 15° expansion at Mach 1.4 was chosen so that results may be directly
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compared to the control volume analysis of section 2. In all three cases
to be presented in this section, the 80 by 40 grid shown in figure 3-2 was
used with a dampiﬁg coefficient.of .025. The grid density was biased
toward the ieading edge of the eipiﬁsion to resolve the relatively small
inflow stream height, and the complex interactions in this region. The
total heat additioﬁ is commensurate with that of the Mach 1.4 example fuel
injector design given figure 2-7, i.e. an equivalence ratio of 1.00, and
inflow stream height (yo/yb)'of .0865 are used in equation 3-7 to determine
the total heat added. ihe heat addition zone was bounded by the beginning

and end points of the expansion ramp in the axial direction, and by the

“wall and streamline in the trénsVerse direction. The same total energy

addition was distributed in three different ways within these boundaries.
The first distribution is simply a constant over the entire area as shown
in figure 3-3. The streamlines of the converged solution appear in the
figure and indicate a delay in the expansion of the external burning plume
which fesulté in significant defieciions in the freestream. The second
distribution employed a Gaussian function in the axial direction'td more

closely approximate what may be expected in a real mixing and combustion

situation. This distribution is depicted in figure 3-4a and causes an

initial compression in contrast to the constant heat addition case. The
funciiona] form used, shown in figure 3-4b is maximum at the leading edge
of fhe expansion, and decays to zero at the trailing edge. The third
distribution'shown in figure 3-5a is a variation on the second, where the
Gaussian axial distribution is retained, and a parabolic variation in the
transverse direction is added. The maximum is placed at the midpoint

betﬁeen the wall and boundiﬁg streamline. At the wall and bounding
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streamline, half the maximum value is fmposed. The resulting streamline

pattern fs very similar to that of the second case.

Mach number contours for the three cases are shown in figufes 3-6 through
3-8 along‘with the corresponding wall Mach number and pressure coefficient
distributions. For case 1 (the constant distribution) the freestream
initially expands to a higher Mach number and then recompresses through an
oblique shock. Following an initial expansion to Mach 1.7, a quasi-
Rayleigh flow region (constant area heat addition) appears in the heated
stream up to an axial station of about .2, at which point the wall Mach
number is rapidly reduced to a subsonic value of about .4 through wh;t
appears to be an extension of the freestream shock. An interestihg
interaction thus results where the shock pressure jump imposed on the
freestream boundary of the heated region accompanies an abrupt transition
to subsonic flow and a stream area increase in the plume, which in turﬁ
determines the strength of the freestream shock. The pressure coefficieﬁt
distribution reflects the same phenomena, an initial expansion, a region
of gradually increasing pressure, and a rapid recompression. Following
the recompression, the now subsonic plume transmits the pressure impressed
on it by the deflecting sﬁpersonic stream directly to the wall. At the
outflow plane, the freestréaﬁlflow is again parallel to the infiow, and

véry near the inflow pressure.

The 2-D perfect gas form of the control volumg analysis described in
chapter II gives a thrust coefficient value (as defined in equation 2-4)
of .032, while integration of the 2-D Euler wall pressure distribution



yields a force coefficient of .028. The force increment due to external
burning is the'appropriate parameter to compare, and for the 2-D inviscid
case, a Prandtl-Meyer expansion ié used as the baseline. A 15° expansion
at Mach 1.4 results in a force coefficient of -.388. The force increment
due to heat addition as predicted by the control volume analysis is thus
.420 as compared to the 2-D Euler value of .416 ihich is about 1% lbwer.
A summar} of all 2-D Euler runs to be discussed in this section appears in

table 3-1.

The Mach number contours for the case 2 heat addition distribution
(Gaussian in the axial direction) are shown in figure 3-7a. In contrast
to case 1, more heat is added at the corner and the heated stream is
" immediately driven to a .6 Mach number. The freestream is {initially
compressed through a shock which again coincideslwith the location of the
supersonic-subsonic transition in the heated stream. The waT] pressure
then follows that impressed on the plume by the freestream which gradu#]ly
expands and recompresses, exiting at the inflow pressure. Despite
<substahtia1 differences in the flowfields and pressure distributions
between this case and case 1, integration of the wall pressures gives the

" same thrust coefficient of .028.

The flowfield generatéd by the third heat addition distribution appears in
figure 3-8. The parabolic transverse heat addition distribution obviously
causes transverse Mach number gradients in the plume resulting in a
curvature of the sonic 1ine. The freestream flow is essentially fdentical

to that of case 2. The character of the wall Mach number distribution is
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also similar, becoming subsonic at about the same location, but with an
increase in the overall level. The wall pressure distribution is barely
discernable from that of case 2 and results in a thrust coefficient of

.030 which is identical to cases 1 and 2 for all practical purposes.

The thrust coeffitient is thus independent of the manner in ihich heat is
distributed for the cases examined herein, and matches the value givén by
the control volume analysis. Good agreement with the control volume
analysis is to be expected however, since both methods satisfy the same
set of conservation equations. As long as the 2-D Euler flowfield does
not severely violate any of the control volume assumptions such as linear
theory on the bounding streamline, and parallel, uniform inflow and
outflow, the results should be comparable. . As discussed 1in the
devé]opment of the control volume x-mpmentum equation (2-8), a variation
in the axial distribution of heat would change the shape of the bounding
streamline and the associated pressure-area integral term. Since this
term was relatively insignificant, the streamline shape was approximated
by a straight 1ine, which eliminated all dependence on axial distribution
from the control volume results. As gvidenced by the 2-D Euler results,
the shape of the bounding streamline is affected by changes in the heat
addition distributions, but is of little consequence in terms of_the
thrust coefficient.

Other parameters which can be compared on a less exact basis are the
control volume area ratio and outflow velocity. The control volume area

ratio given by equation 2-13 is 13.2. From the streamlines in figures 3-3



through 3-5 it is apparent that the heated stream in the Euler solutions
~expands by about thi; amount. Equation 2-9 indicaies that the outfloﬁ
velocity will be higher than inflow for positive thrust coefficients. For
this particular case,‘an outflow to inflo& velocity ratio of 1.19 is
given. Velocity profiles for the Euler solutions at the ramp trailing
edge station are p]otted‘ in figure 3-9 for all three heat addition
distfibutions along with a Tine representing the control volume value and
exit plane stream height. The profiles are not uniform, but do exhibit

velocities higher than the inflow velocity with a mean value near 1.19.

The 2-D Euler results compare well both qualitatively and quantitatively
to the control volume analysis despite non-uniform outfliow, and non-linear
- shock waves on the plume boundary. The independence of thrust coefficient
to changes in heat addition distribution is primarily an 1inviscid
phenomena. The sharp recompressions seen as the heated stream transitions
to subsonic flow may induce boundary laQer separation, which would prevent
high pressure on the wall surface. The interaction between the heated and
unheated streams which caused the sharp recompression in all three cases

may be a limiting factor in actual practice.

f Ar i m

Artifical damping was required to stabilize the solutions, and a question
naturally arises as to the effect of the added damping terms which are

related to viscous effects on the converged solutions. Only in very few
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cases would a solution converge without a non-zero damping coefficient as
defined above in equation 3-5. The results of the previous section wére
all run with a C; value of .025. The case 2 heat addition above was chosen
as the baseline, and the solution was repeated on an identical grid with
the damping coefficient halved, then doubled. The solution would not
converge with zero damping. Mach number contours for the three cases are
shown in figure 3-10. The most obvious effects are an increase in the
thickness of the plume boundary as damping is increased, and an increase
in pre-shock oscillations at reduced damping. The wall pressure and Mach
number distributions showed little effect of changes in damping. The
thrust coefficients were also very similar being .034, and .029 for the
minimum and maximum damping cases respectively. Overall, damping
coefficients of this magnitude have only é superficial effect on. the

thrust coefficient.

Effect of Grid Refinement

A1l of the preceeding results were run on the 80 by 40 grid shown in
figure 3-2. Increasing the grid density results in longer run times per
fime step, and requires more.time steps to converge. It is of interest
therefore to détermine the minimum adequate grid density. In the
transverse direction, there must be a sufficient number of nodes near the
wall to resolve the heat addition distribution and bounding streamline for
the heated stream, which for the previous cases is only .087 base heights

wide at the inflow plane. Also, the thickness of the plume boundary is a
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number of grid spacings wide dependihg on the amount of damping used.
This boundéry will appear to be artificia11y thick on sparse grids
although this does not seem to affe;t the thrust coefficient considerably.
In the axial direction, sufficient gfid is reqdired near the beginning of
tﬁe expansion to resolve steep gradients_cauﬁed by the wall angle and heat
addition. The effect of grid density on tﬁe computed flowfield is seen in
figure 3-11 where Mach number contours are plotted for 50 by 25, 80 by 40;
(figure 3-2)'and 100 by 50 grids. The damping coefficient of .025, and
the grid distribution seen in figure 3-2 were held fixed. The shock wave
in the freestream, and the plume boundary both appear to get thinner as

grid density increases since they are spread over a fixed number of nodes.

Wall pressure distributions shown in figure 3-12 show some differences at

the expansion corner. The 50 by 25 grid does not resolve the initial
expansion as well as the others, and this is reflected in the slightly
higher thrust coefficient value séen in table 3-1. Also note that the 100
by 50 grid yié]ds a .414 change in tﬁrust coefficient which is 1.4% lower
than the control volume value. The 80 by 40 grid gives a .416 change in
thrust coefficient which is comparable to the fine grid result and is

considered adequate for this class of problems.

Effect of Freestream Mach Number

Euler results at selected points along a 1000 psfa trajectory were run
with the 80 by 40 grid, .025 damping coefficient, and case 2 heat addition

distribution. The total heat added is commensurate with the results in
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figure 2-7 _for the example fuel injector geometry at constant fuel
conditions. Figure 3-13 includes Mach number contours at four different
freestream Mach numbers along the trajectory. The increase 1n the number
of contour lines as Mach number increases is caused by the contour
increment being held ébnstant at .05. The most prominent effects of
increasing freestream Mach number are the steepening of wave angles, and
the coalescence of waves at the trailing edge of the ramp as the plume is
turned back to the axial direction. Wall Mach number and pressure
distributions appear in figures 3-14 and 3-15 and show that at Mach 2.4,
the plume is actually slightly supersonic just upstream of the corner and -
a weak shock wave forms. A sharp.reduction in Mach number occurs near the
leading edge of the expansion in all cases, which is coincident with the
recompréssion seen in the pressure distributions. The peak pressure moves
downstream slightly as freestream Mach number increases consistent with
the sonic point in the plume. In figure 3-16, the thrust coefficient is
plotted versus freestream Mach number along with the control volume
results of figure 2-5¢. The two methods of analysis agree well over the
entire range, demonstrating the validity of the control volume approach
which completely disregards the complex flowfield details brought out by

the Euler analysis.

Euler Analysis Summary

The 2-D Euler equations with an external heat addition term retained in

the energy equation were used to model drag reduction by external burning
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on an expansion surface. The equations with artificial damping terms
added, were solved using Maccdrmack’s time-marching, finite difference
technique.' Three different spatial distributions of a constant total heat
addition were imposed on a Mach 1.4 freestream flowfield. The thrust on
the expansion surface determined by numerical integration of the wall
pressure distribution was independent of the heat addition distribution
and agreéd well with the value given by the control volume analysis. Grid
refinement and reduced artificial damping had the expected effect of

reducing the thickness of the plume boundary and shock wéves, but had

" little effect on the thrust coefficient. A sharp pressure rise in the

heated stream at the sonic line was noted for all three distributions of
heat addition. This is caused by an interaction of the e]Iiptic region of
the plume with the supersonic freestream and may be a limiting factor in
external burning performance since viscous effects may cause the plume to
separate from the wall surface before the maximum inviscid pressure is
reached. Control volume results showed excellent agreement with the Eﬁ]er
analysis over the range of freestream Mach numbers from 1.2 to 2.4, which
substdﬁtiates some of the simplifying assumptions used in the control

volume analysis such as linear theory on the bounding streamline, and

" uniform outflow.
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CHAPTER IV - EXPERINENTAL PROGRAM

Background

The performance potentiéludemonstrated by the control volume and Euler
analysis warranted a series of preliminary proof of concept experiments
that are the subject of'this chapter. One of the objectives of the
experimental program was to prove that the external burning of hydrogen
would reduce drag on a simple expansion ramp at transonic flight
conditions and to provide data for comparison to control volume analysis
results. The external burning concept originally envisioned by the author
employed the combination spraybar-flameholder pictured in figure 4-1.
Reca11 the control volume analysis .resu1t from chapter II that the
specific impulse performance was greatest at low equivalence ratio, and
high inflow stream height. Use of a spraybar to fuel the inflow instead
of relying solely on jet penetration would provide for independent control
of the inflow stream height without reliance on jet penetration from the.
wall, making a lower equivalence ratio, higher performance system more
feasible. This arrangement would also provide a more uniform fuel
distribution and a flameholding point out in the stream. The spraybar
would be deployed transonically, and inject 2/3 of the total fuel normal

to the freestream in both directions. The remainder of the'fuel would be

injected from the wall.

An important precursor to an external burning test however is stable



combustion. Further, combustion must be initiated at the proper location,
and must be complete within an'appropriate length. Heat release far
behind the aircraft or test article would be of little value in the
reduction of drag. Hydrogen is not widely used as a heating or aviation
fuel and_does not have as substantial a flame stability database as
hydrocarbon ‘fuels. The Tow pressure and temperature, and high velocity
conditions existing in the region where external burning is to be employed
led to flame stability'concerns. Another objective of the experimental
program was thus to study the combustion characteristics of hydrogen and

air in the external burning environment.

The experiments were conducted in a 12" diameter, Mach 1.26 free-jet over
“a range of freestream pressures and temperatures. This particular Mach
number was chosen due to the availability of the free-jet nozzle. The
preliminary nature of this test program did not warrant fabrication of new
nozzles. A complete description of the test facility appears.in a
subsequent section. Given the 12" exit diameter in which to work, an
approxihate]y 1/50 scale expansion rahp model representing the entire aft-
end of a single-stage-to-orbit vehicle was constructed complete with the
spraybar. This model was to provide results for comparison to the control
volume predictions. Preceeding tests of this model, a 1/5 scale section

of the spraybar only was tested to obtain the flame stability information.

The 1/50 scale expansion ramp model was plagued by problems with silver-
soldered joints used to fabricate the tiny spraybar as the gaseous

_hydrogen fuel did not provide sufficient cooling. The model also caused
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| unsatisfactory operation of the free-jet due to high blockage. In
hindsight, the low’equivalence ratio spraybar design philosophy was nbt
practical at least for the small scale models tested. Flame stability
considerations also tended toward a stoichiometric design for which jet
penetration from the wall is adequate. ‘Given this and other practical
problems associated with the spraybar concept such as cooling, drag, and
actuation, it was abandoned in favor of a wall injection scheme. Re-
designed expansion ramp models were subsequently fabricated and tested
successfu]]y. The spraybar geometry used in the flame stability tests was
related to the abandoned concept, however it was sufficiently generic that
the data obtained was used to verify and extend existing stability
correlations to the sub-atmospheric, non pre-mixed, transonic conditions

of present interest.

drogen-Air Flameholding Previ Wor

Flame stability, although not the primary focus of the present work, is
crucial to the successful application of external burning. The intent of
the following discussion is to review the flameholding process and define
the envelope of flight cond{tions.within which external combustion is
feasible using fhe available data and correlations of previous Qorkers.
This provides the rationale for the preliminary flame stability tests in

the present work.

Flame stability is important in a wide variety of applications as



evidenced by a review of the flameholding literature which reveals a
bewildering‘array of publications covering a wide variety of applications
from heating systems to aircraft propu1sion. Since tﬁe main interest of
the present work is the practica1 abplication'of this technology to the
eiterna1 burning problem, the discussion which follows focuses on
appropriate empifica] results in ‘lieu of the complex details of
flameholding physics. Thg objective is to understand the important
parameters in the combustion stability limits of an unmixed hydrogen-air

system at transonic altitude conditions.

A simple observation made in 1955 by Zukoski and Marble® provides a basis
for the study of the fiame stability afforded by a bluff-body or
flameholder which generates a recirculating region of hot combustion

products in its wake:

"If V. is the free stream Qe]ocity and L the 1length of the
recirculation zone, then the ratfo L/V is a measure of the time
which the fresh gas spends in the neighborhood of the hot combustion
products. In fact, the critical time 7 required for ignition of the

free stream is given by

T = L/Va.o. . [4'1]

where Vg , 1is the measured blowoff velocity.”
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Experimental data is presented for a stoiehiometric mixture of gasoline
vapor and a number of different flameholder shapes which supports
Zukoski’s‘conclusion that the ignition delay time 7 is independent of
gross fluid dynamic features and depends on the speed at which the

chemical reactions takes place.

"The similarity parameter describing the stabilization phenomenon is
thus Vr/L and in particular the blowoff condition is described by

the value

Voot . [4-2)

The chemical and fluid dynamic effects are separated into 7 and L
respectively. The usual dependence of blowoff velocity on the
flameholder size follows immediately from the behavior of L and

hence is determined by the fluid dynamics."

The bulk of all data correletjons and more sophisticated analytical models
are rooted in this simpie 'explanation of the flameholding brocess;
Restricting attention to hydrogen and air, the first comprehensive
experimental results found by this author was the work of Dezubay®’ in
1954. Dezubay’s experiment consisted of a 1.32" diameter glass tube in
which disk flameholders of various diameters were concentrically strut-

mounted. A pre-mixed stream of air and gaseous hydrogen flowed through
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the glass tube with flame initiated in the wake of the disks. Tests were

~ carried out at static pressures of 2 to 6 psia and ambient total

temperature giving a range of subsonic velocities. At a desired test
conditioﬁ,‘the fuel air ratio was varied to establish both lean and rich
stability Timits. The stabflity map so obtained is reproduced in figure
4-2 where the fuel-air ratio at blowout is cofre1ated with velocity,
pressure and disk diameter. The ratio of velocity to diameter which
appears is cbnsistent with Zukoski’s argument except for the .74 exponent
on the disk diameter which Dezubay justifies on a theoretical basis.
Dezubay’s parameter also contains the static pressure which is of interest
in relating these results to altitude conditions. As a flight vehicle
climbs and accelerates through the transonic flight regime, the conditions
for flameholding become more severe due to increasing velocity and
decreasing pressure. In figure 4-3, lines of constant \Q,/Po'61 which is the
Dezubay corfe]ating parameter for a 1" diameter disk are superimposed on
a trajectory map to give a first indication of the operability of external
burning. From figure 4-3 a value of 800 is the most severe condition at
which flameholding is possible for siightly fuel-rich conditions. For the
high altitude 500-psfa trajectory, this limit is reached at about Mach

| 1.4, and at about Mach 2 for the low altitude 2000 psfa trajectory shown.

Obviously these limits are extended by use of a larger flameholder, but a

— pressure limit of 2 psia (45000 ft.) should also be recognized below which

combustion may not be feasible no matter what size flameholder is used.
No experimental information on hydrogen-air combustion at pressures less
than 2 psia was found except for some high altitude ramjet combustor data

at 1.7 psia®® but very low velocity compared to the present situation.
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The preceeding extrapolation of Dezubay’s results to the present problem
is tenuous for a number of reasons. First, the correlation data were all
subsonic and the extension to supersonic flow is not obvious. Secondly, |
. the fuel and air will not be pre-mixed at a carefully controlled ratio;
The hydrogen will be injected into the air at some distance upstream of
the flameholder. Finally, the flameholder used in practice will probably'
be two-dimensional and of much larger scale requiring a correlation
between the recirculation zone lengths of circular and two-dimensional

shapes.

The work of Winterfeld® provides some. information on the issues of
supersonic velocity and non pre-mixed flow. Winterfeld’s test apparatus
‘consisted of rotationally symmetric flameholders mounted concentrically in
a La§a1 nozzle with the flameholder base coincident with the nozzle exit.
Initial tests Qere in a pre-mixed hydrogen-air stream with a cylindrical
flameholder of 6 mm diameter mounted concentrically in a nozzle of
variable area ratio from 1.0 to 1.7 giving a range of flow velocities from
subsonic to supersonic. Since all tests with this apparatus were.
conducted at atmospheric pressure and with a constant flameholder
diameter, results were presented in terms of the flow velocity and the
"air ratio" which is the inverse of fuel-air equiva]ence‘ratio; The
stability 1limit determined by Winterfeld is easily put in terms of
Dezubay’s stability parameter and appears with Dezubay’s liﬁit in figure
4-4, Winterfeld’'s pre-mixed result shows stability to lower fuel-air
ratios than that of Dezubay, and to a flow velocity of 1770 feet per

second. The maximum flow velocity and rich limits were not obtained due
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to facility limitations. Dézubay'§ results were apparently unknown to
Winterfeld at the time and so the reasons for this discrepancy are not
discussed. The obvious differences between the two experiments "are the
higher static pressure and éupérsonic flow used by Winterfeld, and
differences in thé flameholder geometry and mounting arrangement. The
disks repreéent a larger effebtive blockage than a cylinder of equal
diaheter. Also, the cylindrical flameholder base was coincident with the
nozzle exit while the disks were completely enclosed. Despife these
differences, Winterfeld’s results provide confidence to apply Dezubay’s

correlation at supersonic speed.

Another series of experiments reported by Winterfeld in reference 59

~examined the flameholding characteristics of hydrogen diffusion flames.

The apparatus used for these experiments was similar to that discussed
previously, only somewhat larger with all of the fuel injected by the
flameholder itself. Flameholder diameters of 10, 20 and 30 mm were tested
at a Mach number of roughly 2.1 in a‘Laval nozzle of 115 mm exit diameter
(the different diameter flameholders resulted in a slight Mach number
variation). Again, all tests were conducted at ambient total temperature,
and roughly 1 atmosphere pressure. Hydrogen fuel was introduced near the
base thfough an annular s]of;: Injection angles of 90° (perpendicular to
the freestreém), 45°, and 0° (parallel to the freestream injected directly
into the base region) were investigated. The recirculation zone gasses
were sampled with and without flame to infer the fuel-air. ratio at
flameout. The ratio of measured recirculation zone length to freestream

velocity and the air ratio were used as correlating parameters.
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| Winterfeld reports that at the lean limit, the L/d of the recirculation
zone for the cylindrical flameholder is 2 for both parallel and norm§1
fuel injection. This allows the results to be cast once again in terms of
the Dezubéy parameter and included in figure 4-4. The lean stability
limit for the diffusion flame is nearly coincident with Dezubay’s pre-

mixed data.

Winterfeld’s results, for pre-mixed and diffusion flames help to reinforce
the extrapolation of Dezubay’s correlation to the present conditions of
figure 4-3. waever, no hydrogen-air experimental data could be found to
relate the characteristics of two-dimensional flameholders to the
axisymmetric shapes discussed above. Some insight can be gained however
by recalling the argument of Zukoski and Marble that the important
parameter is the length of the recirculation zone, and that this is
determined by the fluid dynamics. In reference 56 Zukoski and Marble
provide data for a circular cylinder mounted transverse to the flow. The
measured wake lengths correlated with the square rooi of the cylinder
diameter for diameters from .19" to 1" and approach flow velocities from
100 to 650 feet per second. For approach flow velocities in excess of
about 300 feet per second, the value of L/D'? was constant at 6.5. The
chrious square root dependencehwas attributed to boundary layer separation
upstream of the Hiametral plane which is Reynolds number‘dependent, and
blockage in the 4" high passage across which the cylinders were mounted.
Another series of tests were rhn on an axisymmetric'cone-cylinder and a
two-dimensional wedge-plate of thickness equal to the cone-cylinder

diameter. These results showed 1ittle Reynolds number dependence and
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indicated that wake length was proportional to cylinder diametér or plate
thickness, and that the measured L/D of 2.3 was the same for both the
axisymmetric cone-cylinder and the transversely lmhnted plate. These
results suggest that a two-dimensidna] flameholder will have stability
cﬁaracteristics similar to a disk of diameter equal to the two-dimensional

flameholder’s height.

A1l of the work discussed in the preceding paragraphs gives confidence
that hydrogen-air flame stability will not preclude the successful
application of external burning tb the transonic drag problem. No one
experiment however is direct]} applicable to the current situation of a
two-dimensional, non pre;mixed, supersonic flow at sub-atmospheric
pressure. It‘is for this reason that pre]iminary.flame stability tests

were conducted in the present test program.

Facility Description

The experimental program was conducted in cell 4 of the PropuIsion Systems

‘Laboratory (PSL-4) at the NASA Lewis Research Center. PSL-4 is 25 foot -

diameter cylindrical altitude chamber used for full-scale direct-connect
turbine engine testing. Large continuous flow compressors and exhausters,
located in a separate central air equipment building adjacent to PSL,
supply high pressure air and altitude exhaust capability to the facility

making it ideal for operation of a free-jet. The high pressure air or
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"combustion air" system which normally supblies air to the turbine engine
test article has recentiy been modified® to provide even higher pressure
and temperature conditions representative of a Mach 5 compressor face
condition. This was accomplished by augmenting the original heat-
exchanger type air heater with a hydrogen-éir burner and oxygen make-up.
Downstream of the burner, a 4 foot diameter, approximately 8 foot long
water-cooled flow conditioning duct is used to reduce distortion upstream
of the test article. The free-jet used for the present tests was bolted
to the end flange of the flow conditioning duct. Figure 4-5, taken from
reference 60 is a cut-away drawing showing the hypersonic modifications.
The free-jet was installed in place of the "hot pipe" which was an initial
facility calibration test article. Safety considerations dictated that
apbrbximate]y 75 pounds per second of secondary air be admitted into the
altitude chamber at the forward bulkhead for the purpose of test cell
cooling and dilution of unburned hydrogen. A1l freejet and secondary air
was exhausted from the test cell through a 55" diameter duct, concentric

with the free-jet near the aft end of the chahber.

The desired transonic test conditions did not require operation of the
hydrogen-air heater, althopgb all of the free-jet air did pass.through
burners which placed an ubper.limit on the air flow of about 100 pounds
per second. The original heat-exchanger was used during the present tests
to elevate the free-jet air total temperature from nominally 540‘ R to
about 1000° R during selected runs. The free-jet used was an existing 12"
exit diameter, Mach 1.26, conical nozzle previously calibrated in the NASA

Langley Mach 4 engine test facility®'. It was instrumented with three
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static pressure taps equally spaced circumferentially at both the throat

and exit. During normal operation, the free-jet supply pressure was set
SO thaf the average free-jet exit static pressure matched that 6f the

altitude chamber. Although altitude chamber pressure and free-jet supply

| pressdre were controlled separately, it was possible to maintain the

matched ;ondition at the free-jet exit to within .05 psia. The free-jet
installation was capable of broviding a range of test conditions from 4 to

12 psia.

Hydrogen fuel was supplied by high pressure tube trailers located outside
the building. Fuel pressure at the free-jet was controllable from 50 to
400 psia, at a nominal temperature of 520°R. A fuel-rich hydrogen-air
preburner was used during initial tests to preheat the fuel to 1500°R at
equivalence ratios of approximately 13. Operational problems with this

system precluded it’s use for the most of the test program.

Spraybar Test Appératus and Procedure

| The test articles were a 5/8" diameter section of spraybar-flameholder

which spanned the entire 12" free-jet exit. Figure 4-6 is a photograph of -
one of the spraybar models mounted horizontally across the free-jet exit.
The 5/8" diaﬁeter “corresponded to approximately 1/5 scale baséd on
preliminary sizing calculations for a fuel-lean spraybar injection system.
Figure 4-7 is a three-view drawing showing details of the spraybar. The

cylindrical 1leading edge and flat trailing edge cross-section was
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maintained over the entire 12" but only the center 6" was drilled with
fuel injection orifices. The original mechanical design was based on a
5/8" diameter stainless steel pipe to which stainless steel fairings were
brazed at the diametral plane ext;nding downstream to form the desired
base geometry. This method of construction proved to be unsuitable with
the combination of heating and thermal expansion quickly cauSing fai}uré
of the brazed joints. The models were subsequently redesigned, being
machined from a solid block of stainless steel to the cross-section shown

in figure 4-7 with the two 90° elbows welded on.

| Equivalence Ratio Estimate

In. feducing the flameholding data, a key parameter is the fuel-air
equivalence ratio. For situations where known quantities of fuel and air
are pre-mixed far upstream of the flameholder, this parameter is easily
calculated. For non pre-mixed or diffusion flames, gas sampling of the
wake can be used to infer the fuel-air ratio at flameout as was done in
reference 59. For the present case, gas sampling equipment was not
available so a different approach was taken. From the control volume
analysis, the parameters of importance in eXterna] burning are the inflow
air stream height, and the overall equivalence ratio in the external
burning stream. To size fuel injection orifices a method of estimating
equivalence ratio based on fuel jet penetration was described in chapter
2. The same method will be used here with the understanding that it is

more an estimate of the overall amount of fuel and air involved in the
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external burning process, than a measure of the actual fuel-air ratio in
the wake of the flameholder. - It should therefore be thought of as a
correlating parameter for the flame stability results, and not a measured

quantity.

 The 'penetrﬁtion times spacing” method previously described will be

outlined here for convenience. The fuel flow is simply determined for the
choked injector at a given fuel pressure, temperature and flow
coefficient. For the spraybar with pilots, the appropriate amount of
pilot fuel is included. The air flow involved is estimated based on
freestream conditions and a flow area defined by the jet penetration times

the orifice spacing. The jet penetration is determined by a correlation

-which gives the height above the injection plane where the hydrogen

concentration is 1/2% by volume in terms of the fuel pressure, freestream
conditions and the distance downstream of the orifice. The distance
downstream of the orifice at which to calculate the jet penetration is
somewhat subjective, but again does not diminish the methods usefulness as

a correlating technique.

Fuel lnjector Sizing

A total of 6, .10" diameter main orifices injected fuel normal to the
freestream in both directions. ~Note the offset between the three upper
and three lower orifices in figure 4-7. The orifice size and spacing were

designed to give fuel-air equivalence ratios in the fuel-lean range based
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on the penetration times spacing estimate. The spraybar pictured in
figure 4-7 had 15, .020” diametgr pilot orifices which 1njectéd
approximately 10% of the fuel directly into the wake. A spraybar without
these pilot orifices was also tested. Given a range of freestream
pressures from 4 to 12 psia, and fuel pressﬁres from 50 to 400‘ps1a,
operating envelopes can be constructed in terms of the estimated
equivalence ratio and the Dezubay stability parameter. These operating
envelopes are pictured in figure 4-8 for different values of x/d" which is
a free ﬁarameter in the jet penetration correlation, and free-jet total
temperatures of 540° and 960° Rankine. Ambient temperature fuel, and an
orifice flow coefficient of .8 was assumed in all cases. Within a given
envelope, increasing fuel pressure increases the equivalence ratio along
a vertical Tine. Increasing altitude (reducing static pressure),
increases the value of the Dezubay stability parameter. The effect of
increasing the assumed x/d" is to increase the value of jet penetration
used to define the air flow in the equivalence ratio estimate (see
equation 2-27). This increase in air flow at constant fuel flow reduces
the equivalence ratio proportionately. Fortunately, the jet penetration
depends on x/d" to approximately the 1/4 power, so that a large variation
in the assumed x/d" has re]ative]y little effect on the estimated
eﬁuivalence ratio. This is demonstrated in figure 4-8 where x/d" is
increased by a factor of 4, and the maximum equivalence ratio is reduced
by 47%. For the spraybar with no pilot injectors, the calculated

.equivalence ratios are reduced by 10%.



Instrumentation

To define flame stability limits, only the freestream and fuel conditions
need be known, along with some way’of determining when the barely visible
hydrogen-air flame extinguishes. The freejet nozzle throat end exit were
instrumented witﬁ three static pressufe taps each, equally spaced
circumferentially. Total pressure and temperature were measured at three
points on the largeiflgnge Qisible in fjgure 4-6 to which the freejet was
attached. An open 1/16" stainless steel tube was strapped to the spraybar

base to measure base pressure.

An infra-red video camera; mounted inside the altitude chamber had been
used previously to monitor the surface temperatures of turbojet engine
components. For the present investigation, the camera was mounted so as
to look through the external burning plume. The field of view obtained
with tﬁe widé-ang1e lens used is debicted in figure 4-9. The 2.0 to 5.6
micron indium-antimonide detector in the camera provided a good imége of
the 2.6 micron water vapor emission in the external burning plume. This

was the primary method used to determine flame-out.

A séh}ieren system was set "up inside the altitude chamber in close
proximity to the free-jet providing the 6" by 12" field of veiw also shown
in figure 4-9. Vibration, test cell cooling air flow, and altitude
conditions resulted in a rather severe environment for the sensitive
schlieren optics and xenon 1light source. In spite of ndmerous

difficulties, useful information was obtained from the system during much
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of the test program.

A water-cooled probe was used to obtain total temperatdre profiles 18"
downstream of the free-jet exit. The probe had a single iridium-40%
rhodium vs. iridium thérmocoup1e of bare wire in crossflow construction.
An electric screw-type actuator provided 10" of travel allowing
measurement from 8 inches below the free-jet axis to 2" above as shown in
fjgure 4-9. The data reduction scheme for this measurement is included as

appendix c.

‘A color video camera with remote pan, tilt, and zoom provided a good

overall view of the experiment looking upstream from above the free-jet.

Jgnition System

Ignition was accomplished during initial teﬁts by strapping a ceramic
insulated electrode to the flat base of the flameholder. This electrode
was connected to a 10,000 voit continuous transformer arcing directly to
the spraybar. The 1nsu1a§ed electrode often burned away fpllowing
ignition prompting the insfa]lation of a translating spark plug
arrangement. Both ignition systems are visible in Figure 4-6. The long
vertical tube is the translating ignitor shown in the extended position.
The tube itself acted as the ground electrode, and contained the high
voltage electrode which arced against it at the tube end. Following

ignition the tube was withdrawn completely out of the free-jet flow by a
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pneumatic cylinder. The .060" spark gap was positioned approximately 1/8" |

4downstream of the spraybar base at the elevation of the upper surface.

Jest Procedure

The teﬁt.ce11 pressure was set first to the desired level, then free-jet
supply pressure was increased to the calculated value of stagnation
pressure for an isentropic Mach 1.26 flow. The stagnation pressure was
then adjusted s1i§ht1y so as to match the measured average free-jet exit
static pressure to the test cell pressure. With the free-jet on-design,
the fuel-rich hydrogen-air preburner was ignited producing fuel conditions
of approximately 1500° Rankine and 350 psia. Model ignition was then
attempted with the spark ignitor. Following ignition the air supply to
the fuel preburner was shut off and the fuel temberature quickly dropped
to ambient. Ignition of the model in this manner was only possible ét a
free-jet exit static pressure of 10 psia or greater, and even then was not
assured. Tactics such as varying the preburner air supply pressure thus

varying the unburned fuel fraction and temperature, and cycling the

' ignitor actuator to change the spark location were often used to achieve

ignition. A catastrophic failure in the préburner fuel-air valving system
during the spraybar tests prevented its use for the rest of the program.
Without hot fuel, an alternate method of ignition was adopted in which the
free-jet stagnation pressure was reduced until the free-jet exit Mach
number based on the exit static pressures was about 0.8. Ignition of

ambient temperature fuel at the subsonic Mach number was much more
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consistent and was used for the remainder of the program.

Fd]lowing ignition of the spraybar, the free-Jet supp1y'and test cell

pressure were adjusted simu]tanéoust to the desired altitude condition
with fuel pressure at or near the maximum available. This corresponds to
“moving along the maximum fuel pressure line on the operating maps. of
figure 4-8. As stated earlier, the free-jet supply and test }cell
pressures were controlled independently by separéte personnel. During the
altitude change process the free-jet did stray off-design, sometimes
causing instabilities and flame-out. In general, once the desired
altitude condition was set with the free-jet on-design, fuel pressure'was
reduced slowly, reducing the equivalence ratio at a conétant value of the

Dezubay parameter until flame-out occurred.

Results

§grazbar Base Pressure Measurements

During initial runs with the spraybar installed in the free-jet, a
terminal shock appeared in the sch]iereh image downstream of the spraybar.
This was not unexpected at the Mach 1.26 freestream condition, however the
shock position did change as the free-jet strayed off-design, proﬁpting
interest in the sensitivity of the spraybar base pressure to the free-jet
exit pressure ratio, since pressure affects flame stability. Figure 4-10

shows schlieren images of the free-jet operating slightly overexpanded,
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on-design, and slightly underexpanded. The terminal shock is seen clearly
on either side of the spraybar wake. The schlieren knife edge was
oriented horizontally resulting in the apparent lack of symmetry from top
to bottom. AIn figure 4-11, thé effect of shock movement on the spraybar
base pressure is shown. The base pressure is three-tenths of the free-jet
exit pressufe and is insensitive to shock movement for on-design and
undefexpanded conditions. The base pfessure rises sharply however as the
free-jet becomes overexpanded and the shock moves upstream. As a‘result,
a rather tight tolerance was put on the acceptable operating condition for
the free-jet. [Except for cases where the free-jet was deliberately
operated off-design, and during altitude changes, all of the spraybar and

expansion ramp tests were run at free-jet exit pressure ratios of between

.99 and 1.01. The back pressure for the terminal shock then is the same

as the free-jet exit pressure, and this was deemed to be most

representative of a flight condition.

The effect of combustion on the base pressure is shown in figure 4-12.
External burning increases the pressure ratio to about .7 regardless of
altitude or fuel pressure. Although not the purpose of the spraybar
tests, this represents a significant reduction in the drag of the spraybar

or any other two-dimensionalnstep flameholder which may be employed.

lame Stabili

Conditions at which the flame extinguished appear in figure 4-13 for the
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.piloted spraybar, in terms of the penetration times spacing equivalence
ratio and the Dezubay stability parameter. An x/d" of ten was used to
calculate the equivalence ratio, and the corresponding operating envelope
is also shown. No flame-outs occurred at 12 psia at the minimum fue)
pressure. Filled symbols denote flame-outs that occurred at high fuel
pressure during an altitude change. Since the free-jet design condition
could not be maintained during this operation, these points are somgwhat
anamalous but are included for completeness. The fiame-out points fall in
a band somewhat outside the Dezubay pre-mixed stability boundary. This is
not unexpected since as discussed eér]ier'the penetration times spacing
" equivalence ratio may not accurately represent the local fuel-air ratio in

the base which controls flame stability.

Even without detailed knowledge of the local equivalence ratio, this
result provides confidence in the Dezubay correlation for external burning -
conditions. A non pre-mixed, two-dimensional system can be expected to
work at altitude to values of the Dezubay parameter in excess of 800 at
stoichiometric or slightly fuel-rich conditions. For a fuel-lean system,
operation would be 1imited to lower values of the Dezubay parameter. In
the design of a flight system, the extra stability m;rgin afforded by
stoichiometric operation must.be weighed against the performance benefit
of fuel-lean opération shown by the control volume analysis. For small-
scale drag reduction experiments where the flameholder dimension is
disproportionately large to begin with, a stoichiometric system is

desirable.
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The spraybar without pilot orifices was tested in the same manner with

- ignition at'subsonic'speed and ambient temperature fuel. Despite repeated

attempts, flame-out always occurrgd near Mach one as the free-jet supply

pressure was increased toward the supersonic design value.

ff v -Jet ratur

A flame-out that occurred at elevated freestream temperature at 6 psia is
also shown on-figure 4-13. For static pressures of 8 psia and greater the
flame was stable down to the minimum fuel pressure with no flame-outs.
Curiously, repeated attemﬁts to set a 4 psia condition at maximum fuel
pressure resulted in flame-out. The 4 psia condition at 960° R represents
the lowest Reynolds number tested being about 2.7 million per foot as well

as the lowest ffee-jet mass flow. Control of the free-jet during altitude

~ changes near these minfmum flow conditions was difficult. Off-design

excursions and reduced fuel-air mixing rates probably both contributed to
these high fuel pressure flame-outs. Note that the operating envelope
shown in figure 4-13 applies only to the 540°R points; refer to figure 4-8
for the 960°R envelope.

The Dezubay parameter contains no explicit temperature dependence, so one
would not expect it to correlate data with varying temperature[ The
effect of higher temperature is to increase the rate at which the chemical
reactions take place thereby reducing the ignition delay time. Based on

the arguments presented earlier this translates into a higher freestream
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velocity at flame-out for the same size f]émehp]der. Thus, the stability
Timit at elevated température should occur at greater values of the
Dezubay parameter. Since the total temperature in flight during an
acce]eration through the transonic regime will {ncrease with increasing
velocity, a limit based on data at ambient total temperature is
conservative. The Dezubay parameter is therefore still considered

acceptable for the external burning situation.

Scaling of Smal)-Scale Test Results

In anticipation of the smaller scale drag reduction experiments which were
'conducted following the spraybar flame stability tests, an attempt was
made to determine whether or not sub-scale experimental results would be
adversely affected by the finite rate at which hydrogen and air react.
Knowledge of "chemical kinetics" as it affects ignition and reaction delay
is important in assessing any small-scale external burning test result
since these characteristic times depend on fuel type, fuel-air ratio,
pressure and temperature but do not vary with model scale. A one
millisecond ignition de1ay'at the freestream velocity will corre;pond to
a greater fraction of the modei length at small-scale than at full-scale.
This could lead to unrealistically poor performance and flame stability
problems at the model scale. For the present case of non pre?mixed
hydrogen and air streams, the rate of fuel-air mixfng also plays an
important role in the combustion process and is properly modeled by

matching the Reynolds number. If the delay caused by the reaction



kinetics is insignificant comparéd to that resulting from fuel-air mixing, |
the process is said to be ‘mixing limited". For a mixing limited
situation, sub-scale results would be similar to full-scale at the same
Reynoids number. A common practice in combustor testing is to use full
scale hardﬁare (at Teast in the axial direction) thus making scaling or
correction for chemical kinetics effects unnecessary. Full scale testing
of the .ehtirev aft end of a flight vehicle is impractical however,
especially in the 12" diameter free-jet available. In the interest of-
determining whether or not the spraybar tests were mixing limited, infra-
red images of the p1ume at elevated free-jet temperature and pressure can
be compared to images at the same Reynolds number, but reduced temperature
and pressure. The fuel-air mixing process should be similar for the two
Aconditions, so a difference in the plume characteristics can be attributed
to non-equilibrium reaction effects. If the images show comparable axial
distributions of hot water vapor, the process éan be considered mixing
limited as long as the difference in freestream pressure and temperaiure

was sufficient to appreciably alter the reaction rates.

A free-jet exit static pressure of 12 psia at a total temperature of 960°R
“results in a unit Reynolds number of 4.9 million per foot. The same
Reynolds number occurs at a static pressure of 6 psia and total
»temperature of 540° R. To confirm that the difference in reaction rates
between the two test conditions is adequate to alter the plume if the
process is not mixing limited, reference is made to the work of Bahn®® who
studied the effects of pressure, temperature and fuel-air ratio on

hydrogen-air kinetics. Bahn’s analytical approach involved 25 reactions
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and was used to compute ignition delay and time to complete reaction. The
ignition delay was defined as the time to maximization of HO, which was
found to play an important role in the ignition process. The time to
- complete reaction was defined arbitrarily as the time it takes for thé
reaction to proceed to a temperature of 2200°K. The lack of a strict
definition is of little consequence however since the complete reaction’
occurs almost instantaneously following ighition. The calculations were
carried out at constant pressure for given initiil temperatures and fuel-

air ratios.

For the present purpose of estimating the difference in reaction time
between two test conditions, the pressures are relatively well defined as
"'6'and 12 psia, but the appropriate initial temperature and fuel-air ratio
are not. Fortunately, the effect of fuel-air ratio was fbund to be small
for equivalence ratios from 1/4 to 4. If the free-jet total temperature
is assumed for the initial mixture temperature, an unrealistically long
‘ignition delay would be predicted. In fact the lowest initial temperature
reported by Bahn was 650°K (1170°R) for which the computed ignition delay-
is over eight minutes. The appropriate initial temperature must obviously
be nearer that of the flameholder recirculation zone since ignition and
reaction did occur just downstream of the spraybar. Using an average
free-jet velocity and a distance of one foot gives a time increment of
about .8 millisecond for which an appropriate initial tempefature

according to Bahn’s charts would be about 1000°%K.

In the pressure and temperature regime of present interest, the effect of



pressure is bot clear. A "double reversal" occurs near one atmosphere
where increasing pressure causes a sharp rise in the ignition delay time.
At higher or lower pressure the usual trend of reduced ignition delay with
‘increased pressure applies. The doubling of freestream pressure from 6 to
12 psia therefore cannot be relied on to reduce the ignition delay. The
effect of témperature however exhibits no such reversal, and a 100°%
increase in initial temperature, results in roughly an order of magnitude
 reduction in ignition delay time. The reaction length should be
significantly shorter-then at the elevated free-jet temperature. If the
combustion process is not mixing limited, i.e. if the reaction length is
significant compared to the distance required for mixing, combustion will

appear further upstream.

Before examining the infra-red images, a brief explanation of the
calibration method will be given. The infra-red signal generated by
hydrogen-air combustion products in the 2 to 5.6 micron detector rarge is
largely due to hot water vapor which emits at a wavelength of 2.6 microns.
The amplitude of the signal depends on the molar density, temperature, and
emmittance of the water vapor as well as the path length or thickness of
the plume. The infra-red imaging system which consisted of the video
camera énd a processor recordé‘énd displays temperature contours over the
entire field of view based on a single emittance input by the user. This
is an adequate approach'fof mapping the surface temperature of a gray body
but is not suitable for measuring gas temperatures. The emmittance of the
plume at 2.6 microns varies with temperature so a single representative

emmitance which would properly convert the radiation signal into
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temperature does not exist. The approach taken was to record the images
with the emmittancé set to one, then calibrate the temperatures usiﬁg
total temperature data from the water-cooled probe. Measured temperature
profiles were compared to temperatures reported by the camera at the same
}locations. The minimum and maximum temperatufes reported by the camera
were assigned the measured minimum and maximum temperatures resulting in
a linear mapping between camera temperature and actual gas temperature.
This mapping was then applied throughout the entire field of view. This
approximate approach implies a one to one correspondence between the
radiation signal and gas temperature which may not be strictly valid, but

is adequate for the present purpose of making a qualitative comparison.

Calibrated infra-red images of the plume at the nominal free-jet total
temperature of 540° R appear in figure 4-14 for two different fuel
pressures. The total temperature prqfiles used to calibrate the images

are shown in figure 4-l4c. The infra-red~1méges'are somewhat coarse,
consisting of a 256 by 60 array, and exhibit a horizontal feature which is
a characteristic of the imaging system and not of the plume. Combustion
is more vigorous at 350 psia as evidenced by the images as well as the
temperature profiles. Thé 250 psia condition is near the stability limit.
Some asymmetry from top to boftom is noted and the reason for this is not
known. Most imbortant]y though, a delay in the onset of combustion is
seen at both fuel pressures. Infra-red images at the same Reynolds
number, but at the elevated free-jet temperature and pressure are
presented in figure 4-15 along with the temperature profiles used for the

calibration. Again, combustion is more vigorous at the higher fuel
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pressure, although neither case is near the stability limit, and again a
slight asymmetry is apparent. The most prominent difference between the
hot and cold cases is the reduced.distance from the spraybar to the onset
of combustion for the hot case. In'making a qualitative comparison of the
hot and cold images, the unavoidable slight differences in estimated
equivalence ratio and jet penetratién ~should be noted. The Jjet
penetration being of somewhat more significance since the 1gnition delay

is relativer insens1t1ve to equiva]ence ratio.

The overall impression given.by the infra-red images and temperature
profiles is that the increased freestream pressure and temperature did
cause a reduction in the ignition delay distance at the same Reynolds
number.- The spraybar combustion process at this Reynolds number then is
not mixing limited, being affectéd to a degree by a change in the reaction
kinetics. This result implies that model scale would have an affect on
the'performaﬁce of external burning. Sub-scale test results however would
be conservative, since flameholding would be more difficult, and any heat
release occuring downstream of the test article probably serves no useful
purpose. Although detailed small-scale experimental results may not
directly apply to a larger scale flight vehicle, successful application of
the external burning concept at small-scale leads to a high confidence in

full-scale success.

Expansion Ramp Tests Apparatus and Procedure
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The objectives of the expansion ramp tests were to verify drag reduction,
and providg data for coﬁparison to analysis results. Figure 4-16 serves
to illustrate that although the expansion ramp tests were preliminary and
generic in nature, the model geometry used is related to the aft end of a
representétive vehicle. The upstream flat surface from which fuel was
injected represents the engine cowl. The downstream surface which is
deflected 12° represents the deflected cowl and exhaust shear layer. The
12° turn generates a Prandt1-Meyer expansion and corresponding low pressure

which external burning is to eliminate.

A 3-view drawing of one of the expansion ramp models appears in figure 4-
17. Two models were constructed, identical except for the spacing and
diameter of the fuel injection orifices. Each model was machined from a
single slab of 3/4" thick stainless steel. The expansion surface
downstream of the 12° corner was flame-sprayed with a zirconium-oxide
coating which provided the only thermal proteétion other than the
freestream air which impinged on the unfueled side of the ramp. The
models were instrumented with two rows static pressure taps, 18 on
centerline, and 12 off-centerline as well as two static pressures on the
3/4" high base. A row of 5 @hermocouples were imbedded in the expansion
surface to monitor surface.teﬁpérature. The "baseline" f1ameho1dér shown
is a 1/8" high by 1/4" wide piece of stainless steel bar stock mounted
such that the trailing edge was coincident with the 12° corner. The
expansion ramp models were installed in the free-jet in much the same way
as the spraybars. A photograph of the expansion ramp installation appears

in figure 4-18. The sidewalls extending beneath the model were installed
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to prevent the highef pressure air under the expansioh ramp from spilling
around and affecting the external bdrning process. Gaseous hydrogen fuel
was Supp1ied‘through the right (looking upstream) 90° elbow visible in the
photo.

The infra-red camera, Schlieren system, and water-cooled total temperature

probe as depicted in figure 4-9 were also used during the expansion ramp

tests.

Fuel Injector Sizing

Thé fuel injectors on the two models were sized for zero drag using the
design procedure outlined in chapter Il (see equations 2-30 and 2-31). An
x/d" of 10 was used in the jet penetration correlation. The fuel-lean
design had 8, .044" diameter orifices for zero drag at an equivalence
ratio of 1/2. The other model was designed for zero drag at
stoichibmetric conditions with 26, .025" diameter orifices. Al1 orifices

were equally spaced and drilled normal to the surface 1/2" upstream of the

- 12° expansion corner. Total temperature profiles just downstream of the

‘'model trailing edge obtained in initial tests of the 26 injector model,

suggested that the equivalence ratios actually obtained were somewhat
lowér than predicted and that an x/d' of 30 in the Jjet penetration
correlation would be more appropriéte. This lowers the estimated
equivalence ratios by about 26%. An x/d' of 30 is thus implicit in any

subsequent mention of estimated equivalence ratio for the expansion ramps.
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No results are reported for the low equivalence ratio, 8 injector podel as
it was unsuccessful in sustaining combustion in the Mach 1.26 flow. It
was'subsequently redrilled with 56, .018" diameter 1njectors‘for Zero drag
at stoichiometric conditions using an x/d" of 30. This design exhibited
good flame stability.

Elameholder Sizing

During the initial design of the expansion ramp models, it was unknown
exactly what size flameholder would be appropriate. Given the relatively
small model scale, a disproportionately large flameholder with respect to
the fueled stream height would be required to remain within the Dezubay
‘pre-mixed stability 1imit for all test conditions. During initial tests
of the 26 injector configuration, an attempt was made to stabilize
combustion without a flameholder, using only the disturbance createdvby
the fuel injection process. While stable combustion was maintained, the
flameholding site as evidenced by the infra-red video monitor- was
coincident with a boundary layer separation halfway down the ramp surface
and had little effect on the ramp sdrface pressures. The need for a
flameholder to initiate combustion further upstream was apparent, and the
1/8" height of the "baseline” flameholder was determined to be the minimum
conceivable in the following manner. Figure 4-19 depicts operating
envelopes for the 26 injector design in terms of the Dezubay parameter and
estimated equivalence ratio for 1/8" and 1/4" high stéps. The dimension

used in the Dezubay parameter is twice the step height due to symmetry; a
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step actually represents one-half qf a spraybar type flameholder. The
174" step falls within_the stabi]ity 1imit over much of the altitude range
at high fuel pressure, but is disproportionately large. The minimum value
of the Dezubay pafameter for the 1/8" step is lower than 800, but outside
the stability loop due to the low estimated equivalence ratio. The
equivalence ratio is a global value though, and it was thought that the
mixture in the flameholding region would vary enough that stoichiometric
regions would exist. Also, the disturbance due to fuel injectioh should
afford additional stability. Finally, the stability limit shown is

obviously not exact, being only a guideline based on limited data at these

. conditions. It was thus decided to begin with a 1/8" step as the baseline

flameholder.

Test Procedure

The fuel pre-heater was not used during the expansion ramp tests. Fuel
temperature as measured near both 90° elbows was nominally 520° R. Unless
otherwise noted, all tests were run at a free-jet total temperature of
540°R. As with the spraybar tests, ignition was accomplished using the
trans]afing spark ignitor afla.subsonic free-jet condition. The .060"
spark gap was positioned approximately 1/16" downstream of the trailing
edge of the flameholder, with the ground electrode 1/16" off of the model
surface with the ignitor fully extended. The inability of the spark to
ignite the model at the Mach 1.26 condition is considered a result of

incorrect spark positioning. Adjusting the spark position involved a
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- relatively lengthy facility shutdown and hydrogen purge procedure and so
an optimum position which may have made supersonic ignition possible was
not pursued. Following ignition, the free-jet supply pressure was
increased to the design value and the altitude condition was set in the
same manner as in the spraybar tests. Once on condition, data was
generally taken at various fuel pressures from maximum to flame-out, with

fuel off, and with fuel on at the maximum fuel pressure but not burning.

Expansion Ramp Test Results

The baseline configuration consists of the 26, .025" diameter fuel
injection geometry with the 1/8" high by 1/4" wide flameholder. Results
for this configuration will be presented in detail first, with comparisons
to the control volume analysis. .This is followed by results of model and -
test cell modifications done to study facility interference, and reconcile
the experimental data with the control volume ana1ysis§ Next, the effect
on performance of a number of perturbations on the baseline fuel injection
and flameholding geometry is given. Finally, flame stability data for all
of the model configurations is presented. A summary of expansion ramp
configurations tested is givén in table 4-1, and details of the various

flameholders are contained in appendix D.

aseline Performanc



The aerodynamics of the expansion ramp with fuel off is somewhat more
complex than was originally desired. Figure 4-20 shows centerline and
off-centerline pressure distribufions over the range of ambient pressures
tested. A dotted line_representiné a 12° Prandt1-Meyer expansion is also
shown for reference. At the leading edge, a pressure coefficient of -.3
exists, followed by a rapid compression. The expansion at the leading
edge is attributed to an upwash caused by a detached bow shock. The model
leading edge was sharp;ﬁithvthe upper surface parallel to the freestream,
but the lower surface Qas at a 14° ang]e; The 5° required for an attached
shock at Mach 1.26 was impractiéal'given the iength available. Since the
bow shock at Mach 1.26 is neariy-isentropic, the flow is again supersonic
fo]]owing‘expansion around the knife edge. Another bow shock caused by
the flameholder then causes the'compression to a pressure coefficient of
roughly .25. The expansion around the flameholder base and 12° turn is
evident at model station 3. The centerline pressure distributions show an
initiaf overéxpansion followed by a fecompression to a region of constant
pressure at roughly the Prandt]-Meyer value. At model stafion 6, a ‘hump'
in the distributions is seen with pressure rising to greater than ambient,
then reducing to near the sub-ambient base pressure at the trailing edge.
This is characteristic of a shock-boundary layer interaction which is not
'unexbected at transonic conditions. The magnitude of the hump however is
influenced by wave reflections'froﬁ the free-jet boundary. This will be
discussed in a subsequent section on facility interactions. The off-
centerline distributions do not exhibit the region of constant pressure at
model station 6, and only rise to ambient pressure at about model station

10, but are in general similar to the centerline distributions which
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indicates little potential for transverse flow on the ramp surface. Both
centerline and off-centerline distributions with fuel off show Tlittle

variation with altitude.

~ The resu1f of simply injecting fuel with no subsequent.combustion on the
centerline pressure distributions is shown in figure 4-21 where the fuel
off and fuel on distributions are plotted together. The effects are most
pronounced at 4 psia where the jet penetration and estimated equivalence
ratio are maximum, and Reynolds number is minimum. The influence of fuel
~ injection is felt upstream, all the way to the leading edge for the 4 and
8 psia conditions. Downstream of the expansion, the effects are slight at
8 and 12 psia, but at the 4 psia condition, the pressure force on the ramp

‘is clearly reduced by fuel injection.

Following the subsonic ignition procedure, combustion was sustained at
Mach 1.26 to a minimum estimated equivalence ratio of 0.5. A visué]
observatidn of the flame indicated that it was attached at the 1/8" high
flameholder. Pressure distributions during external burning at various
fuel pressures and altitudes appear in figure 4-22. External burning
eliminates the overexpan§iop at model station 3, and results in a
relatively constant pressﬁré‘along the entire ramp length. The base
pressure measured on the 3/4" model trailing edge more closely matches the
ramp surface pressures with combustion. The effects of fuel pressure and
altitude are almost negligible despite 1large changes in the Jjet
penetration and estimated equivalence ratio. The flat nature of the

pressure distributions and the fact that the base pressure is not
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significant]y different are indications of the elliptic nature of the flow
on the ramp. Unfortunately, it is difficult to distinguish between a
sepérated flow, and an attached flow driven subsonic by combustion as both
may result ih the observed pressure distributions. The 2-D Euler results
of chapter III indicated that a sharp pressure grédient may accompany the
transition to subsonic flow within the plume, which substantiates_the
separatibn argument, but without detailed off-surface measurements, it is

difficult to distinguish between the two.

The 35mm camera system used to take still Schlieren photos was unavailable
during runs with the baseline configuration, but was installed for
subsequent tests with other model configurations. Features of the
Schlieren images changed little however for all configurations tested as
evidenced by a video monitor in the control rbom. Typical Schlieren
images with fuel off, and with external burning appear in figure 4-23.
The profile of the model upper surface is clearly visible to a point near
the trailing edge. The sharp leading edge of the model is at the

intersection of the upper surface with the sidewall profile but is

~ obscured by the 5/8" diameter elbows used for support and fuel supply.

The bow shock standing off of these tubes is evident in all of the images,
and is nearly coincident with the fuel injection and flameholding
disturbances. The fuel off image shows much more shock structure, and a
separation point rdughly halfway down the ramp surface. With external
burning, the most prominent feature is the density gradient at the plume

boundary. Much less structure is evident in the freestream apparently as
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a result of reduced turning as the plume fills thé void left by the model.
Within the plume, the absence of any structure indicates subsonic flow,
but from these images alone it is impossible to distinguish between an |

~ attached flow driven subsonic by combustion and a separated_flow.

Total temperature profiles obtained 4" downstream of the exbansion ramp
trailing edge and 1" off the centerline are shown in figure 4-24. The
effect of increasing fuel pressure and altitude is clearly seen as both
the temperature and vertical extent of the plume increase. Fuel pressure
and altitude increases result in higher jet penetration and estimated
equivalence ratio. Temperatures approaching hydrogen-air stoichiometric
are seen at the highest altitude, 4 psia conditibn. The marked variation
in plume characteristics is 1in sharp contrast to the bressure
distfibutions of figure 4-22 which shoyed little or no variation with fuel
pressure or altitude. The profiles exhibit a definite peak near the free-
jet centerline at the boundary between the external burning plume and the
freestream. The lower boundary of the plume is less definite, extending
below the elevation of the model base. No inference can be drawn.

regarding the state of the boundary layer from these profiles.

Infra-red images corresponding to three of the temperature profiles of
figure 4-24 appear in figure 4-25. The images were calibrated using the
same procedure outlined previously for the spraybar testé. The same
temperature scale was used for all three of the images so a direct
comparisoh can be made. Hot model surfaces appear as saturated regions

since the calibration used is only valid in the plume. Dramatic increases
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in the size and intensity of the external burning plume are apparent as
the estimated equivalence ratio increases. At the highest equivalence
ratio; a cooler regioﬁ near the ramp surface is visible, and a delay in
the onset of combustion is apparent with the maximum temperature occurring

near the trailing edge of the model.

Comparison _to Control Volume Analysis

The control volume equations presented in chapter Il predict the axial
thrust coefficient given the model geometry, freestream conditions, and

the inflow stream height and equivalence ratio. Since it 1is more

.practical to specify as input the fuel conditions and fuel injector

geometry, the inflow stream height and equivalence ratio were es;imated
using the jet penetration and the penetration times spacing method. In
attempting to match an experimental reSu]t, it is of interest to insure
that the inflow stream height and equivalence ratio.estimates'are not
seriously in error. To this end, the total temperature profiles measured
approximately 4" downstream of the model trailing edge are taken to
fepresent the outflow temperature, and are compared to the equilibrium
temperature at the estimated”éqdivaIence ratio used in the control volume
analysis. The penetration times spacing method yields this equation for

the equivalence ratio:
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One of the assumptions in the control volume analysis is that the inflow
and outflow conditions are uniform. To obtain a representative value of
total temperature from the measured profiles, all temperatures within 20%
of the peak were averaged. These average plume temperatures for the
baseline and all of the other configurations tested at ambient free-jet
total temperature are plotted fn figure 4-26a versus the estimated
-eqqiva]ence ratio obtained from equation 4-3 using an x/d' value of 30.
These data encompass all of the.different flameholder geometries, and two
different spacing ratios (the 26 and 56 injector models) as_well as

various other variations inc]udfng upper sidewalls, fairings, etc. A
degree of correlation is provided by equation 4-3 but the data seems to
stratify into two separate groups representing the two different orifice
spacing ratios, and falls below the equilibrium curve for low equivalence
ratios. Since the control volume analysis uses the equilibrium curie,
this would result in an optimistic performance prediction. The
penetration times spacing method, which seems to proyide the appropriate
functional form, can be revised to provide a better degree of correlation
based on the present data. first, the exponent on spacing ratio is
changed to 1/2 to collapse the data into a single curve. A better fit

with the equilibrium values results from changing the fuel pressure
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dependence from an exponent of .517 to 1.0, and adjusting the constant
from 5.304 to .336. The x/d° term is also lumped into the constant and the

revised equation for estimating equivalence ratio is as follows:

o

, [ Py, )(Pc,u-s)"ea(i)
P P o
- .129 ¢, \otol\ Teo ) Ao [4-4]

| Tn li
Tpo \ O

The average plume temperatures are replotted using the new estimate in

corr

figure 4-26b. Equation 4-4 éivés a good estimate of the "effective"
equivalence ratio based dn thé'experimental outflow temperatures. It
reflects any reduction in combustion efficiency caused by incomplete
mixing and ignition delay. Since these factors may depend on scale and
model geometry, the validity of equation 4-4 outside the range of
parameters iﬁ the presént experimenf cannot be guaranteed. It is now
simply a correlation with it’s functional form suggested by physical
reasoning, and exponents adjusted intuitively to match the present data.
The equivalence ratio so defined will be referred to as the correlated

equivalence ratio in all subsequent discussion.

Given the correlated équivalence ratio, and measured fuel flow, the
corresponding amount of air involved can be determined, which is in
general different than that given by the penetratioﬁ times spacing method.
Assuming that the inflow stream height is still equal to the jet

penetration, the inflow conditions could be adjusted so as to give the
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proper massflow. This would lead to an iterative process though, since an
adjustment in the inflow conditions would affect the jet penetration.
Alternatively, freestream conditions can be assumed for the inflow, and a
stream height cohsistent with the airflow can be calculated independent of
the jet penetration correlation. Taking this approach, the effective
height of the air stream is given by the following:

Yo . 56,193 /TVA/S 4-5
Yb ° (Fc,ar-s/Pt.o)'“3 [4-81

Note that the inflow stream height calculated in this manner is only a
function of the orifice geometry, and the freestream Mach number, and is
independent of fuel and freestream condftions. The equivalence ratio and
inflow stream height given by equations 4-4 and 4-5 can now be used in the
- control volume analysis as better approximations than those given by the

original penetration times spacing method.

The experimental thrust coefficient was determined based on area-averaging
the static pressure distributions. Separate thrust values were computed
based on the centerline and off-centerline rows, then the two values were
averaged using a 2/3 weighting on the centerline value, and 1/3 on the
outboard. This somewhat arbitrary weighting between the centerline and
outboard rows is of little consequence since the pressure distributions
are so similar. The predicted and measured drag coefficients are compared
in figure 4-27. Equilibrium hydrogen-air combustion and three-dimensional

expansion assumptions were used in the control volume analysis. In figure
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4-27a, the penetration times spacing method was used with an x/d" of 30 to |
estimate the equivalence ratio for both the experimental data and the
control volume results, thus the inflow stream height used in the control
volume esfimate equals the jet penetration. As stated earlier, the model
was originally designed for zero thrust at stoichiometric conditions. The
control volume prediction curve passes through zero thrust at an
equivaleﬁce ratio different than one because an x/d' value of 10 was used
originally in the design, and also the experimentally determined orifice
flow coefficient of .83 is now taken into account. The equivalence ratio
and inflow stream height based on the data correlation is used in figure
4-27b and results in a broader range of equivalence ratios, with the

predicted zero drag point at an even lower equivalence ratio. The

* measured thrust coefficient shows 1ittle variation with equivalence ratio

and is below the control volume prediction regardiess of the method used.

The performance of external burning in terms of a drag reduction per unit
fuel flow is difficult to assess since as stated above, the fuel off
resu]ts are susceptible to interference from the free-jet boundary above

the model. To provide some sense of scale however it should be noted that

" the thrust coefficient resulting from a 12° Prandt1-Meyer expansion is -.4.

vThe actual fuel off thrust coefficient would be closer to zero howe?er due

to the beneficial effects of boundary layer separation and three-

dimensional effects.

Facility Interaction Studies
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The disparity between measured thrust coefficients and the control volume
prediction may at'first seem completely attributable to boundary layer
~ separation. However, characteristics peculiar to the external burnihg
flowfield must be considered before this conclusion can be drawn. The
control volume analysis (equation 2-9) indicates that the plume velocity
is weakly proportional to the thrust coefficient. For the sligh;]y
negative thrust coefficients obtained experimentally therefore, the plume
velocity should be nearly equal to freestream. In contrast to a classical
wake flow which reaccelerates to the freestream velocity due to large
transverse velocity gradients, the subsonic external burning plume may
persist for a considerably longer distance downstream of the model in the
absence of velocity shear. The only mechanism tending to increase the
- plume Mach number is the reduction in sound speed caused by heat transfer
acroﬁs the plume boundaries. Pressure distributions on the ramp are thus
susceptible to upstream communication 6f disturbances which may occur well
downstream of the model such as in the facility exhaust collector. This
and other possible sources of facility interference which were studied are

depicted schematically in figure 4-28.

In c1ose.proximity to the model, is a Sub‘ambient pressure region at the
3/4" high model base (see figure 4-22). The blunt base and the airflow
which is channeled beneath the ramp by the sidewalls does not exactly
represent the generic external burning outflow conditions considered thus
far, i.e. a simple turn back to the freestream direction. The fact that
the pressures on the ramp during burning were nearly equal to this base

pressure gives rise to a concern that the model base region may have
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influenced the results.

" The free-jet boundary also provides a possible source of interference,

since disturbances generated by the model would be reflected back and
impinge on the plume as waves of the opposite family. This would tend to
have an equalizing effect on thrust, since a compression wave generating
high pressure on the ramp would be reflected back as an expansion, tending

to depressurize the plume.

ffect of Exhaust Collector Modifi jon

_Any experiment involving combustion within the PSL-4 test cell requires an

amount of cooling and dilution airflow consistent with safety guidelines.
This auxiliary air is admitted into the test cell at the forward bulkhead
and flows around the flow conditioning'duct and free-jet at about 80 fps
keeping the test cell walls and electronic equipment cool as well as
providing enough dilution so that if the hydrogen fuel is not burned in
fhe experiment, the mixture which flows out of the test cell is still
inert. The free-jet air and auxiliary air exit through an exhaust
collector at the rear of the cell which is simply a round duct 55" in
diameter. The leading edge of the exhaust collector was located 51"
downstream of the model trailing edge, and did not have any type of
bellmouth contour. The relationship of the exhaust collector aqd_model is
depicted in figure 4-29. Since the leading edge of the duct was

relatively shafp, the possibility existed of a sharp-lip separation and
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' vena-contracta which would cause a low pressure region through which the
external burning plume would flow. The exhaust collector was subsequently
instrumented with a fow of 11 static pressure taps shown in figure 4-29.
Pressure distributions at ambient pressures of 12, 8, and 4 psia are shown
in figure 4-30 for the 75 pps of auxiliary air nominally used. The 4 psia
condition where the velocity is highest at the inlet due to the constant
auxiliary air mass flow, shows a definite sharp-1ip separation and low
pressure throughout the duct. The possibility of this low pressure
feeding forward to the model prompted a re-installation of the exhaust
collector such that the leading edge was 105" downstream of the model.
Following this, a study of the effect of auxiliary air flowrate on the
duct pressure distribution was done at the 4 psia test cell condition.
The results of this study appear in figure 4-31 and indicate that by
reducing the auxiliary air flow to 40 pps, the separation and low pressure
is eliminated. It was concludeq that 40 pps of auxiliary air was still

within safety Timits and all subsequent testing was done at this flowrate.
The effect of reducing the auxiliary air flowrate and moving the exhaust
collector entrance downstream on external burning performance is shown in
figure 4-32 to be negligible however. It can be concluded therefore that
the low pressure region located about 5 feet downstream of the model did

not feed forward through the subsonic plume and reduce performance.

Effect of Plume Boundary Simulator

The trailing edge of the model does not exactly represent the intended
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geometry depicted in figure 4-16. The external burning plume should turn
back to the flight direction immediately downstream of the vehicle. The
finite model base height, and air flow beneath the model combine to create

-an area of low pressuré in the bése'region as evidenced by the pressure

distributions in figures 4-20 through 4-22. To provide a definite

boundary for the ekterna] burnihg plume, thereby more closely modeling the

. intended situation, a flat plate was installed downstream of the model,

parallel to the freesgream; The 12" square *plume boundary simulator”
installed behind the model is shown in figure 4-33. It was constructed in
the same manner as the expansion ramp models using a 3/4" thick slab of
stainless steel, with a zirconfum4oxide coating on the upper surface. The

plate had a row of 11 statib pressure taps on the centerline spaced at 1"

“jntervals, and a transverse row of 5 taps at the midpoint. The outboard

leading edges of the plate were machined to a 10° knife edge to reduce
blockagg. The total ‘temperatufe probe actuator was moved 1" .off
centerline aﬁd a3/4" diameter hole wﬁs drilled in the plate, to allow the
water-cooled total temperature prbbe to pass through. A test was ruh with
the hole plugged td insure that the centerline pressure measurements were

not affected by the hole.

The Euler analysis described in section 3 was used to demonstrate the
equivalence between a solid boundary parallel to the freestream, and the
actual situation where freestream flow deflects the plume. The Euler
analysis assumes a perfect gas, so heat addition based on the fuel heating
value and fuel-air rétio would tend to result in too much heat being

added. So that a more representative heat addition was used in modeling
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“the experiment, 2-D perfect gas, and 2-D real gas control volume
ca]cu]ations.were cbmpared over the range of equivalence ratios tested to
determine fhe equivalence 'ratio§ to be used in the perfect gas
calculations which result in the real gas thrust coefficiént values.
These reduced equivalence ratios appear in table 4-3 along with the
corresponding experimental conditions. The heat addiiion distribution
used was Gaussian in the axial direction and constant in the transverse
direction, as this gave pressure distributions having characteristics
similar to the experiment. fhe Gaussian distribution used was slightly
different than that used in section 3 and is depicted in figure 4-34.
Although additional numerical experimentation could have been undertaken
to more closely match experimental pressure distributions, this was not
the objective of the Euler analysis. The purpose of these calculations

was simply to validate the use of a plume boundary simulator.

The 12° expansion ramp profile was modeled with both types of downstream
plume boundaries. A 100 by 50 grid shown in figure 4-35a was used for the
solid boundary case. To model the freestream inflow boundary, 20 points
were added in the transverse direction as shown in figure 4-35b. The heat
addition corresponding to a correlated equivalence ratio of .452 was used
for fhis comparison (see 'téble 4-2). Streamlines and heat addition
contours for both cases appear in figure 4-36. The momentum of the
subsonic plume is small compared to that of the freestream, due to the
large reduction in density at about constant velocity. The plume is
therefore quickly turned back to the axial direction by the upper

freestream flow as evidenced in figure 4-36b where deflection of this
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auxiliary freestream is negligible. Mach number contours for both cases

which appear in figure 4-37 are very similar as well, with the only

difference being the large transverse gradient between the "upper

freestream and the plume. The expansion surface pressure distributions
compared in figure 4-38 are nearly coincident over the entire ramp surface
and result in a negligible difference in thrust coefficient. The solid
wall is thus a valid representation of the true lateral plume boundary, at
Teast for the 2-D inviscid case. The equivalence of these two boundaries
may not be as clear if the plume is separated, since the solid boundary
hinders reverse flow into the separated region. Despite this, the plume
boundary simulator provides a known boundary and a better experimental

simulation of the intended external burning geometry than the basic

‘expansion ramp model.

Centerline pressure distributions with and without the plume boundary
simulator are shown in figure 4-39a with fuel off along with the 2-D
shock-expansion theory result for reference. Upstream of 8" the

distributions are similar. Downstream of this point the baseline

"~ distribution falls off to the low base pressure while the distribution

with the plume boundary simulator peaks at the 12° corner. The pressure
then quickly decays to a zéro pressure coefficient. There was little
effect of ambient pressure on the fuel off distributions, the 8 psia cases
shown are representative of all altitudes. The transverse row of static
pressure taps on the plume boundary simulator at the 20" station showed no

transverse variation in pressure at all conditions and so are not
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presented. The plume boundary simulator thus eliminates the troublesome

region of low pressure jmmediately downstream of the expansion ramp and

provides a definite lateral boundary for the plume. A comparison of o

~ centerline pressure distributions with external burning appears in figures
4-39b through 4-39d for high, low, and intermediate correlated equivalence
~ratios. Pressures upstream of the expansion are comparib1e, but a
definite increase in expansion ramp pressure is induced by the_plume
boundary simulator at all equivalence ratios. The pressure is still
independent of equivalence ratio however, ind does not rise above ambient

to a level consistent with control volume predictions.

Total temperature profiles appearing in figure'4-40 at the same three
. conditions show compérab1e levels of temperature but a more symmetric
shapé than those of the baseline configuration in figure 4-24. An
increase in thrust coefficient is seén in figure 4-41 over the entire
range of equivalence ratios tested. Even less variation with equivalence
ratio is evident with the plume boundary simulator installed. The test
arrangement is now considered free of interference from flow beneath the
model and a low base pressure region. Thrust coefficients remain below
predicted values however and do not exhibit the expected variation with

equivalence ratio.

ffect of Free-Je undar

The model size was obviously large with respect to the f?ee-jet exit.
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Ideally, the model would have been sized to fit completely within the
conical area formed by Mach lines emanating from the nozzle lip, commonly
referred to as the "test rhombus® of the free-jet. In external burning
tests where an accurate thrust measurement is to be made, it would be
advisable to size the installation even more conservatively, including a
sizable portion of the subsonic plume within the test rhombus since
disturbances impinging on the subsonic plume near the model trailing edge
may feed forward. In the present tests, the free-jet size was determined
by availability of the existing Mach 1.26 nozzle. Also, facility air flow
capability would have precluded use of an appreciably larger free-jet.
Considerations in sizing the expansion ramp models included ease of

machining the small fuel injection orfices, as well as instrumentation,

~flame stability, and scaling. The models could not be made small enough

to fit within the test rhombus, however it was decided that this situation

was acceptable due to the preliminary nature of the experiments. To

~increase confidence in the data obtaiﬁed, the magnitude of the free-jet

boundary effect on thrust was estimated using the Euler analysis.
Solutions in which a "flight" boundary condition was imposed on the lower
computational boundary, (as in figures 4-37) were compared to cases where
a free-jet boundary was used. The free-jet boundary was captured in the
solution by extending the lower boundary of the grid shown in figure 4-35a
beyond the 6" freé-jet exit radius and imposing a Tow speed inflow to this

region. The static pressure and total temperéture match that of the'free-.
jet. The solution would not converge if a zero velocity was imposed, S0
a .3 Mach number inflow was used. This is still a good representation of

the actual case since the velocity adjacent to the nozzle was not zero due
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" to the auxiliary air flow and ejector pumping of the free-jet. The 100 by
80 grid used, pictured in figure 4-42 had the same grid density in the
heat addition region as the 100 by 50 grid so thai differences in thrust
were not artificially induced by grid refinement effects. A .025 damping

coefficient was used in all cases.

A case with no heat addition was run first to simulate the fuel off
situation for which the experimental pressure distributions sthed a
curious recompression to above ambient pressure. Shock-expansion theory
can be used in lieu of Euler analysis for the flight boundary case since
the flowfield is made up of simple regions. The thrust coefficient so
obtained is equal to the pressure coefficient following a 12° Prandt1-Meyer
turn which is -.4. Mach .number contours and the wall pressure
distribution for the free-jet case appear in figure 4-43. The centered
expansion turns the free-jet boqndary toward the wall, and is reflected -
back as a strong shock, resulting in a -.2 thrust coefficient. This shock
is evident in the fuel off schlieren image of figure 4-23 along with a
large separated zone. Although viscous and three-dimensional effects
would alter the flowfield somewhat, the 2-D inviscid result suggests that

the high ramp pressure with fuel off is induced by the free-jet boundary.

The effect of the free-jet boundary on the inviscid externa]Iburning
flowfieid is summarized in figure 4-44 where the thrust coefficient for
both flight and free-jet boundaries are plotted versus equivalence ratio
along with control volume analysis results. The heat addition schedule of

table 4-2 was used in the Euler calculations, so as expected the 2-D real
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gas control volume curve lies near that of the Euler "flight boundary"
analysis. The 3-D real gas control volume result is also shown to depict
the magnitude of three-dimensiohal effects which are small for thrust
coefficients near zero. The free-jef boundary cases always remain nearer
to zero than the.corresponding flight boundary cases. For cases where the
flight thrust coefficient is less than iero, the free-jet boundary causes
an increase in thrust. Conversely, the free-jet boundary tends to reduce
thrust coefficients greater'than zero. The curves cross at approximately
zero thrust so the efféct of the free-jei boundary is always to reduce the
absolute value of non-zero thfust coefficients, and the magnitude of the
effect is proportional to the thrust level. This is an intuitive result
since for zero thrust coefficient the streamline deflection and hence
reflected disturbantes are minimal. The reflected wave interactions are
seen in figures 4-45 through 4-47 where Mach number contours for flight
and free-jet cases are compared at three equivalence ratios. The minimum
equivafence ratio case in figﬂre,4-45 has a flight thrust coefficient of -
.075 with an expansion propagating into the freestream. In the frée-jet
case, this expansion turns the free-jet boundary inward slightly and is
reflected back as a compression which impinges on the subsonic plume. The
interaction between the plume and free-jet boundary continues downstream
resuTting in a net increase in thrust. At the higher equivalence ratios,
an initial compression is generated by burning, and ‘the resulting
reflected expansioh wave reduces the thrust. In the maximum equivalence
ratio case of figure 4-47, a pocket of subsonic flow appears downstream of
the strong shock generated by burning. The resulting reflected expansion

and subsequent interaction reduce the thrust coefficient from .223 to
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.078.  The rather pronounced effects shown above apply to a two-
‘dimensional flowfield. - In the present experiment, three-dimensionality
will reduce the magnitude of this effect somewhat but not alter its

nature.

The free-jet boundary reduces the sensitivity of ramp forces to
equivalence ratio but does not prevent thrust coefficients greater than
zero. Therefore, while the free-jet boundary interaction may contribute
to the insensitivity of experimental results to equivalence ratio, it is
not the sole cause of persistent sub-zero thrust coefficients. The most .
serious effect noted is the wave interaction with fuel off which causes
artificially high force 1levels, making an assessment of the force

increment due to external burning in the experiment difficult.

The experimental arrangement including the plume boundary simulator is
thus considered to be free of serious facility interactions during
external burning runs since the thrust coefficents are near zero and free-
jet boundary interactions are minimal. The discrepancy between the
predicted and measured thrust coefficient is not completely attributable
to any of the postulated facility interfefence effects. Another
explénation for Tower than brédicted performance is thaf following initial
expansion at the flameholder and 12° turn, the pressure rise due to
combustion separates the boundary layer, precluding the recompression seen
in the Euler analysis at the sonic point. 1In an attempt to determine
whether or not the plume was indeed separated, a crude pitot tube was

attached to the water-cooled temperature probe. The small platinum tube
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did not survive the extreme environment though, and provided no useful
dat;. Time limitations made construction of a more sophisticated probe

impossible.

Subsequent efforts were focused on initiating combustion further upstream
to reduce the initial expansion at the flameholder and 12° corner. To this
end, a number of different fuel injection and flameholding configurations
were tested. Results of these tests are presented in the following

sections.

Alternate Fuel Injection and Flameholding Configurations

In the subsequent discussion of alternate configurations, the plume
boundary simulator is always present. The 'baée]ine" configuration to
which comparisons will be made is now configuration 2 which includes the
plume boundary simulator. Performance of this configuration was shown in

figures 4-39 through 4-41.

" The second expansion ramp mode] had a row of 56, .018" diameter fuel

injectors designed for zero drag at stoichoimetric conditions based on the
control volume method with an x/d* of 30 used in equation 4-3 for the jet
penetration. The design actually called for 58 evenly spaced injectors,
but the two outboard holes locations were very close to the edge of the
model and were not drilled. Except for the new fuel injection pattern,

this model was identical to the first. With the smaller orifices, the
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distance from the injection plahe to the’trailing edge of.the flameholder
was 27.8 diameters as compared to 20 for the baseline configuration. Ramp
centerline pressure distributions for this configuration appear in figure
4-48a with fuel off, and with external burning at low, intefmediate and
high -equivalence ratios. Although the plume boundary simulator was
installed for this as well as all subsequent configurations, the plots
terminate at the trailing edge of the ramp in order to accentuate the
flameholder and initial expansion region. Pressure on the plume boundary
simulator itself quickly decayed to freestream static for all conditions
and configurations. As expected, the fuel off distribution is identical
to that of the baseline configuration with the plume boundary simulator
installed (figure 4-39a) since the ramp and flameholder geometries are
jdentical. The effect of the plume boundary simulator is obvious with
fuef off, causing a slight pressurization at the trailing edge. With
burning, the 56 injector configuration does not generate an appreciably
higher thrust than the baseline, in spite of the increased length
available for mixing upstream of the flameholder. Total temperature
profiles corresponding to the three external burning pressure
distributions appear in figure 4-48b. Compared to the baseline profiles
of figure 4-40, the 56 injector configuration profiles are slightly more
symmetric in shape. Note that the equivalence ratios are different for
the 56 injector model, so a direct comparison of temperature level should

not be made.

The next variation tried was to move both the fuel injection and

flameholding upstream 1/2". This was accomplished by welding closed the
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existing 26 orifices on the baseline model, and re-drilling the identical

26 hole pattern, 1/2" upstream. The original, 1/8" by 1/4" rectangular

cross-section baseliné flameholder could not be mounted 1/2" upstream due

‘to interference of the attachment screws with the hydrogen plenum just

beneath the surface. An alternate flameholder was constructed which used
smaller screws located further upstream, and provided the desired 1/8"
high step, 1/2" upstream of the 12° expansion. A photograph of this
configuration appears in figure 4-49. The new flameholder was constructed
of a 1/16" thick stainless steel plate, 3/8" wide with it’s trailing edge
bent up to 1/8" above the model surface. It should be noted that this
geometry probably results in different recirculation zone length than the

square baseline flameholder cross-section. Centerline pressure

~distributions for this configuration are shown in figure 4-50a. A more

severe compression is apparent at the leading edge since the fuel
injection plane is now 1/2" further upstream at 2". With fuel off, the
overexpansion at the corner is 1es§ severe than with the baseline
flameholder. During external burning however, the overexpansion is
slightly more severe, but quickly recompresses to freestream pressure,
resulting in slightly higher thrust than the baseline. Thrust
coefficients for all of the alternate configurations are compared in a
subsequent figure (4-55). A Tow equivalence ratio case was not obtained
since flame stability for this configuration was not as good as the
baseline, where the trailing edge of the f]aﬁeho]der was coincident with

the 12° expansion.

The persistence of sub-ambient pressure at the model knee during burning,
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" and the meager increase in thrust level indicates that heat teIease is not
being initiated at the flameholder, but further-downstream nearer the 12°
turn similar to the baseline case. The reducgd flame stability of this
configuration suggests that the recirculation zone length generated by the
1/8" high flameholder alone is probably only marginally sufficient to
initiate ignition, without a lengthening caused by the 12° expansion. The
flameholder and initial portion of the 12° corner provide a larger
effective flameholding region than the 1/8" high step itself. fotal
temperature profiles for this configuration, shown in figure 4-50b are
somewhat flatter than those of the baseline configuration, exhibiting

higher temperatures nearer the wall.

The effect of simply moving the fuel injection plane and flameholder
upstream 1/2" thus has 1little effect on performance since the initiation
of heat release was probabTy not moved forward with respect to the -
expansion. Before proceeding with a more sophisticated flameholder
scheme, an attémpt was made to alleviate the expansion at the sharp model
leading edge caused by the detached shock, thereby reducing uncertainty in
the local conditions in the fuel injection and flameholding region. To
accomplish this, a 1" extension pictured in figure 4-51 was added to the
leading edge of the 26 injeétor model (the model is shown without a
flameholder). The 5° sharp leading edge on this extension was to'allow an
attached wave on the lower surface, resulting in clean Mach 1.26 flow on
the upper surface. The extension extends 1" into the free-jet, and was
instrumented with two static pressure taps on the 'centerline. The

extension into the free-jet is inconsequential given that the 1.26 exit
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plane Mach number exists further than 1" into the free-jet on the free-jet

axis.

The effect of this extension on fhe centerline pressure distributions
downstream of the flameholder is seen to‘be almost negligible in figure 4-
52; where a directtcomparison with the basé]ine configuration is made with
fuel off. The expansibh ﬁear station 0 (the baseline model leading edge)
is reduced somewhat, put aﬁparent1y the model blockage still causes a
detached wave and resuitant'upwash. Limited external burning data at 8
psia static pressure was takeh with this configuration and the baseline
flameholder. Since the 1eadihg‘edge extension has little effect, this
data may be compared to baseline configuration data in figure 4-52b and ¢
to show the effect of moving the injection plane forward from 20 to 40
orifice diameters upstream of the 12° corner. As was the case with the 56
injector model at 27.8 orifice diameters, negligible differences in

performance are noted. '

The final configuration to be presented is pictured in figure 4-53, and

consisted of a 1/4" high "serrated" flameholder mounted in the upstream

‘position with it’s trailing edge 1/2" upstream of the 12° expansion. This

flameholder was intended to promote fuel-air mixing, and create a longer
recirculation zone. To accomodate a longer recirculation zone, The 1/16"
thick plate seen in the photograph was added to the model, extending 3/4"
downstream of the 12° corner, to provide more distance between the

flameholder and expansion in which to initiate ignition and heat release.
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The distance from the injection plane to the trailing edge of the plate is
70 orifice diameters. This configuration departs slightly' from the
previous in that the extension plate covers the 12° expansion and forms a
short blunt base. Centerline pressure distributions for this
configurafion appear in figure 4-54a. With fuel off, a low base pressure
in the region covered by the extension plate is apparenf followed by the
recompression to slightly greater than freestream pressure. Combustion
increases the pressure in the separated region beneath the plate to
slightly less than ambient, and this pressure persists to the end of the
ramp. Again, it seems that heat release was initiated not at the serrated
flameholder, but in the recirculation region formed by the extension
plate. Total temperature profiles for this configuration appear in figure
4-54b and are similar in shape to those of the baseline configurétion.
Again, the indication is that the flame was held in the recirculation
region downstream of the plate and not upstream at the serrated
flameholder. A number of other different combinations of tﬁe
flameholders, extensions, etc. discussed above were tried, but none
resulted in higher performance, and some exhibited very poor flame

stability.

Thrust coefficients for ali fdur of the variations discussed above along
with the baseline are shown in figure 4-55. Only the 26 orifice upstream
injection with the upstream 1/8" flameholder seems to show a discernable
improvement in ramp surface force, but all are still below the control
volume predictions. Only a slight difference in predicted performance is

evident between the 26 and 56 injector configurations. This is to be
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“expected, since the inflow stream height ratios (¥o/¥,) given by equation

4-5 _dre similar (.197 and .182 for the 26 and 56 injector models
respecively), and for a given équiva]ence ratio, this is the only
parameter in the control volume analysis which would affect thrust. THe
56 injector model does howeVer operate over a wider range of equivalence
ratios. The final configuratiun'discussed (26 upstream injectors, 1/4"
serrated' flameholder) was subsequently run at elevated freestream
temperature, and also with upper sidewalls. Although neither of these two

variations resulted in an increase in thrust they are included for

completeness.

" Results with Heated Freestream

Increasing the freestream total temperature has é number of effects. The
most desirable is the increase in hydrogen-air reaction rate which.may
allow ignition and heat release to occur further upstream. This reduction
in ignition delay comes at the expense of a lower Reynold’s number, and a

higher freestream velocity, but these effects are small compared to the

- exponential dependence of ignition delay on temperature (see the section

on scaling of small-scale test results and reference 62). Figure 4-56a
presents centerline pressure distributions at a free-jet total temperature
of 960°R with fuel off, and with external burning at low, intermediate, and
high equivalence rafios. The distributions are nearly identical to the
corresponding results at 540° in figure 4-54, which are at somewhat lower

equivalence ratios. Total temperature profiles appear in figure 4-56b and
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exhibit a higher maximum témperature as expected, but are similar in shape
to the cold results. Figure 4-56c shows the negligible effect of the
heated freestream on thrust coefficient. The control volume results show |
a marked effect however since at increased freestream'temperature, the

temperature ratio and thus the stream area ratio are reduced.

Effect of Upper Sidewalls

The control volume analysis, which has provided the impetus for attempting
to improve performance, has been done with a three-dimensional expansion
approximation. Even so, the possibility existed that lateral spillage was
preventing higher thrust coefficients. Thusfar, 1in all of the
configurations tested, the external burning plume has been confined on
only one surface. To approximate a more two-dimensional flow, upper
sidewalls pictured in figure 4-57 were used which extended 2" above the
ramp at the leading edge. The upper ‘surface of the sidewalls was parallel
to the freestream, and the leading edges were ground to a 10° knife edge..
In the photograph, the original baseiino configuration appears without the
plume boundary simulator. The effect of these sidewalls with fuel off, as
shown in figure 4-58a is to prevent lateral inflow to the Tow pressure
regions, resulting in lower pressure over more of the ramp surface. The
fuel-of f recompression, which as discussed previously is sfrengthened by
free-jet boundary interference, occurs further downstream. With external
burning at the maximum equivalence ratio (figure 4-58b), the effect of the

sidewalls is very slight, resulting in a small increase in pressure. The
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effect is seen upstream to near the leading edge as the sidewalls coﬁtain
the injection disturbance. A comparison of total temperature profiles
with and without the upper sidewalls appears in figure 4-58¢c. The upper
sidewalls prevent transverse inflow of cooler air, resulting in a slightly
fuller profi]é near the wall. The effect of upper sidewalls on thrust

coefficient -is negligible as shown in figure 4-58d.

Expansion Ramp Flameholding

Flame stability data was taken during the expansion ramp tests in the same

‘manner as in the spraybar tests described previously. Combustion was

stabilized at a given altitude condition, which results in a specific
value of the Dezubay parameter, then fuel pressure was reduced, lowering
the equivalence ratio until a flame-out occured. Points at which flame-
outs occurred are plotted in figure 4-59 along with the Dezubay pre-mixed
stability 1imit. The data appear to fall well outside the pre-mixed limit
in contrast to the spraybar results. The characteristic dimension used to
calculate the Dezubay parameter is subject to interpretation however,
given the more cémp1ex geometry of the expansion ramp flameholding region.
For figure 4-59, twice the overall geometric height‘ of aft-facing
flameholder area (denoted by H in appendix'D) was used in the Dezubay
parameter. Recall from the discussion on flameholder sizing that a step
is equivalent to one-half of an unconfined two-dimensional flgmého1der.

There is no inherent reason that the expansion ramp flameholders should
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'.allow stable "combustion at more severe conditions than the pre-mixed
~limit. This is another indication that the 12° corner downstream of the
flameholders caused a lengthening of the recirculation region. The longer
recirculation zone corresponds to a larger effective flameholder height,
which would reduce the Dezubay parameter to more reasonable values near‘
the pre-mixed limit. The préceeding argument is consistent with the
premise that combustion was not initiated near the flameholders, but

further downstream allowing some initial overexpansion to occur.

Expansion Ramp Performance Assessment

‘The control volume analysis of chapter Il indicated that the performance
of external burning had the potential to be competitive with other forms
of airbreathing pfopu1sion. The specific impulse measured eXperimentally ‘
will now be compared td that predicted. The specific impulse in terms of
the change in axial force per unit fuel flow is difficult to assess
however, because of the aforementioned free-jet boundary interference with
fuel off. The free-jet boundary causes the thrust coefficient with fuel
of f to be too high, which reduces the change in thrust coefficient due to
ekterna1 burning. Nonethe1éss, the thrust coefficient and specific
impulse as def{ned by equation 2-24 are shown in figure 4-60 for
configuration 10. Configuration 10 is representative of all others since
the results showed little dependence on geometry. In figure 4-60a, The
thrust coefficient is plotted vs. the correlated equivalence ratio to show

the change in axial force used to compute the specific impulse. The



128

thrust coefficient predicted by the control volume analysis is also shown
for comparison. Two different fuel off force values will be considered.
First, as labelled in the figure, is the actual fuel off thrust
coefficient of -.097 obtained expérimentally in the same manner as the
burning values,.by pressure-area summation. This value is known to be
affected by interference from the free-jét'boundary, and is too high. The
other value to be considered is that of a Prandti-Meyer expansion about
the 12° turn at Mach 1.26 which is -.4. This value is th low since in
actuality, transvefse'flow and boundar& layer séparation would tend to
relieve this low pressure. The "deltas” between these two fuel off values
and the thrust during external burning (which is considered to be less
affected by free-jet boundary. interference), represent the extremes
between which the proper answer lies. In figure 4-60b, the specific
impulse corrgsponding to thesé two extremes is shown along with the
control volume prediction which is based on the control volume thrust
coeffiéient values and the Prandtl-Meyer expansion. The experimental
impulse based on the Prandtl-Meyer expansion falls short of the. contro)
volume prediction because of the Tower than predicted thrust coefficients.
The impulse computed in this manner which represents the upper limit,
peaks at about 4000. The other curve based on the measured fuel off
thrust shows much lower performance. This curve is the actual
experimentally determined impulse with no allowance for,the free-jet
boundary interference, and represents the lower 1imit, peaking at 400 sec.
No means were available to determine the proper fuel off drag coefficient.
Even at the experimentally demonstrated lower 1imit of 400 seconds though,

the simple external burning system exhibits performance competitive with
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rocket propulsion. Other factors which must also be considered when
comparing external burn{ng to other propulsion augmentation options, are
it’s light weight and simplicity, as well as the beneficial normal or 1ift

force which would reduce wing loading and vehicle trim drag.
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CHAPTER V - SUMMARY AND CONCLUSIONS

This work represents the first comprehensive study of the application of
hydrogen eXternal burning to transonic drag reduction. A control volume
techﬁique and a two-dimensional Euler analysis were developed specifically
for the transonic conditions of interest. The Euler analysis revealed an
jnteraction between the burned and unburned streams which is peculiar to
the transonic inflow conditions. Experiments conducted in a Mach 1.26
free-jet advancgd the understanding of transonic external burning in two
areas. First, the operational envelope of the concept was characterized
by extending the validity of an existing flame stability correlation to
non pre-mixed, transonic altitude conditions. Secondly, drag reduction
experiments on simple expansion ramp models provided external burning data

which was relatively free of facility interferenée.

An initial assessment of the performance potential of external burning was
made dsing the control volume approach. The analysis indicates that

transonic drag can be eliminated for a hydrogen fuel expenditure of .1 to

.2 pounds per second per square foot of aft-facing base area on a 1000

psfa trajectory. This fuel must be distributed, preferrably in
stoichiometric proportions in an air stream of height equal to roughly 10%

of the base height. The jet penetration afforded by normal, ‘sonic

injection from the wall is sufficient to accomplish this, énd an injector

size and spacing rationale was developed. Specific impulse performance

competitive with conventional airbreathing propulsion systems such as
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turbojets is indicated. The ratio of control volume outflow to inflow
l velocity was shown to be nearly one at zero thrust (drag e1iminated), and
was»weakly proportional to thrust coefficient for non-zero thrust. The

increase in sound speed caused by combustion thus drives the external

burning plume subsonic for all transonic conditions of interest.

fhe control volume study was supplemented by the two-dimensional Euler
analysis. Energy representative of hydrogen-air combustion was added in
various distributions, demonstrating that although wall pressure
distributions varied considerably, the thrust force generated was
independent of the heat addition distribution and depended only on the
total heat added. Good agreement between the control volume and Euler
analysis was obtained. An interesting feature of the external burning
flgwfie]d revealed by the Euler analysis, was a sharp compression in the
plume at the sonic line caused by the interaction of the subsonic,
elliptic region with the unheated still supersonic outer flow. This
compression, which may separate the plume boundary layer is viewed as a

possible limiting factor in external burning performance.

Hydrogen-air flame stability was studied experimentally in a Mach 1.26
free-jet using a combination spraybar-flameholder to determine the
operational flight envelope of external burning. An existing combustion
stability correlating parameter developed for a pre-mixed, subsonic
hydrogen-air stream adequately correlated the non pre-mixed, supersonic
data. The maximum Mach number and altitude to which stable combustion can

be maintained depends on many variables including the flameholder size,
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and vehicle trajectory, but it can be concluded that combustion stability
will not prevent the successful app]ication' of external burning to
transonic drag reduction. Operation to Mach 2 on a 1000 psfa trajectory

appears feasible.

Infra-red 1ﬁages of combustion during spraybar tests with differing
freeétream‘ temperature and pressure, but comparable Reynold’s number
indicate that the combustion process is not completely mixing limited, and
is influenced by the finite-rate reaction process. This result makes
scaling of small-scale test results tenuous, but it is reasoned that

results at reduced scale are conservative.

External burning expansion ramp tests were run in the same free-jet

facility to demonstrate drag reduction and provide data for comparison to
the analysis results. The expansion ramp models were related
geometrically to a singIe-stage-to-orb%t vehicle base. Initial results
demonstrated a reduction in drag due to external burning, raising the ramp
thrust coefficient to nearly zero, but not to the level predicted by the
contro1 volume analysis. The experimental thrust coefficient also showed
véry Tittle sensitivity to the estimated‘equivalence ratio in contrast to
the contfo] volume results. Rémb pressure distributions showed an initial
overexpansion to somewhat less than freestream pressure, followed by a
flat distribution to the trailing edge. The desparity between measured
and predicted performance prompted an investigation into various facility
interference issues related to the subsonic external burning plume. No

interference mechanism was identified as being of sufficient magnitude to
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| account for thé discrepancy. With fuel off however, wave reflections from
the free-jet boundéry above the model result in an artificially high
thrust coefficient. This makes an asséssment of the actual performance of
external burning in terms of the change in axial force due to burning

difficult.

Euler results in two dimensions indicate that the performance predicted by
the control volume analysis is accompanied by a sharp recompression in the
heated stream at the sonic line. The lower than expected, and constant
nature of the thrust coefficient obtained experimentally is attributed to
this effect. If is surmised that the initial overexpansion to less than
freestream pressure was followed by boundary layer separation, precluding
a strong recompression and limiting performance to the level repeatedly

demonstrated.

Further experiments in which flameholding and fuel injéction schemes were
varied in an attempt to reduce initial overexpansion by initiating
combustion further upstream resulted in no significant improvement in
performance. It is concluded that combustion could not be initiated in
close proximity to the re]afive1y small flameholders used because the
recirculation zdne of the flameholders alone was of insufficient length.
A lengthening of the recirculation zone cau;ed by the the 12° expansion is
what allowed stable combustion, but also resulted in the initial
overexpansion. The use of larger flameho]defs was not explored as the

height of the ones used was already a significant fraction of the fueled
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stream height. A further increase would lead to inconsistency with the
full scale system where the flameholder height necessary would be a

smaller fraction of the fueled stream height.

The specific impulse in terms of the change in axial force per unit fuel

flow actually demonstrated in the experiﬁent was computed despite the fact

that the fuel off thrust coefficient was known to be too high due to free-

jet boundary interference. As a'result the impulse values obtained are
conservative, and peakéd at 400 sec whiéh is competitive with a chemical
rocket. The impulse was also Cdmputed assuming a Prandtl-Meyer expansion
around the 12° corner with fuel off, resulting in a peak value of 4000 sec

which represents an upper limit..

Larger scale tests would a]]eviéte many of the flameholding issues, and
should al]ow. somewhat higher performance, since combustion could be
initiatéd at the flameholding site and not downstream following an inftia]
overexpansion. However a factor which may limit the performance of
external burning in transonic flow is boundary layer separation due to the

compression at the sonic line observed in the Euler analysis.
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APPENDIX A - HYDROGEN-AIR EQUILIBRIUM CALCULATION

In the control volume analysis of chapter II, the gas at the outflow
station is assumed to be the products of hydrogen-air combustion in
equilibrium. The calculation procedure used to determine the composition

and adiabatic flame temperature is outlined be1oQ.

The hydrogen air system considered is described by equation A-1. The

combustion products are assumed to consist of ten species.

2

H +
2 2¢

(0, + IN, + zAr) = }Sni [A-1]
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¢ is the fuel-air equivalence fatio (the fuel-air ratio normalized by the
stoichiometric fuel-air ratio). The coefficients z and r are determined
by the composition of air which for the present study is assumed to be the
following:

78.12% N,

20.95% 0,
0.93% Ar
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This results in z=0.044391, and r=3.7289. At a given temperature and

pressure, ten equations are needed to solve for the ten unknown species

concentrations. Four equations result from atomic conservation. Written

in terms of species partial pressures, they are:

Dy .

n,

,
ny

_ 2Pg, * Pyo * Po * Py * Pon

2Dy, * 2Py * Py * Pou
2Py, * Pyo * Po * Pyo * Pou

82¢

=1
2py, + Py * Pro r

[A-2]

[A-3]

[A-4]

[A?Si

Six additional equations are obtained using equilibrium constants for the

following six dissociation reactions:

Py, * 2Dy
Po, * 2P,
Py, * 2Dy

Pgo ™ 2Py * Po

[A-6]
[A-7]
[A-8]

[A-9]
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pon - pH + po [A°IO]

2Dy = Po, * Py, [A-11]

' Equilibrium constants which are functions of temperature relate the
partial pressures of reactants and products at equilibrium for these
reactions, and furnish the remaining six equations needed to close the ten

species calculation:

K, = % [A-12]
K, = -g? [A-13]
K, = % [A-14)

K, = p?;o [A-15]
P e
- Pw A7)
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The equilibrium constants are determined using the method given by
Prothero', who provides sixth-order curvefits for entropy (S) and enthalpy

(H). The free energy of a single chemical species is given by:
Fj * Hi - TS'i [A-18]

The free energy of reaction for each of the dissociation reactions given

by equations A-6 through A-11 is then:

AF, = 1f_‘:1x_ipi [A-19]

Where the x,’s are the coefficients of the dissociation reactions and are
negative for reactants and positive for products. Finally, the

equilibrium constant for a given reaction is given by:

In K, = -22 [A-20]

Equations A-2 through A-5 and A-12 through A-17 are ten non-linear
equations in ten unknowns, the solution of which is not trivial. The

method used is briefly outlined below.

An equation involving only the partial pressure of H, and 0, is obtained

in the following manner. First, equation A-5 is subtracted from A-3. The
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’resulting equation is written in terms of the partial pressures of H,, 0,,

and N, using the equilibrium constant relations and equation A-4.

1 _ 2, z
B RN A A

(A-21]

N +J;_§+l)@+(%+a%)¢x;@:@z-r»=o

Equation A-2 is written in terms of the H,, 0,, and N, partial pressures
in a similar manner, and then solved for the square root of the nitrogen

partial pressure.

Py, =

1 1
—L _ (2p, - 4ép, + ——Pn,
ETY P, NV

2 Q20K o @208,
e ‘/-—»/ : N/—J—,

- [A-22)

These two equations are then combined into a single relation involving

only the H, and 0, partial pressures. An initial guess is made for the H,
| partial pressure whiéh results in two values for the 0, partial pressure
from equation A-21. One of these values results in negative.bartial
pressures upon back-substitution and is discarded. The sum of the partial
pressures is then checked against the specified total pressure and.a new
value for the H, partial pressure is determined based on the error. The
jteration continues until equation A-5 is satisfied to within a given

tolerance.
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The preceeding method determines the equilibrium composition given the
temperatureiand pressure of the combustion products, and the fuel-air
ratio of the reactants. Thi$ routine is nested within the adiabatic flame
temperature procedure which ba]anéés the enthalpy of the equilibrium
products with the known enthalpy of the reactants by iterating the

temperature of the products

To validate the preceeding méthodo]ogy, results were checked against those
of Wear? et. al. for hydfogen gas fuel an& dry air. Figure A-1 is a sample
comparison of the adiabatic fléme temperature computed using the present
method with Wear’s results for a. reactant temperature of 300° K, and a
pressure of one atmosphere. Good agreement was obtained over the entire
range of pressures and fuel-air ratios of interest for the external

burning problem.
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APPENDIX B - EULER ANALYSIS TEST CASES

. The foliowing 2-D Euler test.cases were run to verify that the program

would properly solve simple compressible flows prior to applying the
analysis to the more complex problem of external burning. Al1 of the test
cases were fun on 21 x 11 grids with uniform grid spacing. A 2-D Couraﬁt
number of 1/4 was used throughout. The absolute value of the change in
each of the U vector members (determined by the corrector step in the
MacCormack solver) was summed over the entire grid at each time step to
determine convergence.
° Compression

Figure B-1 depicts the 10° compression test case along with the exact
solution. The grid used appears in figure B-2. Mach number contours at
three_levels_of artificial damping are presented in fijure B-3. The case
with no damping (C,=0) exhibits strong pre-shock oscillations. As
expected, these oscillations are reduced by increased damping. Wall
pressure distributions for all three damping values appear in figure B-4

and are nearly coincident, all approaching the exact value.

10° Expansion

The 10° expansion test case and exact solution are outlined in figure B-5,
and the grid used is shown in figure B-6. Mach number contours appearing
in figure B-7 show only slight variation with damping. The effect of
damping‘On the wall pressure distributions is almost negligible as shown

in figure B-8. The downstream wall pressure is very close to but slightly
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under the exact value.

Ravleigh flow

The constant-area heat addition or Rayleigh flow test case is depictéd‘in_
‘figure B-9 along with the exéct‘so1ution. A.heat added per unit mass
(normalized by the square of freestream velocity) of .328 reduces the Mach
2.4 inflow to Mach 1.2. The grid, and the region of heat addition used
are shown in‘figure B-10. The heat was added uniformly over the shaded
region. Mach number contours for this case exhibited no transverse
gradients whatsoever, and so give no more information than the wall Mach
number distributions shown in figure'B-ll. The exit Mach number is
slightly under the exact Qalue. This is consistent with the small errdrs
in total temperature and pressure at the outflow seen in figures B-12 and

13.

Agreement with exact solutions for all three types of problems is adequate
for the intended use of the analysis, which is to examine the features of
the external burning flowfield, and errall performance trends. A damping
coefficient of .025 is sufficient to démp non-physical oscillations, and ~

does not adversely affect the accuracy of the solution.
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‘M,=1.5 \ Cp, = 417
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Figure B-1. 10° Compression test case
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Figure B-2. Compression test case grid; 21 x 11 nodes.
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b) Cg=-025.

10° Compression test case results at various levels of
damping. Mach number contours (.05 contour increments).

Figure B-3.
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M=1.12
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Figure B-3. Concluded
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Figure B-4. Wall pressure distributions for 10° compression test case at
various levels of damping.
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Figure B-5. 10° Expansion test case
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Figure B-6. Expansion test case grid; 21 x 11 nodes.



148

o
M=1.56
Co
(]
0
a) C,=0.
M=1.55

b) Cg=.025.

Figure B-7. 10° Expansion test case results at various levels of damping.

Mach number contours (.02 contour increments).
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Figure B-8. Wall pressure distributions for 10° expansion test case at
various levels of damping. '
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Figure B-9. Rayleigh flow test case; &/(uJVgc)=.328.

E{;-'_- BN BRNES B B sk Rk '-::g.‘i B N e :\‘;ﬂa; B \"]

L B
B [ ‘4
&t E R
-~ R S
PN 2 S e

. ?' : R

P L I

E B s g N B .
7 s SRR JRRYY s Boxxs BV IR o e ~

iigurg B-10. Rayleigh flow test case grid and heat addition region; 21 x
1 nodes.
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Figure B-11. Mach number distributions for Rayleigh flow test case at
various levels of artificial damping.
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Figure B-12. Total temperature distributions for Rayleigh flow test case
at various levels of artificial damping.
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Figure B-13. Pressure distributions for Rayleigh flow test case at
various levels of artificial damping.
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APPENDIX C - WATER-COOLED TOTAL TEMPERATURE PROBE DATA REDUCTION

Thé water-cooled total temperature probe used was based on an existing
"bare wire in crossflow" design'. To withstand expected temperatures
greater than 4000° Rankine, an iridium-40% rhodium vs. fridium thermocouple -
pair was used. The cost of these precious metals made it necessary to
splicé the wireg with copper wire a short distance away from the sensor
within the water jacket. This splice creates a variable temperature
reference junction which must be independently measured. The temperature
of this reference junction was measured with a standard Type T" (copper-
constantan) thermocouple. Figure C-1 depicts schematically the
thermocouple circuit. Tables of voltage (electromotive force or emf) from
the wire manufacturer were based on a 0°C reference junction, and so the
following procedure was required to infer the indicated gas total
temperature from the measured emf. The emf measured is the emf induced at
the Ir40%Rh vs. Ir pair minus the emf induced at the reference junction

due to the copper splice:

emfy,,, = emf; - emfy [C-1]
Adding and subtracting the emf for a 0° reference junction resu]ts‘in the
following equation:

oMLy, = (€mLy, = emfooc) - (emf,.: o = €MLgec) [c-2]

The last term in equation C-2 represents the emf generated by an Ir40%Rh
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vs. Ir pair with a 0°C reference, so the tables can be entered at the
mea;ured reference temperature to obtain this value. This emf is then

added to that measured to obtain the emf based on a 0°C reference:

emfr' - &nfooc = elnf.“, + (emfr‘.: - emfooc) [C'sl

This then is the emf used fo obtain the indicated gas temperature from the
tab1es.' The indicated temperature must then be corrected for conduction,
recovery, and radiation losses. The bare-wire in crossflow design
afforded a wire length to diameter ratio of apprpximately 15 which makes

a conduction correction unnecessary.

Recovery correction

The recovery correction is a function of Mach number, and compensates for
the fact that the entire thermocouple junction is not immersed in thé
total temperature of the flow. The recovery correction used is a function
of Mach number and pressure and was taken directly from reference 1. The.

correction is small, being a maximum of about 3% for subsonic Mach

numbers. The effect of préssure on this factor is negligible for the

bare-wire in crossflow desiéh. The Mach number at the probe was not
measured, and so was estimated in the following manner, using the fact

that the external burning process occurs at nearly constant velocity.

The gas composition at the probe was inferred by assuming that the

indicated probe temperature was equal to the adiabatic flame temperature



155
of a fuel-lean hydrogen-air mixture at one,atmosphere. The composition of
these combustion products along with the indicated temperature was used to
compute a sound speed. The ratio of freestream velocity to this sound
speed was then used as the estimated Mach number at the probe. For low
- probe temperatures where the estfmated probe Mach number was supersonic,

the recovery correction curve was extrapolated.

The preceeding methodology accounts for the_ variation of recovery
correction with Mach number only approximately, but is sufficient given

the magnitude of the correction, and the preliminary nature of the

experiments.

Radi n ion

The radiation correction used is that presented by Glawe? et. al. For

unshielded probes, the equation used reduces to the following:

K T.\3-82 ’
AT,g=T -—-"—"—(-i) c-4] .
rad i m To [ ]
Where AT, correction in deg. K ,
oa Tadiation correction coefficient
M stream Mach number
P stream static pressure in atmospheres

p,  reference pressure of 1 atmosphere
L probe indicated temperature in deg. K
To reference temperature (555°%)

The stream Mach number computed for the recovery correction was used, and
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the pressure was taken as the free-jet exit pressure. An experimentally
determined relation for K, in terms of wire diameter is given for
unshielded probes, and yieﬁds a value of 2 for the .032" dia. wire used.
This value of K4 resulted in corrected temperatures which were in excess
of that theoretically possible for hydrogen and air. The K, relation was
based on data which for a number of reasons may not be strictly applicable
to the present situation. First, it was obtained in natural gas
combustion products at a maximum temperature of 2550°R. Alsd, type "K"
thermocouples were used which would have a different emmittance than the
Iridium-Rhodium wire. For these reasons, it was deemed appropriate to
adjust the value of K, to .4 such that the theoretical maximum

equilibrium temperature for hydrogen and air at one atmosphere would not

be exceeded.

The maximum radiation corrections resulting were only 6% of the corrected
temperature, so again the approximations used would not lead to large
error in the final measurement. Obviously, more accurate measure&ents
could have been obtained by calibrating the probe at the conditions of
interest, but the nature of the test objectives did not warrant this extra

effort.
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APPENDIX D ~ EXPANSION RAMP FUEL INJECTOR AND FLAMEHOLDER CONFIGURATIONS



x 26, .025" DIA (CONFIGURATIONS 1 AND 2)
=0 56, .018" DIA (CONFIGURATION 3)

(X=2.57

Figure D-1. Configurations 1,2 and 3 (flameholder "A").

1.2%"

f FUEL INJECTION
56, .018° DIA.
X=0 (K=2.5"

Figure D-2. Configuration 4 (flameholder "B").
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Figure D-4. Configuration 6 (flameholder "D").
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* FUEL INJECTION
26,.025°DIA.
X=0 X=2.07

Figure D-5. Configuration 7 (flameholder "E").

1.00" 1.0

-1 25*

- 425 (H)

UPSTREAM
1 FUEL INJECTION
26, .025" DIA.

Figure D-6. Configuration 8 (flameholder "A").
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\
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Figure D-7. Configuration 9 (flameholder "F").

1.00*

=T
/TJ \“’;M

\

LEADING EDGE
EXTENSION -
(5° KNIFE EDGE) /
UPSTREAM
f FUEL INJECTION
26, .025' DIA.
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Figure D-8. Configurations 10 and 11 (Flameholder "G").
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HEAT | DELTA  CONTROL

ADDITION ~ DAMPING THRUST THRUST VOLUNE
DISTRIBUTION COEFF COEFF COEFF  RESULT
CASE M, AXIAL/TRANSVERSE GRID Cq C, AC, AC, .,

1 1.4 CONST/CONST 80 x 40 .025 .028 416 .420

2 " GAUSS/CONST " " .028  .416 "
3 " GAUSS/PARBL . " 030 .48 "
4 " GAUSS/CONST . 0125 .034  .422 "
2 " " " " .025  .028  .416 "
5 " " " .05 029  .417 "
6 * " " 50 x 25 .025  .036  .424 "
2" " " 80 x 40 " .028  .416 "
7 " " 100 x 50 " .026  .414 "
8 1.2 A " 80x40 " .008  .519  .537.
2 1.4 " " - .028  .416  .420
9 1.6 " " " " 031  .342  .349
10 2.0 " " " " 027,284 257
11 2.4 " " " " .025  .189  .201

Table 3-1. Summary of Euler Analysis Runs.
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NUMBER ORIFICE INJECTION PLUME  LEADING

CONFIG OF DIA  PLANE STA FLAME BOUNDARY EDGE .  UPPER
N0  ORIFICES (IN) (IN)  WOLDER SIN  EXTENSION SIDES
1 26 .025 2.5 A NO NO NO
2 26 .025 2.5 A YES NO NO
3 56 .018 2.5 A YES NO NO
4 56 .018 2.5 - B YES NO NO
5 56 .018 2.5 c YES NO NO
6 56 .018 2.5 D YES NO NO
7 26 .025 2.0 E YES NO NO
8 26 .025 2.0 A YES YES NO
9 26 025 2.0 F YES YES NO

10 26 .025 2.0 6 YES YES NO
11 26 .025 2.0 - G YES YES YES

Table 4-1. Expansion ramp configuration summary.
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CONTROL

VOLUME EULER

CORR  REDUCED NORM  INFLOW THRUST THRUST

EQUIV EQUIV  HEAT STREAM  COEFF, COEFF,

RATIO, RATIO, ADDED, HEIGHT, C; o C, cuter
Oore  Peuter Qeot  Yo/Y» - (3-D)  (2-D) (FLIGHT)(FREEJET)
0 0 0 0 . M NA  -.401 -.195
248 .230  5.42 .197 -.055 ~-.070 -.075 -.034

452 .400  9.42 .197  .023  .033  .035  .004
662  .560 13.19 .197 - .071  .101  .111  .033
.941  .740  17.43 .197  .110  .164  .190  .063

1.379 - .840. 19.78 .197 127 .192 .223  .078

Table 4-2. Results of freejet and flight boundary Euler calculations with
comparison to control volume results.
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Artists conception of a single-stage-to-orbit vehicle.

Figure 1-1.
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NOZZLE
EXPANSION

SURFACE ~_

Mo >> 1 \\\\ CowL \\\\‘

3 TRAILING SHEAR LAYER
EDGE

a) On-design at high speed.

NOZZLE
EXPANSION
SURFACE (R G50 e
” e 7"

SHEAR LAYER
T~ cowL
,?321 TRAILING
o EDGE

b) Over-expanded at transonic conditions.

Figure 1-2. Single expansion ramp nozzle design and operation.
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NOZZLE
EXPANSION
SURFACE

DEFLECTED

Mo > 1
Bt o COwWL

Figure 1-3. Cowl flap deflection to prevent internal over-expansion.

NOZZLE
EXPANSION
SURFACE

,","Ci T, ; COMBUSTION
v BOUNDARY

Figure 1-4. External burning concept applied to single expansion ramp
nozzle.
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Figure 2-1. Control volume nomenclature.
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Figure 2-2. Results at zero drag along a Q,=1000 psfa trajectory.
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Figure 2-2. Concluded.
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stoichiometric conditions with a fixed orifice geometry; Q,=1000 psfa,

d"/w=.005824, S/d =9.485, C=.9, T,=518°R.



178

0.11
—
i P, =300 psia
’? 0.1 Ti=518deg R
= L
w 0.09
= i %
=
£ g
g PHI=1/ZERO DRAG
5 0.07 FUEL|SCHEDULE
=
w
<
0.06

05 1 1.5 2 25 3
FREESTREAM MACH NUMBER, M,

a) Ratio of inflow stream height to base height.

1.8

1.6
P, =30d psia
T,=518/deg R ~~
14 : ’,
1.2 ’//,///
1 "”;" . .
PHI=1,{ZERO DRAG
FUEL PCHEDULE

(lQLS 1 1.5 2 25 3
FREESTREAM MACH NUMBER, M,

EQUIVALENCE RATIO, ¢

b) Equivalence ratio.

Figure 2-5. Results at constant fuel conditions for a fixed orifice
geometry; Q,=1000 psfa, d /w=.005824, S/d =9.485, C,=.9, Tf=518°R.
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Figure 2-5. concluded.
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Case 1 heat addition distribution and streamlines.

Figure 3-3.
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a) Heat addition contours and streamlines.

NORMALIZED @

o
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b) Gaussian axial heat addition distribution function.

Figure 3-4. Case 2 heat addition distribution, Gaussian in axial
direction, constant in transverse.
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a) Heat addition contours and streamlines.
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b) Parabolic transverse distribution function.

Figure 3-5. Case 3 heat addition distribution, Gaussian in axial
direction, parabolic in transverse.
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Figure 3-6. Euler results for case 1 heat addition; My=1.4
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Figure 3-7. Euler results for case 2 heat addition; My=1.4
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Figure 3-8. Euler results for case 3 heat addition; M,=1.4
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c) Cg4=.05.

Figure 3-10. Effect of artificial damping on Euler results. Mach
number contours (.05 contour increment); M,=1.4, 80 x 40 grid, case 2
heat addition.
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Figure 3-11. Effect of grid refinement on Euler results. Mach number
contours (.05 contour increment); My=1.4, C;=.025, case 2 heat addition.
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Figure 3-12. Effect of grid density on wall pressure distributions.
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b) M,=1.6

Figure 3-13. Mach number contours at various freestream Mach numbers
(.05 contour increment); 80 x 40 grid, C,=.025, case 2 heat addition.
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Figure 3-13. Concluded.
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Figure 3-14. Wall Mach number distributions at various freestream Mach
numbers; 80 x 40 grid, C,=.025, case 2 heat addition.
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Figure 3-15. Wall pressure distributions at various freestream Mach
numbers; 80 x 40 grid, C;=.025, case 2 heat addition.
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Figure 3-16. Comparison of Euler and control volume analysis thrust
coefficient predictions.
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Figure 4-1. Combination spraybar-flameholder concept.
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Figure 4-4. Non pre-mixed, and supersonic stability limits from

reference 59 in terms of Dezubay parameter.
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Figure 4-5. Propulsion Systems Lab Cell 4 after hypersonic
modifications (reproduced from reference 60).
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Figure 4-6. Spraybar mounted in free-jet with spark ignitor and water-
cooled probe in extended positions.
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Figure 4-7.

Details of piloted spraybar.
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Figure 4-9. Field of view for optical instrumentation and location of
translating water-cooled total temperature probe.



a) Over-expanded, p,/p,=.8.

b) On design, py/p,=1.0.

Figure 4-10. Schlieren images at various free-jet exit pressure ratios;
p, (free-jet exit pressure) held constant at 8 psia.

203



204

c) Under-expanded, P/P=1.2.

Figure 4-10. Concluded.
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4-12. Spraybar base pressure with external burning.
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Figure 4-13. Flame stability for piloted spraybar.
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a) Infra-red image; p,=250 psia, yp=1.0", ¢pw-.63.

b) Infra-red image; p,=350 psia, yp=1.2", ¢ww"75'

Figure 4-14. Plume characteristics at nominal temperature and pressure;
T, 0=540R, p,=6 psia, Re=4.9x10%/ft.
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a) Infra-red image; p,=250 psia, yp-.72", ¢ww-.58.

b) Infra-red image; p,=350 psia, yp=.85", ¢ww=.69.

Figure 4-15. Plume characteristics at ingreased temperature and
pressure; Tn0=960°R, P,=12 psia, Re=4.9x10 /Tt.
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Figure 4-16. Relation of expansion ramp models to vehicle base.



212

> ®  STATIC PRESSURE TAP
_.| ¥ ®  BURFACE THERMOCOUPLE

L

o

e

_Dgzs

DETAIL "A" - FLAMEHOLDER

£ see pETAL B’

| =109
58, .018"° m:k

281"
f—=
® o
28, .025° DIA /'.

DETAIL "B* - FUEL INJECTOR
CONFIGURATIONS

Figure 4-17. Expansion ramp model details.



Figure 4-18.

Expansion ramp mounted in free-jet.
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Fuel-off static pressure distributions; configuration 1.
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Figure 4-20. Concluded.
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Figure 4-21. Effect of fuel mass addition on centerline static pressure

distributions; configuration 1.
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