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Abstract. We have carried out plasma diagnostics ofsolar flares
using soft X-ray (SXR) and simultaneous microwave obServa-

tions and have compared the ratio of X-ray to microwave lumi-
nosities of solar flares with various active late-type stars avail-

able in the published literature. Both the SXR low-level ('qui-

escent') emission from stellar coronae and the flaring emission

from the Sun and stars are generally interpreted as thermal ra-

diations of coronal plasmas. On the other hand, the microwave
emission of stars and solar flares is generally attributed to an ex-

tremely hot or nonthermal population of electrons. Solar flare
SXR are conventionally measured in a narrower and harder

passband than the stellar sources. Observations of the GOES-

2 satellite in two energy channels have been used to estimate
the luminosity of solar flares as it would appear in the ROSAT

satellite passband.

The solar and stellar flare luminosities fit well at the lower
end of the active stellar coronae. The flare SXR/mierowave ra-

tio is similar to the ratio for stellar coronan. The average ratio

follows a power-law relation Lx cx L_ 73+°'°3 over 10 orders of

magnitude from solar microflares to RS CVn and FK Com-type
coronae. Dwarf Me and Ke stars, and RS CVn stars are also

compatible with a linear SXR/microwave relation, but the ratio
is slightly different for each type of star. Considering the differ-
ences between solar flares, stellar flares and the various active

stellar coronae, the similarity of the SXR/microwave ratios is

surprising. It suggests that the energetic electrons in low-level
stellar coronae observed in microwaves are related in a similar

way to the coronal thermal plasma as flare electrons to the flare

thermal plasma, and, consequently, that the heating mechanism
of active stellar coronae is a flare-like process.
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I. Introduction

The existence of an extremely hot corona on the Sun and many
other late-type stars is an old, but persisting riddle of astron-

omy. One of several theories for coronal heating postulates that

frequent flares, believed to be the result of magnetic energy dis-
sipation, release the required energy. Previously, this suggestion

has been based on a correlation between the average energy re-

lease rate observed in optical U-band flares and the low-level (or
'quiescent', i.e. apparently non-flaring) soft X-ray (SXR) lumi-

nosity in dMe stars (Doyle & Butler 1985; White.house 1985;

Shunanich 1985). However, a relationship between low-level
and flaring activity is not unexpected ff both originate from

magnetic energy built up by the same dynamo process in the
stellar interior. Furthermore, sensitive stellar SXR observations

(Ambrnster et al. 1987) have failed to exhibit continuous low-

amplitude flaring activity proposed to provide the energy for the
quasi-steady low-level emissions.

Some coronae of active stars of late spectral type are detected
microwave sources. The microwave spectral luminosity, LR, has

been found to be roughly proportional to the SXR luminosity,

Lx, in RS CVn binaries (Drake el al. 1989, 1992; Dempsey et
al. 1993), in dK stars (G0del 1992), and dMe stars (Gtidel et

al. 1993a, including strictly simultaneous obset_rations in both
wavelength regimea; see also Bookbinder 1987; Katsova 1987).

A sample of active main-sequence G sims n_nfly detected in
both energy ranges fulfills the same relation as well (Gtidel el al.

1993b). In arecent comparison of low-level SXR and microwave
luminosities, Lx and LR, of the eoronae of various active stars,

Gtidel & Benz (1993) re.port a general relation, which can be
represented as

LxlLR = _;- 10 ls's_'°'s [Hz], (1)

over five orders of magnitude, where _; is unity for rime and
dK stars, BY Dra-type binaries, and RS CVn binaries with two

(sub)giants. For classical RS CVn binaries, Algol systems, FK

Corn stars, and post T Tau stars _ _ 0.17.
The stellar X-ray emission at wavelengths _ 3,/[ fits the ther-

mal emission expected from an optically thin plasma with one
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or more temperature components around 107 K (e.g. Schmitt

et al. 1987, 1990); there is an ongoing debate on whether the

true emission measure distribution in the coronal plasma is sin-
gular, bimodal, or continuous (e.g., Schmitt et al. 1990). VLBI

observations and the shallow spectra of dMe and RS CVn mi-

crowave emission near 8 GHz are compatible with optically

thin gyrosynchrotron radiation of mildly relativistic electrons
(e.g., White et al. 1989; Morris et al. 1990; Chiuderi & Fran-

ciosini 1993; of. GiJdel 1994 for a summary). As in the case of

the SXR/optical-flare ratio, the observed relation between the
emissions of thermal and nonthermal particles does not prove a
direct causal relation.

The quiet Sun, being an inactive, slow rotator, does not

comply with relation (1). This is compatible with the above
interpretation of the stellar microwave emission, as there are

no indications for relativistic electrons in the low-level (quiet)
solar corona. Its microwave radiation is due to thermal free-free

and gyroresonance emission. There are, however, nonthermal,

mildly relativistic electrons during solar flares as manifest by

hard X-ray bremsstrahlung and microwave synchrotron emis-
sions. Do the flare thermal soft X-ray and nonthermal microwave
emissions have the same ratio found for the stellar low-level

emissions?

The purpose of this paper is to compare solar flare plasma
diagnostics with characteristics of the low-level stellar coronal

plasma. The different energy ranges conventionally used for so-

lar and stellar X-ray observations do not allow us to directly
compare arehived observations: Using new GOES calibration

procedures developed by Gareia (1993) to determine the tem-
perature T and the volume emission measure EM of the flaring

plasma, we transform the observed emission into a lower energy
band that can be directly compared with stellar data. The orga-

nization of the paper is as follows: In Sect. 2, we present data

used for this study, and describe our data analysis; an error anal-
ysis is included. In Sect. 3, we present statistieal results; Sect. 4

contains a discussion and implications for the role of flares in
coronal heating.

2. Observations and analysis

Based on hard X-ray observations at energies _ 30 keV, solar
flares have been classified into the three types: the most frequent

impulsive flares originating in compact low-altitude loops with

impulsive hard X-ray spikes on time scales of seconds, a total
duration of a few minutes and a variable spectral index; gradual

flares originating from high-altitude sources, with a duration in
excess of lOmin, timescales of many minutes, and a monoton-

ically hardening spectral index; and hot thermal flares with a
relatively soft, thermal X-ray spectrum (see, e.g., Dennis 1988

for a review).

We do not consider hot thermal flares here since they are
very rare. Our flare selection comprises three categories related

to the impulsive and the gradual flare types: (i) a sample of
typical, single impulsive flares, identified in Solar Geophysical

Data; (ii) a class of very small impulsive microflares that have
previously been studied in the context of their correlation with

microwave events (Fiirst et al. 1982); (iii) large gradual flare

events from a sample investigated by Cliver et al. (1986), sup-
plemented by two similar events taken from Solar Geophysical

Data; this sample was split into pure gradual events and gradual
events that were effectively dominated by large impulsive pre-
cursors. After searching the available radio and X-ray data, we

have found the data of seven impulsive flares, four microflares,

four pure gradual events, and five gradual events with impulsive

precursors, to be suitable for further analysis. In the following

subsections, we describe our data reduction and give an approx-
imate error analysis.

2.1. GOES-2 solar SXR data

The solar soft X-ray observations were obtained by GOES-2
(Geostationary Operational Environmental Satellite) between

March 1979 and May 1983. The GOES-2 spacecraft contin-

uously monitored the full Sun in two SXR energy bands, the

lower (XL) comprising the interval 1.5-12 keV and the higher

(XS) 3-24 keV. The high contrast of flares against background
emission at these energies allows sensitive diagnostic measure-

ments. However, the overlap with the bandpasses conventionally
used on stellar X-ray satellites (e.g., 0.16-4keV for Einstein

IPC, 0.1-2.4 keV for ROSAT PSPC) is small. Figure 1 illus-
trates optically thin thermal X-ray model spectra calculated by

a Raymond-Smith code. Notice that stellar X-ray satellites cover
an energy range that is dominated by lines over the temperature
range of interest (1-20.106 K). On the other hand, GOES de-

tectors measure in a range of dominant thermal continuum and

are therefore very temperature-sensitive; this makes GOES data

excellent tools for temperature and emission measure plasma

diagnostics. The major task of this study was to carefully cal-
ibrate GOES-2 data so that they could be converted to study
'what ROSAT would see if it observed the solar flare'.

The GOES ion-chamber detectors provided electric currents
at 0.6 second resolution. The currents were routinely calibrated

with a constant calibration factor derived from the wavelength-
averaged transfer function. The calibration factor does not take

into account the temperature variation-during the flares. This

rough calibration yields approximate fluxes in energy units, but
is inappropriate for the purpose of precise temperature and emis-

sion measure diagnostics. Such data were archived on microfilm

in the form of lightcurves at 3 second time resolution (Fig. 2),
and were made available to us by NOAA. We digitized the flare

lightcurves in appropriate time steps; the step was typically 0.5-
I min during the rise phase of impulsive flares, 2-5 min during

the decay of impulsive flares or the rise of gradual flares, and

up to 30 min during the very slow decay of gradual bursts. For
a precise, unbiased integration in the subsequent data analysis
we applied spline interpolation to both lightcurves at a constant

time resolution corresponding to the smallest time step used to
digitize the raw data. The data were then recalibrated by the
method outlined below.



A.O. Benz & M. Gtidel: X-ray/microwave ratio of flaresand coronae 623

10 "_3

_, 10"n

"=o

!
l0-n

........ i ........ !

ROSAT PSFC \

0.1 1 l0
photonenergy (keY)

Fig. 1. Soft X-ray spectra calculated by a Raymond-Smith code for a
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Fig. 2. Example of microfllm-archived GOES-2 solar flare data, ob-
served on 10 August 1981. The two lightcurves show a typical impul-
sive soft X-ray flare after the rough, temperature-independent calibra-
tion. The upper light.curve represents the 1.5-12keV (I-8 A) flux, the
lower lightcurve the 3-24 keV (0.5--4 A) flux. A second, much smaller
flare occurred at07:47 UT. Notice slow modulations in the background
prior to the flare onset, and irregularities in the late decay phase

2.2. X-ray calibration procedures and spectral line models

Precise temperature-dependent calibration procedures for
GOES-2 and error estimates have recently been developed by

Garcia (1993) and will tie extensively referred to throughout the

paper. Details on data acquisition, calibration, and comparisons
with other satellite measurements of solar SXR flares are also

given by Garcia (1993).

In a first step the rough calibration had to be reversed. We de-
calibrated the raw microfilm data to obtain the effectively mea-

sured ion-chamber currents. In the absence of flaring, GOES

data show a gradually varying background level (Fig. 2); this
contribution originates from i) various X-ray emitting, nonflar-
ing active regions on the Sun, and ii) from particle contamination

in the local environment (bremsstrahlung by magnetospheric
electrons with energies _ 2 MeV; Garcia 1993). Obviously, this

background cannot be modeled in terms of a unique tempera-

ture and emission measure, and needs to be subtracted prior
to further data analysis. Since regular flares exceed the back-

ground level by one or two orders of magnitude at their peaks,
a precise subtraction of the background current is usually not
important for high-level emission. However, since we wanted

to include very small flares and needed to model the complete
lightcurves down to levels close to the background, we esti-

mated the background levels shortly before the onset of the
flare and subtracted these constants from the lightcurves. Since

the background during flares cannot be monitored separately,

background modulations may introduce a small error that may

increase with elapsed time. Variations in the background before
the onset of the investigated flares occur typically on time scales

of severai minutes to tens of minutes (Fig. 2). Although the total
background level exceeds the fluxes of the smallest observable

flares, its variations are not relevant for our mieroflares, since

their duration is shorter than the background modulations. For

these events, background-subtracted data were available from
Fiirst et al. (1982). Thus, our plasma diagnostics involve the flar-

ing plasma only, because we have subtracted the contributions

from the quiet solar corona.

In the next step, we estimated the flare electron tempera-

ture from the spectral hardness of the two bands, which for our
purpose is defined as the ratio between the 1.5-12 keV and the

3-24 keV ion-chamber currents. The ratio is a unique function

of temperature and was calculated from model spectra and the
GOES-2 transfer function by Garcia (1993). Similarly, the ion-

chamber currents co(T) induced by a unit emission measure
EMo at temperature T on the Sun have been tabulated; a re-

cent (1993) version of the emissivity model for an optically thin

thermal plasma by Raymond and Smith was used with solar

abundances (Garcia 1993). By implication, the total emission
measure, EM, pertaining to the observation is found as the ra-

tio between the observed current and co(T). We determined the

hardness ratios for every time step and used Garcia's tables to
find T and EM by linear interpolation.

Having an estimate of the average temperature and the to-

tal F_aMof the flare for each data point, one can, in principle,

compute the X-ray luminosity or flux in any passband; this is
appropriate as long as the X-ray source can be approximated

with an isothermal plasma. The validity of this assumption is
discussed in Sect. 2.3 below. We applied the Raymond-Smith

code to calculate the flux between selectable passband limits.
Figures 3 and 4 show examples of different kinds of flares and
their relevant parameters derived from observations. The three

lighteurves correspond to the calibrated flux of GOES XL (1.5-

12 keV), GOES XS (3-24 keV), and - of primary interest to us
- the energy range of the ROSAT PSPC (0. I-2.4 keV).

In the last step, we determined its peak flux and numerically
integrated the 0.1-2.4 keV lightcurve in time. Late in the slow
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Fig. 3. The calibrated microwave and SXR time profiles of a large

impulsive solar flare (peak at 11:15 LIT, 26 April 1981) and a clearly

reparable gradua/flare (12:00--16:00 LIT) are shown on a logarithmic
scale. The microwave flux (dot-dashed, in solar flux units) was ob-

sexved at 5 GHz at Sagamore Hill. The observed GOES SXR fluxes
(solid curves labeled 1.5-12keV and 3--24keV, in erg s-tern -2) have

been converted into temperature (T, dotted, linear scale at right) and

emission measure (EM, in cm -_, dashed curve, logarithmic scale at

left) using tables based on model calculations for a Raymond-Smith

type thermal line spectrum and the GOES-2 transfer function (cour-

tesy H. A. Garcia). This is appropriate under the assumption that T and
EM are the same for all SXR energy ranges at a given time (isothermal

plasma). Integration of the 0.1-2.4 keV portion of the model spectrum

yields the total flux to be eompaxed with the ROSAT PSPC stellar data
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Fig. 5. The fl.ux of the flare in Fig. 3 visible through a passband equiv-

alent to the ROSAT PSPC; the _?ade is li/aear, and the end of the event

is extrapolated (dashed) for the integration of the total radiated energy

during the flare

decay of the flare, when the given GOES fluxes approachthe

(ill-determined) background, precise evaluation of background-

subtracted ion-chamber currents becomes impossible, and hard-

ness ratios can therefore no longer be determined with accuracy

(Fig. 2). In most cases the lightcurves, the temperature, and the

emission measure monotonically decreased after the flare peak

until the 0.1-2.4 keV fluxes reached ,-,6--15% of the peak flux,

while in a few eases the limit was at 15-30%. In some cases,

new flares prevented monitoring to later times. We estimated the

continuation of the lightcurve beyond that time by eye and added

the additional flux. Errors induced by this process are estimated

below. As an illustration, Fig. 5 shows a typical lightcurve on a

linear scale. The event has an impulsive phase (peak at 11:15

UT) followed by a dominating gradual phase.

We finally defined the equivalent duration dx of the SXR

flare by twice the ratio of peak flux to integrated flux of the

0.1-2.4 keV lightcurve.

2.3. Error estimates for solar SXR data

Various systematic and statistical errors are affecting individual

steps of our X-ray data analysis. A thorough discussion of the

effects is beyond the purpose of this paper and is given by Garcia

(1993). Here, we briefly mention the relevant errors:

i) The determination ofT and EM from GOES data is jus-

tiffed only under the assumption of an isothermal plasma.Inho-

mogeneous models consisting of several simultaneously emit-

ting sources with different T and EM are beyond the capability

of GOES two-channel, full-Sun data. This is similarly true for

the stellar X-ray data which, in most cases considered here, have

been derived assuming a standard model with a fixed coronal

composition in terms of T and EM (usually a two-component

plasma, as derived from a few, spectrally modeled sources).

Nevertheless, Garcia & Farnik (1992) showed by comparing
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PROGNOZ and GOES spacecraft data (with different energy
ranges) that the isothermal assumption is a good approximation

during most of the solar flare lifetime, with the exception of the

initial stage of rapid SXR increase. The effect is less important
for the 0.1-2.4 keV data, since that lightcurve reaches its peak

only significantly later than the GOES lightcurves (Figs. 3 and

4). Inspection of our lightcurves suggests that a 5-10% error
(,_ 0.045 dex) is a conservative estimate assuming that only the

initial stage of the flare is not accurately represented. It will be
clear that most of the errors are not statistical, but systematic

and multiplicative, It is therefore practical to represent errors by
the logarithm of their factor (abbreviated by dex).

ii) Errors inUroduced by the estimated continuation of the

late decay (which cannot be modeled reliably from GOES data,

see above) are primarily due to the uncertainty of the time scales
of the late decay. In most cases, relative fluxes in that regime

were low (_ 10% of the peak flux). We estimate the total er-

ror by assuming a time scale uncertainty equal to one half of
the duration of the reliably measured lightcurve (approximately

corresponding to the reliably measured decay portion of the
lightcurve). With this, we find that essentially all uncertainties

are between 3 and 15%, most being between 7 and 12%. For

convenience, we adopt an average uncertainty of 12% (,,_ 0.055
dex) for all flares.

iii) Instrumental uncertainties are probably minor for our
investigation. Garcia (1993) reports l_r instrument calibration

uncertainties amounting to 3.7% and 2.8% for the XL and XS,

respectively. Reading and de,calibrating archived fluxes are thus
assumed to have an inaccuracy of this order. Systematic SXR
measurement errors, to be attributed to shifts in the instrument

or the background as compared with other GOES detectors, may

amount to 15%, while random variations in the local background

are typically 2% in the XL and 8% in the XS. We conservatively
adopt the total instrumental measurement unceztainties at 4-20%

in the following (,,_ 0.1 dex).

iv) Uncertainties in the model temperatures: Garcia (1993)

compared derived temperatures and emission measures for

flares observed by different spacecraft. Based on his findings,
we conservatively assume a temperature error in his tables for
the current ratios of =El. 106 K, which may introduce typical

errors of up to ,,_ 20% around 1 • 10_ K (less at higher tem-

peratures) in the emission measures. Furthermore, systematic
deviations exist in the determination of the emission measures

between different spacecraft, probably due to the application of
different plasma model codes used for the modeling. We adopt

a combined uncertainty in the EM determination of 30% here
(,,_ 0.15 dex); since the 0.1-2.4kzV flux basically scales with

EM, this is also the adopted error in the flux measurements. The
accuracy of the Raymond-Smith model calculations performed

by us based on T and EM is difficult to quantify; comparisons
between recent codes indicate that an error estimate of 10% (-,,

0.046 dex) is appropriate.

It is somewhat tentative to provide total error estimates for
our data given that the results are affected by various systematic

and statistical, instrumental, computational, magnetospheric,
and solar influences that are not well understood and are in

part variable. Unknown sources of error may exist as well (e_g.,
inhomogeneities in the X-ray source, concurrent flare contribu-

tions, or background contamination during the decaying flare).
The most significant errors are not statistical. We propose to

consider a worst case error analysis here, with all errors being
multiplicative in the same sense.-Peak fluxes are principally af-
fected by errors (iii) and (iv), while all errors (i)-(iv) contribute

to the integrated fluxes. With the above estimates, we find a
conservative estimate of the combined errors in the solar SXR

data of 0.3 dex (factor of 2) and 0.4 dex (factor of 2.5) for peak

and integrated fluxes, respectively (the statistical mean square
error would be ,-,0.2 dex or a factor of 1.6 in both cases). While

this at first sight appears large, it appropriately reflects basic un-

certainties and is in fact moderate compared with the range of
SXR luminosities covered in Figs. 6 and 7 and compared with
the scatter in the data.

2.4. The solar microwave data and their errors

Radio data for solar flares were obtained from Solar Geophysical

Data, the Bern Observatory Reports, Ftirst et al. (1982), and
Cliver et al. (1986). Since stellar data were obtained between 5

and 8.5 GHz, we searched for solar observations at frequencies
in that range. Usually, 8-9 GHz data were available. In some

cases the flux had to be interpolated using different data sets
obtained at several frequencies between 5 and 20 GHz. The

accuracy of the interpolation depends on the spectral shape, but
variations between 5 and 20 GHz suggest that errors introduced
here are less than 0.1 dex.

The accuracy of the instrumental calibration is difficult to

estimate, but based on comparisons of similar flare measure-

ments from different observatories we assume that errors up to
a few tens of percent are possible. The integrated fluxes were

calculated from lightcurves on a linear flux scale, and are sub-

ject to uncertainties in the slow decay phase similar to the SXR
flares. In one case, no lightcurve was available; we estimated

the integrated flux as the product of the FWHM time and the

peak flux, as given in Cliver et al. (1986). We tested this approx-

imation for several flares for which we had FWHM/peak flux
data and lightcurves available; the deviations between the two

results always agreed within 104-5%. In summary, to cover all
known and possible systematic effects, we conservatively put
error bars of 0.2 dex (factor of 1.6) and 0.3 dex (factor of 2)

for all radio peak and integrated fluxes, respectively. We men-

tion here that for two flares of the gradual type with impulsive
precursors only peak radio fluxes were available from the lit-

erature. These events will thus not appear in the statistics on
average flare fluxes.

2.5. Stellar X-ray data

Most stellar SXR data used in this investigation are from the

surveys obtained by Einstein and ROSAT; the full list of refer-
ences used for Fig. 6 has been given in Giidel & Benz (1993).

Data on M-dwarfs are from Gtidel et aL (1993a) who extracted

X-ray luminosities from the ROSAT All-Sky Survey and ob-
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Fig. 6. Comparison of soft X-ray and microwave luminosities of solar
flares and active corona stars of different classes. The time averaged

flux values are used for the flares. The stellar data have been presented

previously by Gtidel and Benz (1993), where the references are listed.

Key to the symbols: rn solar microflare; i intermediate impulsive solar

flare; h gradual solar flare with dominating large impulsive phase;

g pure gradual solar flare; + dM(e) stars; × dK(e) stars; o BY Dra

binaries; C) RS CVn binaries; o RS CVn binaries with two giants; A

AB Dor;• Algol-type binaries; 0 FK Corn stars; (pentagon) post-T
Tau stars

Fig. 7. Detailed comparison of peak solar flare luminosities with dMe

stars (from Gtidel el zl. 1993a) in SXR and microwave emissions. The

estimated error bars for the solar obsea'vations are given in the top left

comer. The riMe stars are represented with error bars, the letters refer to

the solar flares (for the key see Fig. 6). The dashed line is a fitting line

with slope I to the dMe stars. A long duration flare on the M dwarf EQ

Peg B is shown by a circle around its error bars. Its microwave emission

has been interpreted by the gyrosynchrotron mechanism (Kundu et al.

1988)

tained mostly near-simultaneous radio observations at 4.9 and

8.5 GHz with the VLA. The SXR passbands of ROSAT and Ein-

stein are different. At 107 K the ROSAT PSPC flux is, based on

theoretical model spectra, expected to be about 13% higher. This

difference is well within the estimated errors from other sources,

and also significantly smaller than the usual stellar coronal vari-

ability; while we compare in Fig. 6 stellar data both from the

Einstein IPC and the ROSAT PSPC, we will later concentrate

on an X-ray data set of M dwarfs obtained by ROSAT only

(Fig. 7); thus, for the purpose of our investigation, the possible

but small systematic deviation between Einstein and ROSAT

data is irrelevant and will be neglected. We will not consider

intriusie variability in the stellar X-ray (and radio) luminosities,

since the data set on M dwarfs was obtained simultaneously in

X-rays and microwaves (G0del et al. 1993a).

We have subtracted the SXR background radiation from the

solar data, including contributions t'rom the non-flaring, quiet

Sun (Sect. 2.2). Stellar coronae may possess a low temperature

background level as well (a possible interpretation involves the

lower temperature component in two-temperature X-ray fits;

see Lemen et al. 1989), but the emission measure pertaining to

the steady stellar X-ray radiation is clearly dominated by the

usually much hotter (I-2.107 K) stellar plasma component that

is not present on the quiet Sun. Furthermore, the true emission

measure distribution of stellar coronae is still under debate, and

may be determined unambiguously only with spectrally resolv-

ing X-ray detectors. It may well be that the bimodal distribution

found on many stars is induced by detector characteristics, and

that the underlying distribution is in fact continuous (e.g., Majer

et al. 1986; Schmitt et al. 1987). We are thus presently not in the

position to define and separate out any possible quiet plasma

component, and will not consider this question for our analysis.

The relevant errors in the stellar SXR luminosities result

mainly from counting statistics, uncertainties in the temperature

model, in the emissivity model, and in the interstellar absorp-

tion. The error in distance cancels when the SXR luminosity is

compared to the microwave luminosity. Variation in the (mostly

unknown) coronal composition in terms of dominating temper-

atures, typically between 2 and 20. I06 K, introduces a (system-

atic, but unknown) uncertainty of about 0.12 dex. As for solar

data, we estimate errors in the emissivity model at 0.045 dex.

The error introduced by the estimated interstellar absorption is

negligible for nearby dMe stars, but increases with distance. We

thus adopt a total systematic error of about 0.18 dex (factor of

1.5), beside the statistical error due to counting statistics. The

plot of stellar observations in Fig. 7 only shows the 1cr error bars

from the counting statistics.
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2.6. Stellar microwave data

The error in the stellar microwave data is mostly due to mea-

surement noise and the unknown optical depth of the coronal
plasma to microwaves. While we can argue that 5-8 GHz emis-

sion from active but nonflafing stars is usually optically thin, the

precise value of the optical depth r is unknown and certainly
varies in different sources. If r exceeded unity, the emission
would saturate and the correlation with SXR would fail as is

clearly manifest in one of the solar events (el. Sect. 3). We take
the small scatter of the stellar data around the fitting line as

an indication that the finite r among stellar sources within the

frequency range considered here is not the dominant source of

error in M and K-dwarfs. In Fig. 7 the noise contributions to the
error for each observation is shown.

2.Z Comparison between solar and stellar data

The temperature of the SXR emitting plasma cannot be de-

rived from the ROSAT survey for the sources considered here.

To estimate fluxes (in erg s-lcm -2) from the measured count

rates, it is common to apply a standard conversion factor, e.g.
6.10-12 erg cm -_ per count for ROSAT. This conversion factor

is appropriate for average active coronae that are generally de-

scribed in terms of two components with different temperatures
and emission measures. Schmitt et al. (1990) find, in the aver-

age on dMe stars, two components at temperatures logTi = 6.4
and logT2 = 7.2, with EM2/EMt _ 3 4- I. Our results derived

from GOES are, however, based on a single temperature by def-

imtion. To compare solar flare data with stellar data from the
ROSAT All-Sky Survey, we derived theoretical conversion fac-

tors from count rates to flux for single temperature plasmas, us-

ing Raymond-Smith models as implemented in the IRAF/PROS
software package. If the solar flares were observed by a ROSAT

PSPC-type instrument, and the same standard conversion fac-
tor were applied, the fluxes would be 72% of the fluxes derived

from GOES by the above procedures. To compare solar and

stellar data, the solar flare fluxes were thus multiplied by 0.72
after calibration.

Solar flare microwaves show considerable variation in the 1-

20 GHz range. At low frequencies, the sources are optically thick
and the flux increases with frequency according to a power-law

of index 0--10. Beyond some spectral peak, the sources become
optically thin and decrease with a power-law index of about -1

to -5. Gradual solar flares tend to be optically thin at 5-10 GHz;

the turnover frequencies are mostly smaller than 5 GHz and of-
ten less than 2 GHz (Cliver et al. 1986), apparently very similar

to the quiescent emission of many stellar sources. On the other
hand, turnover frequencies of impulsive flares range more typi-
cally between l0 and 20 GHz, thus making 5-10 Gl-Iz emission

optically thick. The class of impulsive solar flares therefore re-

quires a systematic correction when compared to stars. We have
estimated the effect from the spectra of the investigated flares.
Using the highfrequency slope to estimate the flux density at 8

GHz as if the source were optically thin, the values have to be

increased by 0.06 to 0.37 dex (with the exception of an event to

be discussed below). There is no information on the spectrum
of the microflares, which were observed, however, at the rela-

tively high frequency of 10.69 GHz. We have not attempted to
correct for the effect of finite optical thickness neither in solar
nor stellar microwave luminosities.

2.K Summary of the error analysis

We have discussed estimated errors of solar and stellar data

in Sects. 2.2-7 and briefly summarize the relevant numbers, i)

Statistical errors in the measurements of solar X-ray and mi-

crowave fluxes are small and can be fully neglected here. ii)
Statistical errors in the stellar observations are shown explicitly

in Fig. 7 for dMe star observations. They are typically of the

order of 0.1 dex. iii) Systematic but unknown errors in the solar

X-ray observations amount to 0.3 dex and 0.4 dex for peak and
integrated values, respectively, iv) Systematic errors in the so-
lar microwave observations are estimated to be 0.2 dex and 0.3

dex for peak and integrated values, r_peetively, v) Additional
sources of error in stellar X-ray observations are estimated at

0.18 dex, mainly due to the unknown composition of the stel-

lar plasma, vi) Systematic errors in stellar radio observations
due to optical depth do not seem to dominate the results, and

are not considered here. vii) To compare solar and stellar SXR

data obtained under different model assumptions, solar SXR
data have to be reduced to 72% of the computed values. This

effect has been fully corr_ted in Figs. 5, 6, and 7 and in our

statistical analysis, viii) To compare solar impulsive microwave
flares with stellar microwave data, the radio flare fluxes have

to be increased by a considerable, but highly variable factor
to compensate for optical thickness; microwave spectral char-

acteristics of gradual flares and stellar emissions are relatively

similar and do probably not require a significant adjustment due
to the optical depth.

3. Results

Figures 3 and 4 show typical characteristics of solar flares
well-known for both the gradual and impulsive types. The mi-

crowaves peak first, followed by maximum temperature of the
flare plasma of some 1-3.10 7 K. As the plasma cools but the

emission measure still rises, the peak of the soft X-rays is de-

layed; the delay is larger for the lower energy bands. Notice
that the higher energy fluxes strongly depend on the evolution of

the temperature, while the lower energy, O.I-2A keV lighteurve
closely resembles the evolution of the emission measure. This

observation reflects the temperature sensitivity of the upper en-

ergy band and (relative) insensitivity of the lower energy band,
ideal for flare diagnostics (Sect.2.1). The microwaves peak

approximately at the time of maximum temperature increase.
Given that the microwave lighteurve closely correlates with the

hard X-ray time history (particularly in impulsive flares; e.g.,
review by Dennis 1988), this observation is in agreement with

the previously reported correlation between the SXR lightcurve
and the integral of.the hard X-ray time profile (Neupert 1968). It

has been taken as evidence that the thermal source emitting the
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SXRs is in part produced by high-energy electrons (see Dennis
1988 for a discussion).

Figure 6 presents average luminosities of solar flares and
low-level coronal emissions of stars. The derived solar flare

0.1-2.4 keV X-ray fluxes and the microwave flux densities were
integrated in time and divided by the equivalent duration, dx,
of the SXR emission. Solar and stellar values correlate over

many orders of magnitude. The overall correlation is not linear

as given in Eq. (1), i.e. the slope differs from unity in the log-

log plot and amounts to 0.73 ± 0.03 (number of entries N =
102, correlation coefficient for Lx versus LR: R = 0.91). Note,

however, that the relation is approximately linear within the

M and K dwarfs and within the RS CVn classes (Giidel et ai.
1993a; Giidel 1992; Drake et al. 1992). The solar flares connect

smoothly to the active star coronae in the Lx/LR-plot.

The slope for the solar flares is smaller than unity, but this is

a result mainly produced by the microflares. All four microflares

have been observed on the same day with a nan'ow microwave
beam (100 m telescope in Effelsberg) which'may not have been

centered on the source. A comparison with full Sun telescopes
has shown that this may account for a factor of 3 at most (Fiirst

et al. 1982). If, on the other hand, the relative weakness of mi-

crowaves in mieroflares is real, the non-linearity means that

the microwave productivity increases with increasing flare size,
or, from the microwave point of view, the X-ray luminosity is

relatively higher ih small flares. Micro flares possibly involve ac-
celeration and trapping at low altitudes (Benz et al. 1981). This

would lead to small particle lifetimes and naturally explain the
weak microwave emission and that they deviate most from the

fitting line to the dMe coronae in Fig. 7.

Apart from the microflares, the solar flare observations are

compatible with a linear correlation, LR ex Lx. The impul-
sive flare ('i' in Fig. 6) with the weakest radio luminosity had

its spectral peak beyond 35 GHz (Bern Observatory Report).

Its 8 GHz flux shown in Fig. 6 was therefore reduced by opti-
cal thickness exceeding unity and the correction for this effect

would be of the order of 1 dex. Excluding this exceptional event
and the microflares, we find a least-squares linear regression

in the log-log plot with a slope of 0.914-0.13 (N = 13, R =
0.85). Furthermore, the observed scatter of about 0.26 dex in

Lx around the fitting line favorably agrees with the estimated

total error, thus indicating that the observations are compati-
ble with a linear correlation. Several individual solar flares fall

within the error ranges of the linear relation pertaining to the
M dwarfs, although the average solar flare (excluding the mi-

eroflares) X-ray/microwave ratio exceeds the value of M dwarfs
by a factor of 4.7 (0.67 dex).

The solar microwave flares are considerably shorter than

the enhanced SXR emission (by a factor of about 5; Figs. 3 and

4). Thus, the use of flare average values for a comparison with
stellar low-level radiation seems to be appropriate. Neverthe-

less, we replaced the average flare values by the peak fluxes
to further investigate the correlation. The results are compared
in Fig. 7 with the low-level emissions of dMe stars that have

been measured strictly simultaneously (Gtidel et al. 1993a) and
have a linear Lx-LR relation. The solar flare peak data have

the same Lx/LR ratio except for the microflares, which de-

viate by an order of magnitude from the fit to the stellar data.

The least-squares linear regression fit to the logarithmic data in

Fig. 7 (solar and stellar flares and stellar coronae, but excluding
the microflares) has a slope of 1.024-0.17, clearly compatible
with a proportionality Ln cx Lx (N = 16, R = 0.78). The sta-

tistical scatter in Lx around the linear fit amounts to 0.31 dex,

again compatible with the estimated total error (Sect. 2.3).
We are aware of only one simultaneous microwave and X-

ray observation of a stellar flare detected in both regimes whose

radio emission is compatible with the gyrosynehrotron process.
This extremely long-duration, only weakly polarized stellar flare

on EQ Peg was observed by Kundu et al. (1988) with EXOSAT
and the VLA and is found to fit well into the ratio observed for

the low-level stellar emissions ('Fig. 7). The approximate peak

value is shown, as the time histories of both radiations are only
partially known. It is interesting to note that the microwave de-

cay time seems to be longer than the SXR decay time, opposite
to solar flares. Note that highly polarized microwave flare emis-

sion as often observed on dMe stars is unlikely to originate from
the synchrotron mechanism and is therefore not suitable for this

comparison.

4. Discussion

We propose to discuss the correlation found in Figs. 6 and 7 in

terms of a process that both heats and accelerates by constant
fractions. This naturally leads to a linear relation between Lx

and La with a slightly variable ratio similar to Eq. (1). The ratio
is given by

Lx/Ln _ 1.06- 1022 B -2"4a b 1 [Hz], (2)
a r0(a + 1)

(Giidel & Benz 1993) where B is the magnetic field in the mi-

crowave source in units of Gauss, a (< 1) is the efficiency of
the coronal heating process to accelerate particles, b is the frac-

tion of coronal energy lost by radiation into the observed X-ray
band (PSPC: 0.1-2.4 keV), r0 is the average lifetime in seconds

of energetic electrons at the low-energy cutoff (normalized to

be 10 keV), and ,,,(> - 1) is the power-law exponent of the life-

time vs. energy. It has been assumed that the density of energetic
electrons obeys a power-law distribution decreasing in energy
with a power of -3. This is compatible with stellar microwave

spectra and measurements of hard X-rays during peaks of solar

impulsive flares, and peaks and decays of solar gradual flaws (of.
Gtidel 1994). The gyrosynehrotron emissivity given by Dulk &
Marsh (1982) was used.

When considered separately, each class of objects (including
regular flares, dMe, dK, and RS CVn eoronae) seems to be com-

patible with a linear relation between X-rays and microwaves.
Different classes of objects, however, have a different average
Lx/La ratio.

If the integrated and averaged solar flare microwave lumi-

nosity were used as an estimate of the stellar energy input into
the corona by an acceleration process as efficient as in solar
flares, the predicted stellar (dMe) thermal SXR emission would
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be larger than observed by a factor of 4.7. Some fraction of

this difference may be caused by optical depth effects of the
solar flare microwaves. Other possible causes include higher

densities and shorter particle lifetimes in the solar corona due

to lower-lying, more compact loops compared to active, hot-
ter stellar coronae. In particular, this is plausible for the very
small microflares. Since active stars are likely to have stronger

magnetic fields and larger spots than the Sun, loops in stellar

coronae may be larger and offer better traps for relativistic par-

tieles, allowing them to lose a larger portion of their energy into

gyrosynchrotron radiation before they collide with other parti-
cles. The long timescales of the radio flare on EQ Peg may be
taken as evidence for this. It would also explain the tendency

of stellar coronae to be microwave-rich as compared to solar
flares.

We note that the agreement between solar flares and stel-

lar coronae is much better if peak flare values are used. The

Lx/LR ratios for solar flare peaks are lower as compared to in-

tegrated values, since the duration of the solar microwave flares
is systematically shorter than the duration of the accompanying

X-ray flares. This factor (of about 5) coincides with the factor
by which solar flares are microwave-poor compared to stellar
coronae.

We shouldcautionthatmany of theerrorsarc systematic

•and may go intothesame direction.The averagedeviationof

theLR and Lx valuesfrom a slope=llineinFig.7 islessthan

thesum ofthetotalerrorsadoptedforsolarflareobservations

and thesystematicerrorspossiblyaffectingstellarobservations.

The possibilityofan identicalLR/LX ratioevenforintegrated
solarflarevaluesand stellarcoronaecannotbeexcluded.

It is interestingto note that gradual solarflaresare

microwave-richby an orderofmagnitude compared toimpul-

sivesolarflares,ifhard X-rays (_ 30 keV) are used as the

reference(Cliveretal.1986).For example,such a difference

arises if the lifetime of the microwave emitting particles were

longer in the gradual flares. However, using soft X-rays as the

reference, Figs. 6 and 7 show that the Lx/Ln ratios of impul-

sive and gradual flares are similar. A possible explanation is
a lower SXR productivity (parametedzed by the factor b) of

gradual flares, where other losses, such as conduction and adia-
batic expansion, are expected to be relatively severe. It remains

unclear whether b changes enough to also explain the large de-
viation of microflares. The fraction of input energy radiated in

SXR has been estimated to vary only from 0.3 to 0.5 from quiet
regions to active regions of the solar corona by Withbroe &

Noyes (1977). This cannot explain the trend of the microflares
to be X-ray-rich. Thus we expect that other parameters play a

similar or larger role.

What.ever the reason for the relatively low average mi-

crowave luminosity of solar flares, we find that the larger flares,
rather than the microflares, have similar LR/Lx ratios as stel-
lar coronae. The fact that the stellar flare produced the same

Lx/LR ratio as the low-level emission is further evidence that
the processes at work in coronal heating are related or similar
to the flare mechanism. The stellar flares having the Lx/LR

ratio of stellar coronae strongly suggest that the deviation of

the solar flares is characteristic to the Sun rather than to .flares
in general. It is surprising that even the conditions for particle

acceleration and trappin_ may be similar in flares and quiescent
coronae; at least the parameters controlling the two processes

apparently multiply to a similar ratio in Eq. (2) (as indicated by
the correlation in Figs. 6 and 7). :'

These observations suggest that the dominating heating pro-
cess of active stellar coronae has some of the characteristics of

flares: it accelerates electrons to similar energies with similar

efficiency, and the particles live long enough to produce a com-

parable ratio of gyrosynchrotron emission.
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