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Abstract 
The blended wing body (BWB) is a concept that has been investigated for improving the performance 

of transport aircraft. A trade study was conducted by evaluating four regions from a BWB design 
characterized by three fuselage bays and a 400,000 lb. gross take-off weight (GTW). This report describes 
the structural optimization of these regions via computational analysis and compares them to the baseline 
designs of the same construction. The identified regions were simplified for use in the optimization. The 
regions were represented by flat panels having appropriate classical boundary conditions and uniform 
force resultants along the panel edges. Panel edge tractions and internal pressure values applied during the 
study were those determined by nonlinear NASTRAN analyses. Only one load case was considered in the 
optimization analysis for each panel region. Optimization was accomplished using both NASTRAN 
solution 200 and Genetic Algorithm (GA), with constraints imposed on stress, buckling and minimum 
thicknesses. The NASTRAN optimization analyses often resulted in infeasible solutions due to violation 
of the constraints, whereas the GA enforced satisfaction of the constraints and therefore always ensured a 
feasible solution. However, both optimization methods encountered difficulties when the number of 
design variables was increased. In general, the optimized panels weighed less than the comparable 
baseline panels. 

Introduction 
Over the past decade, there has been great interest in improving the performance of transport aircraft. 

One concept that has been investigated, initially by McDonnell Douglas, and subsequently by Boeing 
who acquired McDonnell Douglas, is the Blended Wing Body (BWB) as shown in Figure 1. The BWB 
concept is a hybrid that combines features of the flying wing with features of conventional transport 
aircraft. Such a configuration has the advantage of simultaneously increasing both fuel efficiency and 
payload [1, 2]. Early in the formulation of the BWB concept, it was realized that requiring conventional 
structural configurations limited the potential design space. Therefore, the conventional pressurized cabin 
structure was abandoned with the expectation that future structural concepts would be developed that 
were capable of sustaining the encountered BWB loads [2]. As a result, initial BWB research focused on 
the aerodynamic, stability and control issues (flying characteristics), and included wind tunnel tests at 
NASA Langley Research Center (LaRC). Figures 2 and 3 show BWB wind tunnel test models in the 
14x22 foot and the National Transonic Facility (NTF), respectively. While later studies have continued to 
address BWB flying characteristics, including noise and propulsion issues, recent years have seen an 
increased focus on the structural performance of the BWB [3-7], because structures technology does not 
yet satisfy the expected capabilities. 

Throughout the development of BWB designs, many sizes and configurations have been studied. A 
recent BWB configuration is a 3-bay (three internal bays), approximately 400,000 lb. GTW, twin-engine 
design that makes substantial use of advanced/composite materials (see Figure 4). The structural 
configuration subjects the majority of the BWB panels to combined loads, and panels within the 
pressurized cabin (shaded region in Figure 4) are, additionally, subjected to internal pressure. Therefore, 
the design and sizing of these panels requires more thorough examination and analysis than conventional 
transport aircraft components that have traditional and less complex load paths. Several sizing and 
optimization studies have been conducted on BWB-like structures [3, 5, 6]. The current work focuses on 
the optimization of representative BWB-type skin panels of either stitched-composite or integrally-
stitched sandwich construction that are defined in the following section. 
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Figure 1: BWB design concept 

 

 

Figure 2: BWB design concept tested in LaRC's 14x22 foot wind tunnel 
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Figure 3: BWB design concept tested in LaRC's NTF 

 
 

 

Figure 4: 3-bay, twin-engine BWB design configuration 
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Requirements / Panel Selection 
The 3-bay BWB configuration shown in Figure 4 was subjected to numerous load cases for design 

and sizing. A NASTRAN finite element model, shown in Figure 5, was obtained from Boeing and used to 
develop an understanding of the BWB design, structure and loading. In order to accurately study buckling 
and nonlinear response, the BWB NASTRAN model was modified using several existing and new author-
written PATRAN Command Language (PCL) programs. Requirements for the PCL programs were 
developed, the code was written, and the programs verified using simple examples. These PCL programs 
perform many modifications, including but not limited to, changing bar elements to beam elements, 
removing offsets in laminates and removing offsets for shell properties. Removal of laminate and shell 
offsets required the creation of a dummy material that was used to create a new laminate that includes a 
ply of the dummy material. The thickness of the dummy ply is chosen so that the no offset is required, 
and can thus be removed from the original property definition. Laminate and shell modifications did not 
change the structural response compared to the model having laminate and shell offsets included. Remove 
of beam offsets was also required. Unfortunately, the beam property definition depends, in part, upon the 
beam element axis, the orientation vector and the shear center offset vector. Normally, many beam 
elements may have the same property definition. However, removal of the offset vector for beams within 
the same property can require creation of a new property for each beam element to properly remove the 
offsets. To avoid the difficult task of creating a new property set for each beam, it was decided remove 
the offset, but not to calculate new beam section properties that account for the offset. This approximation 
resulted in structural response that was within about 1% of the previous results, so it was determined 
acceptable to simply remove the beam offsets and not adjust the section properties. 

All PCL programs were implemented on the BWB model through a PATRAN session file. The new 
nonlinear capable model was utilized to choose the locations to be included in the trade study, and also to 
determine which load cases are most critical to the trade study locations chosen. Figure 6 shows the finite 
element meshes used for the upper and lower BWB covers, respectively. 

Ten load cases were supplied by Boeing, three of which had variants in which cabin pressure was 
included. Table 1 defines the load cases utilized in this study, with the "P" designation indicating that the 
loading is the same as that for the plain numbered load case, but with internal pressure of 9.2 psi included 
(i.e, "P" = 9.2 psi). NASTRAN solutions 101 (load cases 1-4) and 144 (load cases 5-10P) were conducted 
to determine nodal loads to be applied during the nonlinear analyses. Figures 7 to 19 show the linear 
analysis force resultants in the upper and lower covers for the load cases defined in the table. Figures 20 
and 21 show the upper and lower cover displacement differential for load cases 9 and 9P, respectively, 
from linear analyses using nodal loads applied to the nonlinear capable model. 

Based upon the force resultants and the deformations, four regions were chosen for the trade study. 
Regions were chosen so that the panel is bounded by major structural elements, such as ribs, spars and 
bulkheads. The chosen regions were required to have combined loads, and at least one region was 
required to have include internal pressure. The four regions are identified in Figure 22, summarized in 
Table 2 and depicted in Figure 23. Regions 1 and 2 are located in the inner wing area and are subjected to 
large combined loads. Regions 3 and 4 are in the fuselage section and are subjected to smaller combined 
loads but than regions 1 and 2, but they include internal pressure. 

The panel regions chosen for the BWB trade study have very large radii of curvature. For the trade 
study, however, they are considered flat to simplify modeling and to avoid potential limitations of the 
analytical tools that might be used. Also for the purpose of the trade study, regions 1 and 2 are considered 
to be simply-supported on all edges, and regions 3 and 4 are considered to be clamped on all edges. 
Lastly, the trade study was further simplified by using uniform force resultants along the edges instead of 
calculating and applying non-uniform resultants. The value chosen for each force resultant component 
along an edge was either the dominant value, if there was one, or was the maximum value when no 
dominant value could be identified. Table 3 shows the edge loads and pressure values for the most critical 
load cases for the four trade study regions. The edge load and pressure values applied in the study were 
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those from the nonlinear analysis. The load cases chosen and used for the optimization of each panel are 
identified in the table by the yellow shading. Sign conventions for the loads are shown in Figure 24. 

As indicated in Table 2, regions 1 and 2 are of stitched composite construction. Skins and stringers 
are built up using stacks that are stitched together and resin infused. Each stack consists of 7 plies and has 
a stacking sequence of [45/-45/0/90/0/-45/45]. The thicknesses of the plies are 0° = 0.0124 in., 90° = 
0.066 in., 45° and -45° = 0.0059 in., resulting in a 0.055 in. total stack thickness. The resulting stack 
stiffnesses and unnotched strengths for the material used in the current study are shown in Tables 4 and 5, 
respectively. Regions 3 and 4 are integrally-stitched sandwich skins with composite sandwich frames. 
The stacks used to construct the sandwich skins and frames are the same as those used in regions 1 and 2. 

Figure 25 shows the basic cross-section for each of the panel regions. Stringers and frames are 
oriented in the aircraft span-wise direction (global x-direction). The local cross-section for the region 1 
and 2 panels is shown in Figure 26. Dimensions of the skin and stringer are indicated in the figure. Figure 
27 shows the local cross-section for the panels of regions 3 and 4, with dimensions of the sandwich skin 
and frames indicated. Non-numerical dimensions as indicated in Figures 26 and 27 are used as design 
variables in the optimization study. 

 

Table 1: Load case definitions 

Load Case # Designation 
1 2G Taxi Bump 
2 2P Overpressure 
3 4.5 Lateral Crash 
4 9G FWD Crash 
5 -1.0G Push-Over, VC 

5P -1.0G Push-Over, VC, 1P 
6 1G, Dynamic Overswing 
7 Initial Roll, Vertical Load 0G 
8 Initial Roll, Vertical Load 1.67G 
9 2.5G, MXTOWT 

9P 2.5G, MXTOWT, 1P 
10 -1.0G Push-Over, VPTA 

10P -1.0G Push-Over, VPTA, 1P 
 

Table 2: Trade study region descriptions 

Region # Description Size (in.) 
1 Upper cover, inner wing, stitched composite, non-pressurized 34.5 by 94 
2 Lower cover, inner wing, stitched composite, non-pressurized 34.5 by 96 
3 Upper cover, fuselage, integrally-stitched sandwich composite, pressurized 155 by 96 
4 Lower cover, fuselage, integrally-stitched sandwich composite, pressurized 137 by 120 
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Table 3: Trade study region panel edge loads 

Region 
# 

Load 
Case 

Internal 
Pressure 

(psi) 

Nx 
(lbs./in.) 

Nxy 
(lbs./in.) 

Ny 
(lbs./in.) 

Mx 
(lbs.-

in./in.) 

Mxy 
(lbs.-

in./in.) 

My 
(lbs.-

in./in.) 

9 0 
-21000 

(-20000) 
-5500 

(-4000) 
-2000 

(-2000) 
15000 

(14000) 
1000 
(900) 

500 
(450) 

9P 0 
-21000 

(-20000) 
-5500 

(-4000) 
-2000 

(-2000) 
15000 

(14000) 
1000 
(900) 

500 
(450) 

1 

2 0 NA NA NA NA NA NA 

9 0 
18000 

(15000) 
-5500 

(-4000) 
3000 

(2000) 
-14000 

(-12000) 
2000 

(1500) 
-1500 
(-650) 

9P 0 
18000 

(15000) 
-5500 

(-4000) 
3000 

(2000) 
-14000 

(-12000) 
2000 

(1500) 
-1500 
(-650) 

2 

2 0 NA NA NA NA NA NA 

9 0 
-2400 

(-2000) 
-1000 
(-700) 

-1000 
(-1000) 

800 
(700) 

350 
(250) 

250 
(200) 

9P 9.2 
-2300 

(-2000) 
-1200 

(-1000) 
-1400 

(-1300) 
700 

(500) 
400 

(400) 
-400 

(-400) 
3 

2 18.4 
-350 

(-100) 
-150 

(-200) 
1500 

(1800) 
200 
(50) 

150 
(150) 

-850 
(-850) 

9 0 
100 

(125) 
-150 

(-180) 
130 

(140) 
-40 

(-45) 
60 

(55) 
-100 

(-100) 

9P 9.2 
1800 

(1700) 
-600 

(-500) 
650 

(650) 
-550 

(-500) 
180 

(140) 
-300 

(-300) 
4 

2 18.4 
2000 

(2100) 
-700 

(-500) 
850 

(800) 
-700 

(-600) 
200 

(150) 
-300 

(-250) 

 

Table 4: Stack stiffness properties 

 Ex (Msi) Ey (Msi) Gxy (Msi) ν12 
Tension 10.25 5.07 2.48 0.403 

Compression 9.23 4.66 2.26 0.397 

 

Table 5: Stack B-allowable unnotched stress strengths (ksi) 

XT XC YT YC S 
105.1 79.2 46.5 37.9 29.9 
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Figure 5: BWB global finite element mesh 
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a) upper cover 

 
b) lower cover 

Figure 6: BWB upper and lower cover finite element meshes 
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Figure 7: Stress resultants (lbs./in.) for load case 1 
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Figure 8: Stress resultants (lbs./in.) for load case 2 
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Figure 9: Stress resultants (lbs./in.) for load case 3 
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Figure 10: Stress resultants (lbs./in.) for load case 4 
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Figure 11: Stress resultants (lbs./in.) for load case 5 
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Figure 12: Stress resultants (lbs./in.) for load case 5P 



 19 

  
Upper Cover Lower Cover 

Nx 

  
Upper Cover Lower Cover 

Ny 

  
Upper Cover Lower Cover 

Nxy 

Figure 13: Stress resultants (lbs./in.) for load case 6 
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Figure 14: Stress resultants (lbs./in.) for load case 7 
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Figure 15: Stress resultants (lbs./in.) for load case 8 
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Figure 16: Stress resultants (lbs./in.) for load case 9 
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Figure 17: Stress resultants (lbs./in.) for load case 9P 
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Figure 18: Stress resultants (lbs./in.) for load case 10 
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Figure 19: Stress resultants (lbs./in.) for load case 10P 
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Figure 20: Upper cover deformation differential between load cases 9 and 9P 

 

 

Figure 21: Lower cover deformation differential between load cases 9 and 9P 
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Figure 22: Regions identified for NASA LaRC BWB trade study 
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Region #1 Region #2 

  
 

 

 
Region #3 Region #4 

  
Figure 23: Panel sizes and orientations 
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Figure 24: Stress resultant and pressure sign conventions 
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Region #1 

 

 
Region #2 

 

 
Region #3 

 

 
Region #4 

Figure 25: Panel cross-section definitions 
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Figure 26: Baseline local cross-section for regions 1 and 2 

 

Figure 27: Baseline local cross-section for regions 3 and 4 

Optimization 
Trade study regions (see Figure 22 and Table 2) chosen from nonlinear analyses were optimized for 

the current Boeing BWB baseline panel designs, and used the current BWB baseline panel construction 
method. Two optimization analysis methods were utilized; 1) MSC/NASTRAN solution 200 [8, 9], and 
2) an author-written genetic algorithm (GA). The nonlinear results for the load cases supplied by Boeing 
were examined, and each region was optimized using the most critical load case for that region (recall 
Table 3). Constraints were imposed on stress and on buckling. Stresses in the panels representing the 
trade study regions were examined using the Tsai-Hill failure theory, where the panels studied are 
assumed to be in plane stress. The Tsai-Hill failure index is defined as: 
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where the failure index, FI, was calculated for every ply in every element within the finite element mesh. 
The values X, Y, and S in the equation are the familiar lamina strengths. When the failure index exceeds 
unity in any ply, the panel is deemed to have failed. Since the coordinate axes of the panels in the study 
aligned with the material axes, no stress transformations were required. Failure indices were calculated by 
specifying the "HILL" option on the PCOMP card in NASTRAN for the solution 200 analyses. The 
genetic algorithm calculated the failure index using the above equation that was programmed, and was 
calculated from the centroidal finite element ply stresses. 

Originally, constraints on deformations were to be included in the optimization. However, which 
measure of deformation to use and how to include a measure of aerodynamic importance could not be 
established. Consider Figure 28, which compares the cross-sections of two possible deformation results 
(the original cross-section is shown in gray). While the deformation d2 is almost twice the deformation d1, 
d1 may be far more critical to aerodynamic performance, and could end up being the critical constraint. 
Therefore, when deflection limits are set and a suitable "aerodynamic deformation" parameter defined, 
deformation constraints should be included through that parameter. 

For optimization, design variables were defined for each trade study region, as shown in Table 6, and 
these variables were assigned to various property regions of the panels. The property regions are shown in 
Figures 29 – 32 for the four design regions and represent the skin (larger regions), skin/flange (strip 
regions) and blades (line between skin/flange regions). A uniform panel is defined as one in which all 
property regions of the same type are assigned the same design variable (e.g., all skin property sets are 
assigned the same design variable that represents a skin thickness so that all property sets have the same 
thickness). Panels of varying thicknesses can be examined by assigning different values of the design 
variables to each property region. The optimization was then carried out for each of the four trade study 
regions to minimize panel weight subjected to the stress and buckling constraints. Side constraints on 
minimum gauge were also included and are provided in Table 7. Initial design variable values (the 
original baseline design) are provided in Table 8. These original designs represent the starting point for 
the NASTRAN solution 200 analyses and the baseline chromosomes for the GA analyses. The following 
sections will discuss the two optimization methods, present the results, and compare the results from these 
two methods. 

Table 6: Trade study region design variable descriptions 

Region # Designation Description Included in Property Sets for 
 ts Skin thickness skin, skin/flange 

1, 2 tf Stringer flange thickness skin/flange 
 tw Stringer blade thickness blade 
 tsi Skin inner facesheet thickness skin, skin/flange 
 tc Skin core facesheet thickness skin, skin/flange 
 tso Skin outer facesheet thickness skin, skin/flange 

3, 4 tf Frame flange thickness skin/flange 
 tss Frame sandwich face thickness frame sandwich 
 tw Frame web thickness frame web 
 tsc Frame sandwich core thickness frame sandwich (calculated) 
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Table 7: Trade study region design variable maximum and minimum values 

Region # Designation Minimum Value (in.) Maximum Value (in.) 
 ts 0.11 (2 stacks) 2.2 (40 stacks) 

1, 2 tf 0.055 (1 stack) 1.1 (20 stacks) 
 tw 0.055 (1 stack) 2.2 (40 stacks) 
 tsi 0.055 (1 stack) 0.55 (10 stacks) 
 tc 0.05 4.0 
 tso 0.11 (2 stacks) 1.1 (20 stacks) 

3, 4 tf 0.055 (1 stack) 1.1 (20 stacks) 
 tss 0.055 (1 stack) 0.11 (2 stacks) 
 tw 0.275 (5 stacks) 2.2 (40 stacks) 
 tsc 0.055 (calculated) 2.09 (calculated) 

 

Table 8: Original trade study region design variable values 

Region # Designation Value (in.) Baseline Weight (lbs.) 
 ts 0.715 (13 stacks)  
1 tf 0.055 (1 stack) 153.4 
 tw 0.385 (7 stacks)  
 ts 0.55 (10 stacks)  
2 tf 0.055 (1 stack) 120.1 
 tw 0.275 (5 stacks)  
 tso 0.055 (1 stack)  
 tc 0.35  
 tsi 0.11 (2 stacks)  
3 tf 0.515 (~9 stacks) 299.7 
 tss 0.055 (1 stack)  
 tw 1.0 (~18 stacks)  
 tsc 0.89  
 tso 0.055 (1 stack)  
 tc 0.35  
 tsi 0.11 (2 stacks)  
4 tf 0.515 (~9 stacks) 362.4 
 tss 0.055 (1 stack)  
 tw 1.0 (~18 stacks)  
 tsc 0.89  

 

 

Figure 28: Deformation comparison for constraint generation 
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Figure 29: Property set regions and numbers for region 1 panel 
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Figure 30: Property set regions and numbers for region 2 panel 
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Figure 31: Property set regions and numbers for region 3 panel 
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Figure 32: Property set regions and numbers for region 4 panel 
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NASTRAN Solution 200 

Solution 200 (DESOPT) is the design optimization solution in MSC/NASTRAN [9]. The 
optimization solution uses the results from various NASTRAN analysis solutions that are specified in 
separate subcases [9]. For the current optimization study, only the static and buckling analyses are 
utilized. The optimizer is specified by the user and can be the default optimizer, DOT [10] which is 
licensed from Vanderplaats Research and Development, Inc., or the ADS optimizer [11] that was 
enhanced by MSC. Sensitivities required for the optimization are calculated explicitly wherever possible, 
but when calculation of these sensitivities is not practical, NASTRAN utilizes finite differences (forward 
or central). Several gradient-based methods are available for the optimizers, and References 8 and 9 
provide details about optimizer methods and selection. The general procedure is for NASTRAN to 
conduct an optimization using continuous design variables. However, it is possible to make some or all of 
the design variables discrete. If any of the design variables are discrete, NASTRAN performs the 
optimization with continuous variables, then chooses the discrete variables based upon the continuous 
solution for a final optimization. The method NASTRAN uses to process the discrete variables is 
specified by the DISCOD parameter in the DOPTPRM command, the default being design of 
experiments. The current optimization study examines using both continuous and discrete design 
variables in the NASTRAN analyses. 

PATRAN was used to generate the finite element models for the four trade study regions. Finite 
element meshes comprised CQUAD4 elements as shown in Figures 33 – 36. Properties for the shell 
elements were assigned using the composite laminate (PCOMP) formulation. Since offsets are not 
permitted in the NASTRAN buckling analysis, it was necessary to create dummy plies on both surfaces of 
the laminates. Figure 37 demonstrates the use of a single dummy ply when a three-ply laminate is 
positioned with the outer surface at the outer mold line (OML), which is also the nodal surface. In this 
case, the original offset, ZOFFS, would be equal to half of the thickness of the total laminate and be 
negative because the direction from the nodal surface to the reference surface is opposite from the 
element normal direction (Figure 37a). To eliminate this offset, the dummy ply is added to the outer 
surface with a thickness equal to the total laminate, resulting in zero offset (ZOFFS = 0) (Figure 37b). 
The dummy ply is assigned a material having negligible property values, so that the dummy ply has no 
true effect on the overall stiffness. The dummy plies are given an initial nominal thickness of 0.0001 
inches in the baseline design, are then adjusted when structural thicknesses are modified so that the 
resulting laminate property will have no offset. For example, consider a skin property that originally has a 
thickness of 0.5 inches. A laminate with three plies having thicknesses of 0.0001, 0.5 and 0.0001 inches, 
respectively, is created and no offset is assigned (this is equivalent to a coincident nodal surface and 
reference surface). Then, if the skin thickness is changed to 0.4 inches, the property is modified to have 
thicknesses of 0.1001, 0.4 and 0.0001 inches, respectively, and still has no assigned offset. 

Buckling analyses were carried out for the four regions. Fundamental buckling load factors and 
modes are provided in Figures 38 and 39 for regions 1 and 3, respectively. The buckling mode for region 
1 is essentially a local panel buckling mode between stringers. Design criteria provided allows for local 
panel buckling, between stringers and frames, at a load factor of 0.35. Therefore, the buckling constraint 
for the optimization was set equal to 0.35 for region 1. Region 3 demonstrates a more global buckling 
response in that it includes the frames. Figure 40 shows the deformation in the vicinity of region 3, where 
it is clearly seen that the deformation is inclusive of the frames, and is a global response. Design criteria 
provided allows global buckling at a load factor of 1.0. Therefore, the buckling constraint for the 
optimization was set equal to 1.0 for region 3. Buckling was not significant (large load factor values) for 
regions 2 and 4, so plots of the fundamental mode for these regions are not included. The buckling 
constraints for the optimization of regions 2 and 4 were set to the values for regions 1 and 3, respectively, 
but had no real effect on the solution. 

Region 1 was optimized using four separate NASTRAN solution 200 analyses. The design variables, 
type and assigned property identification numbers (IDs) for these four analyses are provided in Table 9. 
Property IDs referenced in the table refer to those defined in Figure 29. The first two analyses (R1-1 and 
R1-2) for a panel with uniform skin, the panel most easily manufactured. Analyses R1-1 and R1-2 
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utilized all continuous and all discrete variables, respectively. All property sets associated with a 
particular part of the panel (skin, skin/flange or stringer blade) were assigned using the same three design 
variables. The core thickness increment, when it was treated as a discrete design variable, was equal to the 
minimum value chosen for the study, 0.05 inches. Analyses R1-3 and R1-4 permit the skin thickness in 
the skin/flange property sets to differ from the skin thickness in the skin only property sets. Again, 
property sets of particular panel parts were assigned the same design variables. Additional analyses were 
attempted where each property set was assigned independent design variables, but convergence was not 
satisfactory and the resulting solution was not realistic or practical. Thus, the optimization analyses for all 
four regions were limited to a small number of design variables. Additional discussion of the problems 
encountered with a large number of design variables is presented later in this report. Results for the four 
region 1 NASTRAN optimization analyses are presented in Table 10. The four analyses suggest panels 
whose weights are significantly larger than the baseline weight shown in Table 8. All four analyses were 
buckling critical, that is, the buckling constraint was active and drove the solution. Figure 41 shows the 
fundamental buckling mode shape for the R1-3 optimization analysis. Mode shapes are similar for the 
other region 1 analyses. 

Region 2 was also optimized using four separate NASTRAN solution 200 analyses. The design 
variables, type and assigned property IDs for these four analyses are provided in Table 11. Property IDs 
referenced in the table refer to those defined in Figure 30. The region 2 optimization analyses are defined 
consistent with those for region 1. Thus, analyses R2-1 and R2-2 have three design variables, and 
analyses R2-3 and R2-4 have four design variables. The results for the region 2 NASTRAN optimization 
analyses are presented in Table 12. Note in the table that the failure index for analysis R2-2 is 
significantly less than unity. This is due to the fact that R2-2 is the discrete variable solution that arises 
from analysis R2-1, where the values for the continuous variables are replaced by discrete values. In this 
case, the thickness of the stringer blade, which is represented by variable 3, is increased from 0.13515 to 
0.165 inches. Since the stringer blade is the portion of the panel having the maximum failure index, the 
maximum failure index for the panel decreases significantly. Conversely, the thickness of the stringer 
blade in analysis R2-4 (variable 4) is decreased compared to analysis R2-3 from which it is derived, so 
the failure index increases. In fact, the maximum failure index for R2-4 exceeds unity, which is a 
violation of the constraint. The constraint violation problem may possibly be eliminated by changing the 
value of the DISCOD parameter because this may lead to the selection of different values for the discrete 
variables. However, the effect of the DISCOD parameter was not investigated further and the default 
value was used for all of the NASTRN optimization analyses performed in this study. As seen in Table 
12, analyses R2-1 and R2-2 yield panel weights that are more than the baseline shown in Table 8, but 
analyses R2-3 and R2-4 yield panel weights that are significantly less than the baseline weight. All four 
analyses were stress critical, that is, the stress (failure index) constraint was active and drove the solution. 
This is also true for analysis R2-2, even though when discrete variables are chosen the failure index does 
not appear active, because the underlying NASTRAN solution with continuous variables is analysis R2-1 
that has an active stress constraint. 

Region 3 was optimized using six separate NASTRAN solution 200 analyses. The design variables, 
type and assigned property IDs for these six analyses are provided in Table 13. Property IDs referenced in 
the table refer to those defined in Figure 31. The first three analyses (R3-1 – R3-3) correspond to the most 
easily manufactured panel since the skin face sheet thicknesses and core thickness are uniform throughout 
the panel. Analyses R3-1 and R3-3 utilize all continuous and all discrete variables, respectively, whereas 
analysis R3-2 utilizes discrete variables with the exception of the skin core thickness variable, which is 
continuous. All property sets associated with a particular part of the panel (skin, skin/flange, frame 
sandwich or frame web) are assigned the same values, which results in a total of six independent design 
variables and one dependent (calculated) design variable (the frame sandwich core thickness). Analyses 
R3-4 – R4-6 permit the skin faces and core in the skin/flange property sets to be of different thicknesses 
than the skin faces and core in the skin only property sets. Analyses R3-4 and R3-6 utilize all continuous 
and all discrete variables, respectively, while analysis R3-5 utilizes discrete variables with the exception 
of the skin core thickness variable, which is continuous. Again, similar property sets were assigned the 
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same values, resulting in a total of nine independent design variables and the dependent frame sandwich 
core thickness design variable. Results for the six region 3 NASTRAN optimization analyses are 
presented in Table 14. Analyses R3-1 – R3-3 yield panels with weights slightly larger than the baseline 
weight shown in Table 8, whereas analyses R3-4 – R3-6 yield panel weights that are slightly less than the 
baseline weight. All six analyses were buckling critical, and Figure 42 shows the fundamental buckling 
mode shape for the R3-4 optimization analysis. Mode shapes are similar for the other region 3 analysis 
cases. 

Region 4 was optimized similar to region 3 using six NASTRAN solution 200 analyses. The design 
variables, type and assigned property IDs for these six analyses are provided in Table 15. Property IDs 
referenced in Table 15 refer to those defined in Figure 32. The region 4 optimization analyses are defined 
in a manner identical to those for region 3. Thus, analyses R4-1 – R4-3 have a total of six independent 
design variables and one dependent design variable, while analyses R4-4 – R4-6 have a total of nine 
independent design variables and one dependent design variable. Results for the six region 4 NASTRAN 
optimization analyses are presented in Table 16. All six analyses yield panel weights that are significantly 
more than the baseline weight shown in Table 8, and were stress (failure index) critical. However, these 
designs are unrealistic since they appear to be driven by extremely local high stress values at nodes in the 
frame at the boundary of the panel. Local model modifications were made in an effort to eliminate the 
high local stresses, but were unsuccessful. Additionally, the stress output requested via the STRESS 
command was changed from BILIN, which provides output values at the nodes and the centroid, to 
CENTER, which provides output values only at the centroid, with no effect on the results. This indicates 
that the output request does not affect the optimization solution. Therefore, it appears that the NASTRAN 
optimization solution may be susceptible to very high local nodal values, such as those that may arise 
from singularities and/or modeling, even if these values are unrealistic or spurious. It will be seen in the 
next section that the GA does not exhibit this behavior since, for the current study, the stresses used in the 
GA constraint calculation are extracted at the element center and are therefore not unduly influenced by 
these extreme nodal values. 

Table 9: Region 1 NASTRAN optimization analysis design variable assignments 

Optimization 
Analysis 

Design 
Variable # Designation Type Assigned Property IDs 

 1 ts Continuous 10 - 45, 50 - 113 
R1-1 2 tf Continuous 50 - 113 

 3 tw Continuous 120 - 151 
 1 ts Discrete 10 - 45, 50 - 113 

R1-2 2 tf Discrete 50 - 113 
 3 tw Discrete 120 - 151 
 1 ts Continuous 10 - 45 

R1-3 2 ts Continuous 50 - 113 
 3 tf Continuous 50 - 113 
 4 tw Continuous 120 - 151 
 1 ts Discrete 10 - 45 

R1-4 2 ts Discrete 50 - 113 
 3 tf Discrete 50 - 113 
 4 tw Discrete 120 - 151 
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Table 10: Region 1 NASTRAN optimization analysis results 

Optimization 
Analysis 

Design 
Variable # Value (in.) Weight (lbs.) Buckling 

LF* 
 1 0.72797   

R1-1 2 0.61784 164.8 0.354 
 3 0.30074   
 1 0.77 (14 stacks)   

R1-2 2 0.605 (11 stacks) 173.7 0.397 
 3 0.33 (6 stacks)   
 1 0.72358   

R1-3 2 1.2932 164.3 0.350 
 3 0.058511   
 4 0.30232   
 1 0.77 (14 stacks)   

R1-4 2 1.265 (23 stacks) 172.4 0.396 
 3 0.055 (1 stack)   
 4 0.33 (6 stacks)   

*Permitted load factors are 0.35 for local buckling and 1.0 for global buckling 
 

Table 11: Region 2 NASTRAN optimization analysis design variable assignments 

Optimization 
Analysis 

Design 
Variable # Designation Type Assigned Property IDs 

 1 ts Continuous 10 - 37, 50 - 97 
R2-1 2 tf Continuous 50 - 97 

 3 tw Continuous 120 - 143 
 1 ts Discrete 10 - 37, 50 - 97 

R2-2 2 tf Discrete 50 - 97 
 3 tw Discrete 120 - 143 
 1 ts Continuous 10 - 37 

R2-3 2 ts Continuous 50 - 97 
 3 tf Continuous 50 - 97 
 4 tw Continuous 120 - 143 
 1 ts Discrete 10 - 37 

R2-4 2 ts Discrete 50 - 97 
 3 tf Discrete 50 - 97 
 4 tw Discrete 120 - 143 
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Table 12: Region 2 NASTRAN optimization analysis results 

Optimization 
Analysis 

Design 
Variable # Value (in.) Weight (lbs.) Failure Index 

 1 0.74753   
R2-1 2 0.055288 149.6 0.997 

 3 0.13515   
 1 0.715 (13 stacks)   

R2-2 2 0.11 (2 stacks) 146.1 0.692 
 3 0.165 (3 stacks)   
 1 0.36273   

R2-3 2 0.18858 83.87 0.999 
 3 0.50359   
 4 0.17239   
 1 0.33 (6 stacks)   

R2-4 2 0.22 (4 stack) 79.24 1.10 
 3 0.55 (10 stacks)   
 4 0.165 (3 stacks)   

 

Table 13: Region 3 NASTRAN optimization analysis design variable assignments 

Optimization 
Analysis 

Design 
Variable # Designation Type Assigned Property IDs 

 1 tsi Continuous 10 - 57, 100 - 195 
 2 tc Continuous 10 - 57, 100 - 195 
 3 tso Continuous 10 - 57, 100 - 195 

R3-1 4 tf Continuous 100 - 195 
 5 tss Continuous 300 - 339 
 6 tw Continuous 200 - 239 
 7 tsc Calculated 300 - 339 
 1 tsi Discrete 10 - 57, 100 - 195 
 2 tc Continuous 10 - 57, 100 - 195 
 3 tso Discrete 10 - 57, 100 - 195 

R3-2 4 tf Discrete 100 - 195 
 5 tss Discrete 300 - 339 
 6 tw Discrete 200 - 239 
 7 tsc Calculated 300 - 339 
 1 tsi Discrete 10 - 57, 100 - 195 
 2 tc Discrete 10 - 57, 100 - 195 
 3 tso Discrete 10 - 57, 100 - 195 

R3-3 4 tf Discrete 100 - 195 
 5 tss Discrete 300 - 339 
 6 tw Discrete 200 - 239 
 7 tsc Calculated 300 - 339 
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Table 13 (cont.): Region 3 NASTRAN optimization analysis design variable 

assignments 

Optimization 
Analysis 

Design 
Variable # Designation Type Assigned Property IDs 

 1 tsi Continuous 10 - 57 
 2 tc Continuous 10 - 57 
 3 tso Continuous 10 - 57 
 4 tf Continuous 100 - 195 

R3-4 5 tsi Continuous 100 - 195 
 6 tc Continuous 100 - 195 
 7 tso Continuous 100 - 195 
 8 tss Continuous 300 - 339 
 9 tw Continuous 200 - 239 
 10 tsc Calculated 300 - 339 
 1 tsi Discrete 10 - 57 
 2 tc Continuous 10 - 57 
 3 tso Discrete 10 - 57 
 4 tf Discrete 100 - 195 

R3-5 5 tsi Discrete 100 - 195 
 6 tc Continuous 100 - 195 
 7 tso Discrete 100 - 195 
 8 tss Discrete 300 - 339 
 9 tw Discrete 200 - 239 
 10 tsc Calculated 300 - 339 
 1 tsi Discrete 10 - 57 
 2 tc Discrete 10 - 57 
 3 tso Discrete 10 - 57 
 4 tf Discrete 100 - 195 

R3-6 5 tsi Discrete 100 - 195 
 6 tc Discrete 100 - 195 
 7 tso Discrete 100 - 195 
 8 tss Discrete 300 - 339 
 9 tw Discrete 200 - 239 
 10 tsc Calculated 300 - 339 
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Table 14: Region 3 NASTRAN optimization analysis results 

Optimization 
Analysis 

Design 
Variable # Value (in.) Weight (lbs.) Buckling 

LF* 
 1 0.055223   
 2 0.52399   
 3 0.11039   

R3-1 4 0.60748 319.2 0.982 
 5 0.062436   
 6 0.95418   
 7 0.82931   
 1 0.055 (1 stack)   
 2 0.52399   
 3 0.11 (2 stacks)   

R3-2 4 0.605 (11 stacks) 337.3 0.913 
 5 0.11 (2 stacks)   
 6 0.99 (18 stacks)   
 7 0.77   
 1 0.055 (1 stack)   
 2 0.55   
 3 0.11 (2 stacks)   

R3-3 4 0.605 (11 stacks) 335.0 1.04 
 5 0.11 (2 stack)   
 6 0.935 (17 stacks)   
 7 0.715   

*Permitted load factors are 0.35 for local buckling and 1.0 for global buckling 
 



 45 

Table 14 (cont.): Region 3 NASTRAN optimization analysis results 

Optimization 
Analysis 

Design 
Variable # Value (in.) Weight (lbs.) Buckling 

LF* 
 1 0.056368   
 2 0.48581   
 3 0.11024   
 4 0.55310   

R3-4 5 0.55310 276.5 1.00 
 6 1.2121   
 7 0.25879   
 8 0.064176   
 9 0.89716   
 10 0.76881   
 1 0.055 (1 stack)   
 2 0.48581   
 3 0.11 (2 stacks)   
 4 0.055 (1 stack)   

R3-5 5 0.055 (1 stack) 291.9 1.01 
 6 1.2121   
 7 0.275 (5 stacks)   
 8 0.11 (2 stacks)   
 9 0.88 (16 stacks)   
 10 0.66   
 1 0.055 (1 stack)   
 2 0.5   
 3 0.11 (2 stacks)   
 4 0.055 (1 stack)   

R3-6 5 0.055 (1 stack) 292.5 1.05 
 6 1.2   
 7 0.275 (5 stacks)   
 8 0.11 (2 stacks)   
 9 0.88 (16 stacks)   
 10 0.66   

*Permitted load factors are 0.35 for local buckling and 1.0 for global buckling 
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Table 15: Region 4 NASTRAN optimization analysis design variable assignments 

Optimization 
Analysis 

Design 
Variable # Designation Type Assigned Property IDs 

 1 tsi Continuous 10 - 49, 100 - 179 
 2 tc Continuous 10 - 49, 100 - 179 
 3 tso Continuous 10 - 49, 100 - 179 

R4-1 4 tf Continuous 100 - 179 
 5 tss Continuous 300 - 331 
 6 tw Continuous 200 - 231 
 7 tsc Calculated 300 - 331 
 1 tsi Discrete 10 - 49, 100 - 179 
 2 tc Continuous 10 - 49, 100 - 179 
 3 tso Discrete 10 - 49, 100 - 179 

R4-2 4 tf Discrete 100 - 179 
 5 tss Discrete 300 - 331 
 6 tw Discrete 200 - 231 
 7 tsc Calculated 300 - 331 
 1 tsi Discrete 10 - 49, 100 - 179 
 2 tc Discrete 10 - 49, 100 - 179 
 3 tso Discrete 10 - 49, 100 - 179 

R4-3 4 tf Discrete 100 - 179 
 5 tss Discrete 300 - 331 
 6 tw Discrete 200 - 231 
 7 tsc Calculated 300 - 331 
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Table 15 (cont.): Region 4 NASTRAN optimization analysis design variable 

assignments 

Optimization 
Analysis 

Design 
Variable # Designation Type Assigned Property IDs 

 1 tsi Continuous 10 - 49 
 2 tc Continuous 10 – 49 
 3 tso Continuous 10 - 49 
 4 tf Continuous 100 - 179 

R4-4 5 tsi Continuous 100 - 179 
 6 tc Continuous 100 - 179 
 7 tso Continuous 100 - 179 
 8 tss Continuous 300 - 331 
 9 tw Continuous 200 - 231 
 10 tsc Calculated 300 - 331 
 1 tsi Discrete 10 - 49 
 2 tc Continuous 10 – 49 
 3 tso Discrete 10 - 49 
 4 tf Discrete 100 - 179 

R4-5 5 tsi Discrete 100 - 179 
 6 tc Continuous 100 - 179 
 7 tso Discrete 100 - 179 
 8 tss Discrete 300 - 331 
 9 tw Discrete 200 - 231 
 10 tsc Calculated 300 - 331 
 1 tsi Discrete 10 - 49 
 2 tc Discrete 10 – 49 
 3 tso Discrete 10 - 49 
 4 tf Discrete 100 - 179 

R4-6 5 tsi Discrete 100 - 179 
 6 tc Discrete 100 - 179 
 7 tso Discrete 100 - 179 
 8 tss Discrete 300 - 331 
 9 tw Discrete 200 - 231 
 10 tsc Calculated 300 - 331 
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Table 16: Region 4 NASTRAN optimization analysis results 

Optimization 
Analysis 

Design 
Variable # Value (in.) Weight (lbs.) Failure Index 

 1 0.43089   
 2 0.081016   
 3 0.25464   

R4-1 4 1.10000 950.1 0.986 
 5 0.10650   
 6 1.1716   
 7 0.95860   
 1 0.385 (7 stacks)   
 2 0.081016   
 3 0.22 (4 stacks)   

R4-2 4 1.045 (19 stacks) 865.0 1.05 
 5 0.11 (2 stacks)   
 6 1.155 (21 stacks)   
 7 0.935   
 1 0.385 (7 stacks)   
 2 0.05   
 3 0.22 (4 stacks)   

R4-3 4 1.045 (19 stacks) 863.1 0.928 
 5 0.11 (2 stacks)   
 6 1.155 (21 stacks)   
 7 0.935   
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Table 16 (cont.): Region 4 NASTRAN optimization analysis results 

Optimization 
Analysis 

Design 
Variable # Value (in.) Weight (lbs.) Failure Index 

 1 0.22795   
 2 0.05000   
 3 0.43170   
 4 1.0992   

R4-4 5 0.066349 916.9 1.05 
 6 0.05000   
 7 0.16611   
 8 0.11000   
 9 1.7739   
 10 1.5539   
 1 0.275 (5 stacks)   
 2 0.05000   
 3 0.44 (8 stacks)   
 4 1.045 (19 stacks)   

R4-5 5 0.055 (1 stack) 954.0 1.06 
 6 0.05000   
 7 0.165 (3 stacks)   
 8 0.11 (2 stacks)   
 9 1.815 (33 stacks)   
 10 1.595   
 1 0.275 (5 stacks)   
 2 0.05000   
 3 0.44 (8 stacks)   
 4 1.045 (19 stacks)   

R4-6 5 0.055 (1 stack) 954.0 1.06 
 6 0.05000   
 7 0.165 (3 stacks)   
 8 0.11 (2 stacks)   
 9 1.815 (33 stacks)   
 10 1.595   
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Figure 33: Finite element mesh for region 1 

 

 

Figure 34: Finite element mesh for region 2 
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Figure 35: Finite element mesh for region 3 

 

 

Figure 36: Finite element mesh for region 4 
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a) Original (ZOFFS = -t/2) 

 

 
b) Dummy Ply (ZOFFS = 0) 

Figure 37: Dummy ply used to eliminate offset (ZOFFS) 
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Figure 38: Original fundamental buckling mode shape for region 1, λ = 0.131 

 

 

Figure 39: Original fundamental buckling mode shape for region 3, λ = 0.623 
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Figure 40: Nonlinear global deformations in the vicinity of region 3 

 

 

Figure 41: Optimized fundamental buckling mode shape for region 1, λ = 0.350 
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Figure 42: Optimized fundamental buckling mode shape for region 3, λ = 1.00 

Genetic Algorithm 

Many optimization techniques are available, including a class referred to as probabilistic search 
algorithms. Probabilistic search algorithms, such as genetic algorithm (GA) and simulated annealing, are 
types of probabilistic searches that are well suited to problems potentially having many local optima. 
Analyses using discrete design variables are particularly prone to having many local optima, therefore, the 
GA is a prime choice for finding the global optimum in the current study. Genetic algorithms are credited 
to Holland [12] and were made popular by Goldberg [13]. References 14 – 16 pertain to genetic 
algorithms, and readers are encouraged to consult these and other references for details of the GA. A brief 
synopsis of the genetic algorithm as implemented for this study is included herein. 

GAs make use of genetic operators, such as reproduction, cross-over, mutation and permutation. 
These operators are applied to individual designs, termed chromosomes, whose components (genes) are 
representations of the design variables. An initial set of designs is generated randomly and is termed the 
initial population. Each design in the initial population is evaluated and is assigned a "fitness" based upon 
the objective function and constraints, and the population is ranked based by these fitnesses. Two 
"parents" are randomly chosen for reproduction based on their fitnesses, with designs having an increased 
probability of being picked with improving fitness. From the parent designs, "children" designs are 
created by means of cross-over. Cross-over is an operation through which parts of the parent designs are 
chosen and then combined to create a new design. These children can then be subjected to mutation 
(random change in a gene value), permutation (re-arranging of certain genes) and other operators in order 
to create designs that would otherwise not be possible through cross-over, alone. The child population is 
again ranked based upon fitness, and the process continues until the best fitness does not improve in 
successive populations (i.e., the improvement in fitness is within a specified threshold). The optimum 
design is the design that is associated with this converged, best fitness. 

An author-written, FORTRAN code was used in the current study. This GA code utilized NASTRAN 
to perform finite element analyses of each design and extracts response data to formulate the fitness 
function. The fitness function was defined as: 

 

! 

Fitness = ww *weight _ ratio+ ws * stress_constr + wb *buckling_constr  
 

where the wi's are the weight multipliers assigned to the panel total weight ratio (weight_ratio), stress 
constraint (stress_constr) and buckling constraint (buckling_constr). The total weight ratio is the 
structural weight calculated by NASTRAN divided by the weight of the baseline design (in this case the 
associated Boeing design). The stress and buckling constraints were defined as follows: 
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where FI is the Tsai-Hill failure index previously defined, λallow is the allowable buckling load factor, and 
λ1 is the fundamental buckling load factor for the design. Constraints for the GA are evaluated at the 
element centroid, and therefore avoid problems that may arise due to large local nodal values, as was 
observed in the NASTRAN optimization analyses for region 4. 

In this study, the genes in the chromosomes represent the number of stacks assigned to a design 
variable that defines a particular ply thickness in a shell property PCOMP entry definition. Minimum and 
maximum stack (thickness) values are enforced directly in the code when designs are being created (i.e., 
the assigned gene value can not be outside the prescribed limits). Minimum values assigned to the design 
variables are the same as those used in the NASTRAN solution 200 analyses and shown in Table 7, but 
for the genetic algorithm no maximum values were imposed. Therefore, the GA as implemented treats all 
design variables as discrete, with the core thickness increment being the aforementioned 0.05 inches. 

The author-written GA code utilizes three types of cross-over, namely single-point, double-point and 
uniform-point cross-over. The code also utilizes mutation and permutation. However, permutation does 
not work well for these panels because there is a large discrepancy in the number of stacks assigned to the 
variables. Permutation in such cases can lead to buckling performance problems for the design that lead to 
NASTRAN errors, and result in an unsuccessful analysis due to premature termination of the GA code. 
The reliable inclusion of permutation requires modification to the current code. Therefore, since such 
modifications have not yet been made, permutation was omitted from this current study. 

The finite element models used as the baseline for each region are the same as those previously 
shown for the NASTRAN optimization in Figures 33 – 36. During optimization, the GA code modifies 
the property definitions in the baseline NASTRAN files in accordance with the design chromosomes. The 
initial GA analyses were limited to the cases examined using discrete design variables in the NASTRAN 
optimization. GA optimization analysis specifications and their results are provided in Tables 17 – 20 for 
the four trade study regions. Compared to the baselines, region 1 shows a weight increase and regions 2 – 
4 show a weight reduction.  

In a manner similar to the NASTRAN optimization analyses, increasing the number of design 
variables in the GA optimization generally resulted in poor convergence and unrealistic results. However, 
region 4 was examined further by increasing the number of design variables by creating bands of similar 
properties along the panel edges. Figure 43 shows the color-coded property bands for the two additional 
analysis definitions provided in Tables 21 and 22. Results for these additional analyses are given in Table 
23. It is seen that these additional analyses result in much lower weight panels than the uniform panels 
previously optimized. This is a result of the double bending curvature experienced by the pressurized 
panel (center and edges of the panel bending in opposite directions), a phenomenon also observed and 
discussed in Reference 6. This result emphasizes the potential inefficiency of a uniform panel design and 
suggests that panel tailoring will lead to more optimum designs. 
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Table 17: Region 1 GA optimization analysis results 

Optimization 
Analysis 

Design 
Variable # Value (in.) Weight (lbs.) Buckling 

LF* 
 1 0.77 (14 stacks)   

R1-2 2 0.11 (2 stacks) 162.1 0.366 
 3 0.33 (6 stacks)   
 1 0.77 (14 stacks)   

R1-4 2 0.605 (11 stacks) 166.7 0.350 
 3 0.11 (2 stacks)   
 4 0.495 (9 stacks)   

*Permitted load factors are 0.35 for local buckling and 1.0 for global buckling 
 

Table 18: Region 2 GA optimization analysis results 

Optimization 
Analysis 

Design 
Variable # Value (in.) Weight (lbs.) Failure Index 

 1 0.275 (5 stacks)   
R2-2 2 0.22 (4 stacks) 73.01 0.900 

 3 0.385 (7 stacks)   
 1 0.275 (5 stacks)   

R2-4 2 0.44 (8 stacks) 72.88 0.859 
 3 0.33 (6 stacks)   
 4 0.22 (4 stacks)   
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Table 19: Region 3 GA optimization analysis results 

Optimization 
Analysis 

Design 
Variable # Value (in.) Weight (lbs.) Buckling 

LF* 
 1 0.055 (1 stack)   
 2 0.55   
 3 0.11 (2 stacks)   

R3-3 4 0.055 (1 stack) 276.7 1.04 
 5 0.11 (2 stacks)   
 6 0.935 (17 stacks)   
 7 0.715   
 1 0.055 (1 stack)   
 2 0.5   
 3 0.11 (2 stacks)   
 4 0.055 (1 stack)   

R3-6 5 0.055 (1 stack) 274.6 1.00 
 6 0.6   
 7 0.11 (2 stacks)   
 8 0.11 (2 stacks)   
 9 0.935 (17 stacks)   
 10 0.715   

*Permitted load factors are 0.35 for local buckling and 1.0 for global buckling 
 

Table 20: Region 4 GA optimization analysis results 

Optimization 
Analysis 

Design 
Variable # Value (in.) Weight (lbs.) Failure Index 

 1 0.055 (1 stack)   
 2 0.2   
 3 0.11 (2 stacks)   

R4-3 4 0.11 (2 stacks) 351.3 0.940 
 5 0.33 (6 stacks)   
 6 1.21 (22 stacks)   
 7 0.55   
 1 0.055 (1 stack)   
 2 0.2   
 3 0.11 (2 stacks)   
 4 0.11 (2 stacks)   

R4-6 5 0.055 (1 stack) 351.3 0.940 
 6 0.2   
 7 0.11 (2 stacks)   
 8 0.33 (6 stacks)   
 9 1.21 (22 stacks)   
 10 0.55   
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Table 21: Region 4 optimization analysis R4-7 design variable assignments 

Design 
Variable # Designation Type Assigned Property IDs 

1 tsi Discrete 
11 - 16, 19 - 24, 27 - 32, 35 - 40, 43 - 48, 101 - 106, 109 - 

114, 117 - 122, 125 - 130, 133 - 138, 141 - 146, 149 - 
154, 157 - 162, 165 - 170, 173 - 178 

2 tc Discrete 
11 - 16, 19 - 24, 27 - 32, 35 - 40, 43 - 48, 101 - 106, 109 - 

114, 117 - 122, 125 - 130, 133 - 138, 141 - 146, 149 - 
154, 157 - 162, 165 - 170, 173 - 178 

3 tso Discrete 
11 - 16, 19 - 24, 27 - 32, 35 - 40, 43 - 48, 101 - 106, 109 - 

114, 117 - 122, 125 - 130, 133 - 138, 141 - 146, 149 - 
154, 157 - 162, 165 - 170, 173 - 178 

4 tf Discrete 101 - 106, 109 - 114, 117 - 122, 125 - 130, 133 - 138, 141 
- 146, 149 - 154, 157 - 162, 165 - 170, 173 - 178 

5 tss Discrete 301 - 306, 309 - 314, 317 - 322, 325 - 330 
6 tw Discrete 201 - 206, 209 - 214, 217 - 222, 225 - 230 
7 tsc Calculated 301 - 306, 309 - 314, 317 - 322, 325 - 330 

8 tsi Discrete 
10, 17, 18, 25, 26, 33, 34, 41, 42, 49, 100, 107, 108, 115, 
116, 123, 124, 131, 132, 139, 140, 147, 148, 155, 156, 

163, 164, 171, 172, 179 

9 tc Discrete 
10, 17, 18, 25, 26, 33, 34, 41, 42, 49, 100, 107, 108, 115, 
116, 123, 124, 131, 132, 139, 140, 147, 148, 155, 156, 

163, 164, 171, 172, 179 

10 tso Discrete 
10, 17, 18, 25, 26, 33, 34, 41, 42, 49, 100, 107, 108, 115, 
116, 123, 124, 131, 132, 139, 140, 147, 148, 155, 156, 

163, 164, 171, 172, 179 

11 tf Discrete 100, 107, 108, 115, 116, 123, 124, 131, 132, 139, 140, 
147, 148, 155, 156, 163, 164, 171, 172, 179 

12 tss Discrete 300, 307, 308, 315, 316, 323, 324, 331 
13 tw Discrete 200, 207, 208, 215, 216, 223, 224, 231 
14 tsc Calculated 300, 307, 308, 315, 316, 323, 324, 331 
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Table 22: Region 4 optimization analysis R4-8 design variable assignments 

Design 
Variable # Designation Type Assigned Property IDs 

1 tsi Discrete 
12 - 15, 20 - 23, 28 - 31, 36 - 39, 44 - 47, 102 - 105, 110 - 

113, 118 - 121, 126 - 129, 134 - 137, 142 - 145, 150 - 
153, 158 - 161, 166 - 169, 174 - 177 

2 tc Discrete 
12 - 15, 20 - 23, 28 - 31, 36 - 39, 44 - 47, 102 - 105, 110 - 

113, 118 - 121, 126 - 129, 134 - 137, 142 - 145, 150 - 
153, 158 - 161, 166 - 169, 174 - 177 

3 tso Discrete 
12 - 15, 20 - 23, 28 - 31, 36 - 39, 44 - 47, 102 - 105, 110 - 

113, 118 - 121, 126 - 129, 134 - 137, 142 - 145, 150 - 
153, 158 - 161, 166 - 169, 174 - 177 

4 tf Discrete 102 - 105, 110 - 113, 118 - 121, 126 - 129, 134 - 137, 142 
- 145, 150 - 153, 158 - 161, 166 - 169, 174 - 177 

5 tss Discrete 302 - 305, 310 - 313, 318 - 321, 326 - 329 
6 tw Discrete 202 - 205, 210 - 213, 218 - 221, 226 - 229 
7 tsc Calculated 302 - 305, 310 - 313, 318 - 321, 326 - 329 

8 tsi Discrete 
10, 17, 18, 25, 26, 33, 34, 41, 42, 49, 100, 107, 108, 115, 
116, 123, 124, 131, 132, 139, 140, 147, 148, 155, 156, 

163, 164, 171, 172, 179 

9 tc Discrete 
10, 17, 18, 25, 26, 33, 34, 41, 42, 49, 100, 107, 108, 115, 
116, 123, 124, 131, 132, 139, 140, 147, 148, 155, 156, 

163, 164, 171, 172, 179 

10 tso Discrete 
10, 17, 18, 25, 26, 33, 34, 41, 42, 49, 100, 107, 108, 115, 
116, 123, 124, 131, 132, 139, 140, 147, 148, 155, 156, 

163, 164, 171, 172, 179 

11 tf Discrete 100, 107, 108, 115, 116, 123, 124, 131, 132, 139, 140, 
147, 148, 155, 156, 163, 164, 171, 172, 179 

12 tss Discrete 300, 307, 308, 315, 316, 323, 324, 331 
13 tw Discrete 200, 207, 208, 215, 216, 223, 224, 231 
14 tsc Calculated 300, 307, 308, 315, 316, 323, 324, 331 
15 tsi Discrete 11, 16, 19, 24, 27, 32, 35, 40, 43, 48, 101, 106, 109, 114, 

117, 122, 125, 130, 133, 138, 141, 146, 149, 154, 157, 
162, 165, 170, 173, 178 

16 tc Discrete 11, 16, 19, 24, 27, 32, 35, 40, 43, 48, 101, 106, 109, 114, 
117, 122, 125, 130, 133, 138, 141, 146, 149, 154, 157, 

162, 165, 170, 173, 178 
17 tso Discrete 11, 16, 19, 24, 27, 32, 35, 40, 43, 48, 101, 106, 109, 114, 

117, 122, 125, 130, 133, 138, 141, 146, 149, 154, 157, 
162, 165, 170, 173, 178 

18 tf Discrete 101, 106, 109, 114, 117, 122, 125, 130, 133, 138, 141, 
146, 149, 154, 157, 162, 165, 170, 173, 178 

19 tss Discrete 301, 306, 309, 314, 317, 322, 325, 330 
20 tw Discrete 201, 206, 209, 214, 217, 222, 225, 230 
21 tsc Calculated 301, 306, 309, 314, 317, 322, 325, 330 
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Table 23: Additional Region 4 GA optimization analysis results 

Optimization 
Analysis 

Design 
Variable # Value (in.) Weight (lbs.) Failure Index 

 1 0.055 (1 stack)   
 2 0.1   
 3 0.11 (2 stacks)   
 4 0.055 (1 stack)   
 5 0.11 (2 stacks)   
 6 0.385 (7 stacks)   

R4-7 7 0.165 259.5 0.997 
 8 0.055 (1 stack)   
 9 0.25   
 10 0.11 (2 stacks)   
 11 0.165 (3 stacks)   
 12 0.33 (6 stacks)   
 13 1.265 (23 stacks)   
 14 0.605   
 1 0.055 (1 stack)   
 2 0.1   
 3 0.11 (2 stacks)   
 4 0.055 (1 stack)   
 5 0.055 (1 stacks)   
 6 0.385 (7 stacks)   
 7 0.275   
 8 0.055 (1 stack)   
 9 0.1   
 10 0.11 (2 stacks)   

R4-8 11 0.33 (6 stack) 250.9 0.951 
 12 0.275 (5 stacks)   
 13 1.1 (20 stacks)   
 14 0.55   
 15 0.055 (1 stack)   
 16 0.1   
 17 0.11 (2 stacks)   
 18 0.055 (1 stack)   
 19 0.11 (2 stacks)   
 20 0.275 (5 stacks)   
 21 0.055   

 



 62 

 

 
a) Analysis R4-7 

 

 
b) Analysis R4-8 

Figure 43: Property bands for additional Panel #4 optimization analyses (skin 
property IDs shown for clarity) 
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Discussion of Results and Comparison of Methods 

The previous two sections presented the optimization analysis methods and the results obtained for 
the four trade study regions using the NASTRAN solution 200 and GA, respectively. This section 
provides a discussion of these results and a comparison of the two methods. Recall, however, that only 
one load case was utilized for each region in this optimization study. Use of other, or additional, load 
cases may produce markedly different results. 

Table 24 summarizes the optimized weights for the trade study regions using the applied optimization 
methods. In general, for all regions the GA analysis produced panel weights similar to or less than the 
weights from the NASTRAN analyses. Also, recall that the NASTRAN optimization analysis results for 
region 4 are unrealistic due to being driven by large local nodal stress values. This study found that region 
1 showed a small weight increase over the baseline design, region 2 showed significant decrease in 
weight over the baseline design, region 3 showed a small decrease in weight over the baseline although 
the NASTRAN results were split, and region 4 showed a significant decrease in weight over the baseline 
when a larger number of design variables was used. 

For several of the NASTRAN optimization analyses the constraints are not satisfied (e.g., buckling 
load factor for analysis R1-2 and the failure index for analysis R2-4), whereas the genetic algorithm was 
forced to satisfy constraints, and thus always yielded feasible solutions. Some of the optimization 
analyses were designed to ensure that the optimized configuration retained the same general baseline 
skin/stiffener configurations shown in Figures 26 and 27, with only the thicknesses being varied. 
However, several other optimization analyses did permit configurations that varied slightly from the 
baseline. For example, in regions 1 and 2, it is possible that the optimized solution results in the 
configurations shown in Figures 44 and 45. It is obvious that multiple optima having the same weight can 
exist for regions 1 and 2 because the thicknesses can be adjusted so that the total skin/flange thickness can 
be obtained by various skin and flange thickness combinations. Figure 46 shows a possible configuration 
for the sandwich skin regions. For these sandwich skin construction regions, regions 3 and 4, same weight 
multiple optima can occur when the inner skin/flange total thickness exceeds the sum of the minimum 
thicknesses for the inner skin and flange and the thickness of the remaining inner skin. So, in general, the 
solutions provided herein for all regions are may not necessarily be unique. 

Lastly, consider how the optimizations would affect the overall weight of the BWB design. The 
baseline total weight of the four panels studied was approximately 926 lbs., whereas the optimized total 
weight was approximately 760 lbs. when using the minimum weights provided by the GA analyses. This 
is a 17.9% weight reduction. This weight reduction is specific to a very limited set of load cases (2.5G 
maneuver, 2.5G maneuver with internal pressure, and 2P overpressure) with a single load case being 
applied to each panel optimization. Increasing the number of included load cases, and/or increasing the 
applied load cases, may result in significantly different optimization results. 
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Table 24: Optimization analysis panel weight results 

   Weight (lbs.)  

Region # Optimization 
Analysis 

Original 
Baseline 

NASTRAN 
Solution 200 

Genetic 
Algorithm 

 R1-1  164.8 NA 

1 R1-2 153.5 173.7 162.1 
 R1-3  164.3 NA 

 R1-4  172.4 166.7 
 R2-1  149.6 NA 

2 R2-2 120.1 146.1 73.01 
 R2-3  83.87 NA 

 R2-4  79.24 72.88 
 R3-1  319.2 NA 

 R3-2  337.3 NA 

3 R3-3 299.7 335.0 276.7 
 R3-4  276.5 NA 

 R3-5  291.9 NA 

 R3-6  292.5 274.6 
 R4-1  950.1 NA 

 R4-2  865.0 NA 

4 R4-3 362.5 863.1 351.3 
 R4-4  916.9 NA 

 R4-5  954.0 NA 

 R4-6  954.0 351.3 
 R4-7  NA 259.5 
 R4-8  NA 250.9 

 

 

Figure 44: Region 1 and 2 configuration where skin under the flange is thinner than 

the surrounding skin thickness 
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Figure 45: Region 1 and 2 configuration where skin under the flange is thicker than 

the surrounding skin thickness 

 

 

Figure 46: Regions 3 and 4 configuration where the sandwich skin under the flange 
has thicknesses differing from the surrounding skin 
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Summary/Conclusion 
Panels from four regions of a representative 3-bay, 400,000 lb. GTW BWB design were optimized 

using NASTRAN solution 200 and genetic algorithm. Each panel region was optimized for a most critical 
load case that was chosen from a limited set of load cases. The boundary tractions applied to the panels 
during the optimization analyses were obtained from nonlinear analyses of a full BWB global model. 
Design concepts for the optimized panels are the same as their corresponding baseline designs, so that the 
optimization designs are basically a resizing of the baseline designs. However, simplifications were made 
to the panels in order to facilitate easier modeling and analysis. Simplifications included considering the 
panels to be flat (ignoring the large radii of curvature), and having uniform edge loads and idealized 
boundary conditions. 

The optimization analyses indicated an approximate total weight savings of nearly 18% for the 
regions considered in this study. However, this weight savings cannot be extrapolated to the entire BWB 
design because the regions studied are an extremely small portion of the overall BWB design. In order to 
get a better weight reduction estimate, more regions should be studied and the simplifications that have 
been made should be relaxed. Also, the optimization analyses should incorporate significantly more 
design variables so that the panels can have more tailored designs. Tailoring of the panels can be of 
particular interest for panels not having uniform loading and/or idealized boundary conditions. 
Optimization studies should also be carried out on other panel construction types to determine if other 
structural concepts will yield lighter designs (this study considered only panels of the same type of 
construction as the baseline BWB designs). This preliminary optimization analysis indicates that 
improvements can be made to the baseline BWB design, but more work needs to be done to determine 
exactly how much improvement can be made, and how this improvement will be realized. 
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