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An embedded-boundary Cartesian-mesh flow solver is coupled with a three degree-of-
freedom structural model to perform static, aeroelastic analysis of complex aircraft geome-
tries. The approach solves the complete system of aero-structural equations using a modular, 
loosely-coupled strategy which allows the lower-fidelity structural model to deform the high-
fidelity CFD model. The approach uses an open-source, 3-D discrete-geometry engine to de-
form a triangulated surface geometry according to the shape predicted by the structural 
model under the computed aerodynamic loads. The deformation scheme is capable of  model-
ing large deflections and is applicable to the design of modern, very-flexible transport wings. 
The interface is modular so that aerodynamic or structural analysis methods can be easily 
swapped or enhanced. This extended abstract includes a brief description of the architecture, 
along with some preliminary validation of underlying assumptions and early results on a generic 
3D transport model. The final paper will present more concrete cases and validation of the ap-
proach. Preliminary results demonstrate convergence of the complete aero-structural system and 
investigate the accuracy of the approximations used in the formulation of the structural model. 

I. Introduction

In contrast to the relatively rigid aluminum wings of the past seven decades, modern composite wings are sig-
nificantly more flexible. For instance, even at cruise,  the wing on the Boeing 787 Dreamliner will nominally deflect 
ten feet (10% of the semispan) as shown in Figure 1.  The weight savings offered by composite construction com-
bined with active load alleviation and other modern flight controls point toward a future of ever more flexible trans-
port aircraft. Both the “Double Bubble” D81 and truss-
braced, wing “SUGAR”2 concept aircraft (Figure 2) are 
designed around highly-flexible, high-aspect ratio com-
posite wings. Beyond these, future concepts actively 
exploit wing flexibility through in-flight morphing to 
significantly improve performance throughout the mis-
sion flight profile allowing for even lighter construction. 
For example, the Variable Camber Continuous Trailing 
Edge Flap3 (VCCTEF) concept depicted in Figure 3 can 
dynamically adjust the spanwise lift distribution to im-
prove aerodynamic performance.  These concepts make 
accurate static and dynamic aeroelastic analyses more 
critical than ever. Classic methods that assume small 
deflections are no longer valid and therefore new tools 
must be developed and deployed earlier in the design 
cycle.

The proposed paper presents the first steps in the 
development of a static aeroelastic analysis capability 
that leverages the versatility and accuracy of Cart3D4, an 
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Figure 1. Boeing 787 at cruise (courtesy of Boeing).



inviscid Cartesian-mesh solver, and a mid-fidelity struc-
tural analysis model that idealizes the wing structure as a 
tapered beam. The combined analysis method is de-
signed to handle discrete geometry whether it is a legacy 
surface mesh or derived from a modern computer-aided 
design software package. In the future, this capability 
will be leveraged in a multidisciplinary design optimiza-
tion framework. Hence, the analysis is designed to prop-
erly represent the tradeoffs between aerodynamic per-
formance and structural weight.
 The aeroelastic analysis technique presented here is 
composed of three separate tools: an inviscid aerody-
namic analysis method, a wing structures analysis 
method, and a geometry deformation tool. These three 
tools are coupled in a modular fashion to ultimately pro-

duce a system capable of analyzing very flexible wings operating at multiple flight conditions.  This work is the first 
step in the development of an automated method which can be incorporated into a variable-fidelity, multidisciplinary 
design optimization framework.

II. Methodology

Aeroelastic analysis has been successfully performed by many by solving the fully-coupled set of aerodynamic 
flow and structural model equations. Drela5 combined linear lifting-line and nonlinear beam theories to create a 
fully-coupled analysis method which used a global Newton method. Martins6 solved not only solved a fully-coupled, 
high-fidelity aerostructural model but also the corresponding adjoint equations for use in design optimization 
frameworks. However, while solving the fully-coupled set of equations is usually feasible, it is not always practical. 
For high-fidelity and mixed-fidelity analysis methods, especially those with disparate solution schemes, a monolithic 
approach to solving the aerostructural problem is simply not flexible enough. The ability to use variable-fidelity 
analysis methods without the need to completely rewrite an existing analysis tool to include cross-discipline terms is 
a very attractive feature. Hence for the work in this proposed paper,  the aerostructural problem is solved using a 
loosely-coupled methodology.

Figure 4 portrays a top-level overview of the approach. The baseline geometry is provided as a watertight trian-
gulation of either the complete vehicle or its major components. This geometry feeds each part of the aeroelastic 
analysis in some manner. The triangulation is analyzed with the Cart3D simulation package to compute the initial 
loads on the baseline geometry. A structural model that is based on this outer mold line is then automatically built 
using the geometric analysis tools provided by the Blender7 modeling suite. The computed loads are conservatively 
transferred to the structural model, which then predicts the deflected shape of the wing. Deformations from the 
structural model are applied to the wing geometry using an interpolating, 3D spatial deformer within Blender result-
ing in an updated geometry. This geometry is then automatically re-meshed for aerodynamic analysis and the proc-
ess is repeated until the deformed shape converges. Once converged, the method provides a deformed version of the 
baseline geometry where the aerodynamic loads and the deflections predicted by the structures model are compati-
ble. Details on each component of the analysis method are provided in the sections below.

2
American Institute of Aeronautics and Astronautics

Figure 3. Representation of an aircraft using the Variable 
Camber Continuous Trailing Edge Flap concept.

Figure 2. Truss-braced wing concept.



A.  Structural Analysis

This work employed a modified version of the structural analysis method originally developed by Gallman8. 
This mid-fidelity method models the wing structure as a tapered, closed box consisting of stringers and shear webs 
as shown in Figure 5.  The stringers have a piecewise-constant cross-sectional area along the span and carry all of the 
bending loads. Figure 5 shows a model with six stringers but the middle stringers are optional. The shear webs are of 
piecewise-constant thickness along the span and carry all of the shear and torsional loads about the elastic axis of the 
model. Both the stringer cross-sectional area and the shear web thickness are user-specified and can vary on a per-
element basis. Reference [8] performed relevant validation of this model through direct comparison with NAS-
TRAN9 results.

The structural model is discretized using a number 
of spanwise panels modeled as separate beam elements, 
each of which use a tapered-beam formulation. How-
ever, the elements are empirically modeled as tapered 
beam elements. Distributed loads (forces and moments) 
are applied locally to each element in the model. As 
shown in Figure 4, these loads are provided to the struc-
tural model, which predicts bending displacements along 
with local twist (torsional displacement) about the elastic 
axis. While lift-aligned bending accounts for most of the 
wing displacement, streamwise bending is important 
since it effectively modifies the wing sweep and thus 
affects longitudinal stability. Torsional displacement 
directly modifies the wing’s local incidence angle and 
most directly affects the spanwise load distribution. 

Since it computes two bending and one torsional 
displacement this is formally a three degree-of-freedom 
beam model.  Compression or elongation along the beam 
axis is neglected and sectional yaw and roll rotations are 
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Figure 5. Wing structural model showing 6 constant area 
stringers (paneled between spheres) and 6 constant 
thickness shear webs.
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Figure 4. Aeroelastic analysis procedure. Blue connections indicate data that initially is computed and transferred only 
once, while black connections are repeated until convergence of the deformed wing shape.



assumed negligible. Like any finite-element model,  accuracy is improved as the number of panels increases, and for 
the class of deformations considered here, mesh independent results are achieved with roughly 30 elements per 
semi-span.  After computation, displacements from the structural model are provided to the deformation tool to pro-
duce a new surface triangulation.

This structural analysis model was chosen for two reasons. First it was originally developed to model a joined-
wing structure meaning it is also applicable to a truss-braced wing such as that shown in Figure 2. This type of air-
craft is currently of great interest at NASA research centers. The other reason is that the model is detailed enough for 
a design optimization framework. The spar areas and web thicknesses for each beam element can be optimized to 
provide ample structural stiffness at minimum weight. While the model is relatively simple, it still is directly tied to 
the outer-mold-line of the wing, which of course determines aerodynamic performance. This inherent coupling will 
provide an optimization framework with the proper tradeoffs between aerodynamic and structural efficiencies.

B. Aerodynamic Analysis

Aerodynamic analysis for all results in this paper is performed using the Cart3D simulation package which in-
cludes an adjoint-driven mesh refinement capability. The simulation package uses a Cartesian cut-cell approach10 in 
which the governing equations are discretized on a multilevel Cartesian mesh with embedded boundaries.  The mesh 
consists of regular Cartesian hexahedra everywhere, except for a layer of body-intersecting boundaries. The spatial 
discretization uses a second-order accurate finite volume method with a weak imposition of boundary conditions. 
The flux-vector splitting approach of van Leer11 is used. Steady-state flow solutions are obtained using a five-stage 
Runge–Kutta scheme with local time stepping and multigrid. Domain decomposition via space-filling curves per-
mits parallel computation; for more details see Aftosmis et al. and Berger et al.12, 13, 14

Although it consists of nested Cartesian cells, the mesh is viewed as an unstructured collection of control vol-
umes making the approach well-suited for solution-adaptive mesh refinement. Mesh refinement is based on a 
duality-preserving discrete adjoint solver developed for Cart3D by Nemec et al.15 This solver shares the same basic 
data structures, domain decomposition, and other infrastructure with the primal solver and achieves similar perform-
ance. While originally developed for gradient-based shape optimization16, the method is also employed for output-
based error-estimation and adaptive mesh refinement17 referred to as the AERO module. 

The adjoint-based error-estimation tailors the mesh 
refinement to reduce discretization error in a user-
selected output of interest such as lift or drag. Error in a 
functional can be either driven below some pre-specified 
value, or alternatively, reduced as much as possible us-
ing a “worst-errors-first strategy” until attaining a de-
sired mesh size. Adaptation is performed incrementally 
by cycling between the primal and adjoint solvers, with 
no more than one level of cell refinement implemented 
at a time. With this strategy, typical simulations cost 3-5 
times that of a single flow solve on the final mesh. An 
example refined mesh and solution is portrayed in Fig-
ure 6.

Referring back to Figure 4, once a flow solution is 
computed, the surface pressure distribution is used to 
compute the distributed loads on the wing surface. These 
loads are then transferred to the structures model to 
compute deflections and therefore the deformed shape. 
More details on the transfer process are provided in the 
following section. Note the Cart3D solution also pro-
vides a prediction of the aerodynamic performance of 
the aircraft analyzed.

C. Loads Computation and Transfer

For most aeroelastic analyses and particularly when aerodynamic and structural analyses are loosely-coupled, 
the transfer of computed loads between the aerodynamic and structural analyses is not trivial.  Aerodynamic loads 
computed on an aerodynamic surface mesh must be transferred to what is often a very different structural finite ele-
ment model. How this is done is not always clear and often becomes somewhat arbitrary. For the work presented 
here however, the structural model idealizes the wing structure as a tapered wing box, which in turn is modeled as a 
cantilever beam with a user-specified number of spanwise elements. This greatly simplifies the process as only the 
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Figure 6. Example of a refined Cart3D mesh about a 
transport aircraft. The mesh refinement was driven by 
the accompanying adjoint solver. The surface coloring 
corresponds to local pressure.



distribution of loads along the elastic axis is needed. To 
obtain this distribution, the surface triangulation is di-
vided into regions that correspond to the elements of the 
structural model. Once identified, the triangles in these 
regions are then explicitly bound to the structural ele-
ments. This binding of the skin to the structural elements 
persists throughout the iterative process of the aeroelas-
tic analysis. This is important since for cases with large 
deflections, the same regions of the wing surface must 
be used throughout the iterative process for consistency.

Since the load distribution along the elastic axis is 
required, the binding of the triangulation to the structural 
model is accomplished through the set of continuous 
strips whose boundaries are defined by the extended 
edges of the structural model elements. The strip 
boundaries are therefore mostly perpendicular to the 
elastic axis of the wing with two exceptions. Near the 
wing root, everything inboard of the outboard edge of 
the root structural panel is included in that element’s 
binding.  Similarly, at the wing tip, all of the surface out-
board of the inboard edge of the tip panel is used to compute the load for that element. In other words, each triangle 
on the wing surface is bound to its nearest structural model panel. For a triangle whose area straddles more than one 
structural element, the centroid of that triangle is used to determine to which structural element it is bound. Figure 7 
shows an example where the different colors indicate bindings to the 10 elements in the structural model.

The loads computed on each strip of triangles include the force component normal to and moment about the 
elastic axis.  Forces parallel to the elastic axis are not considered as the structural model assumes no compression or 
elongation along the length of the beam. Also,  the structural model currently ignores the local applied moment com-
ponents that are not about the elastic axis as these are considered negligible. The validity of this assumption will be 
examined in the Applications section below. Referring back to Figure 4, the force and moment computed for each 
strip is applied to its corresponding beam element in the structural model. Note that as the wing deforms, the triangle 
binding remains fixed for consistency throughout the iterative computation. This means the binding only needs to be 
performed once, namely right after the structural model is built and before the aeroelastic iterations have begun.

D. Deformation Scheme

Blender7 is a discrete geometry engine that was originally designed for computer graphics modeling and anima-
tion.  Many of the deformation tools that are used in 3-D animation are also used in some form in modern shape op-
timization methods for aerospace designs. Blender also has an incredibly practical graphical-user-interface allowing 
the user to easily generate, modify, edit, and deform discrete representations of practically any geometric object. 
Since batch-mode manipulating and rendering is essential to 3-D animation, the package also provides a powerful 
Python-based18 application-programming-interface (API) allowing users to develop their own extensions and scripts. 
The surface deformer for the aeroelastic analysis method is built using this API.

The specific Blender5 tool that is used to deform the triangulation is the lattice modifier. An example of a lattice 
modifier is shown in Figures 8 and 9. The lattice is initially a three-dimensional, strictly Cartesian mesh in space 
which is bound to a discrete geometry. As the vertices (or points) of the lattice are moved, the bound discrete geome-
try is morphed through 3-D spline functions defined between lattice points in the three Cartesian directions aligned 
with the lattice. In the cases shown in Figures 8 and 9, the lattices are aligned so that the normals of the rectangular 
sections are perpendicular to the wing elastic axis. This means that displacements computed by the structural model 
are also the displacements of the lattice rectangle sections. Since the structural model does not predict deformations 
in the plane of any wing section (such as airfoil de-cambering), the lattice can be built simply as a spanwise array of 
rigid rectangles. In practice, each spanwise rectangle is always displaced in such a manner to maintain its original 
shape, though of course its location and orientation is allowed to vary. Also, since the rectangle dimension is only 
two in its own subspace, the spline function parallel to the rectangle is always effectively linear.  Thus, the bound 
sectional shape is always preserved even as the wing spanwise shape is modified.  This is important since in an ac-
tual transport wing structure, the ribs are usually nearly perpendicular to the wing elastic axis. As the wing bends, 
the ribs effectively preserve their shape. Conversely, in the direction parallel to the elastic axis, a cubic Hermite 
spline function (more specifically a Catmull-Rom spline) is used to smoothly deform the wing surface between the 
many lattice sections.  Note that this spline is not currently in the Blender distribution and was added to the applica-
tion by the author.
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Figure 7. Example binding of surface triangles to each 
structural element as indicated by different colors on the 
wing.



The translational and rotational displacements that 
are computed by the structures code are also discrete in 
that values are predicted for the centroids of the beam 
elements and the very ends of the wing box. These loca-
tions are not always convenient since the Blender lattice 
consists of equally spaced points. Therefore, to provide a 
continuous function of the displacements, the discrete 
values are splined with the traditional cubic spline that 
enforces continuous curvature. Figure 10 shows an ex-
ample of computed discrete displacement values along 
with their corresponding splines.

The specific values that are splined are two compo-
nents of beam deflection normal to elastic axis and the 
torsion-driven rotation about the wing elastic axis. While 
these are the only displacements that are computed by 
the structural model, displacements and rotations in the 
other directions can also be computed to preserve geo-
metric integrity. For instance, as the wing tip is deflected 
vertically, the wing tip moves inboard parallel to the 
undeformed elastic axis to maintain the actual wing 
span. This is particularly necessary for wings exhibiting 
large deflections. Simply shearing the wing shape verti-
cally would actually lengthen the wing span in terms of 
arc length and artificially increase the wing area. Simi-
larly, as the wing bends, the local section roll angle (or 
dihedral) must remain perpendicular to the deformed 
elastic axis or the effective wing thickness is altered due 
to unrealistic shearing of the geometry. This is demon-
strated in the example in Figure 8; notice that the lattice 
sections remain perpendicular to the wing elastic axis 
even as it bends. Likewise, as the wing is deflected in 
the streamwise direction, the lattice sections yaw to re-
main orthogonal to the elastic axis.

As discussed above, all six components of transla-
tion and rotation can be computed at any point along the 
span using the displacement splines computed by the 
structural model and geometric integrity constraints. 
Therefore, to apply the deformation with the lattice, the 
local displacements are computed for each spanwise 
lattice section according to the displacement splines and 
constraints. From there,  a smooth deformed surface tri-
angulation is generated that matches the deformed shape 
predicted by the structures model. This process is the 
last component of the iterative cycle in the Figure 4 ar-
chitecture. The difference between the deformed geome-
tries from the current and previous iterations vanishes 
with convergence of the coupled aerostructural system.

For a swept wing, the lattice often exists well into 
and even beyond the fuselage, as is the case in Figure 9. 
While only the wing part of the triangulation is bound to 
the lattice,  Blender does not provide a natural way to 
ensure that the wing is not displaced at the intersection 
with the fuselage. To address this issue, a module was 
built for Blender that would gently fade the deflected 
wing geometry into the baseline geometry thereby pre-
serving the intersection of the wing and fuselage. This is 
accomplished by “blending” the baseline and deflected 
wings with the weighting functions shown in Figure 11. 

6
American Institute of Aeronautics and Astronautics

Figure 10. Example of splined displacements computed by 
structures model. Note that for these plots, the Z-axis is 
aligned with the elastic axis of the wing, and the X-axis is 
chordwise.

Figure 9. Example deformation of a wing with a  Blender 
lattice modifier. Note the lattice is  aligned with the elastic 
axis of the wing consistent with the structural model.

Figure 8. Example deformation of a wing with a  Blender 
lattice modifier. Note the spanwise sections of the lattice 
are rolled to preserve orthogonality to the deflected wing 
and therefore the local thickness.



Note the functions are designed to always sum to unity. 
Each vertex on both wings is weighted by these func-
tions based on the baseline vertex location in the span-
wise direction (normal to the freestream direction in this 
case) and then summed to create a new wing. This wing 
follows the predicted deflection for most of its span, but 
remains constrained at the root section. This process not 
only maintains valid geometry, but it also better repre-
sents reality where the wing is clamped at the root. 
While in actuality the fuselage also deforms a small 
amount, this effect is not currently modeled. Clamping 
the wing at the root provides a realistic model for pre-
serving the wing-fuselage function. The trailing edges of 
a baseline, deflected, and blended wing near the root of 
an example wing-fuselage configuration are shown in 
Figure 12. The blended wing by itself is shown in Fig-
ure 13 for clarity.

E. Interface

The components all shown in Figure 4 and discussed in the sections above are all modular, stand-alone applica-
tions in themselves. To control the transfer of data between components and the overall execution of the method, an 
interface consisting of Python18 modules and scripts has been created. Python was selected as the scripting language 
because the Blender API is also in Python and also for flexibility and ease of comprehension. The interface provides 
the user with the ability to execute the entire scheme in Figure 4 or just individual components to debug a problem 
setup without having to execute the entire process. The components that require the use of the Blender application 
can be executed in a manner where the results are presented within the Blender graphical-user-interface, thereby 
enhancing and accelerating the setup and debugging process. Other components produce several data files which can 
be viewed by many visualization packages. The interface also keeps track of convergence of the “aeroelastic itera-
tion” (indicated in Figure 4) by outputting the wing tip deflection computed during each cycle. Using Python scripts 
and modules also allows the user to modify the process if necessary. This includes the ability to substitute, enhance, 
and even include other components or disciplines in the analysis.

More details of the interface will be provided in the final paper.

III. Applications

Preliminary runs of the aeroelastic analysis approach have been successfully completed on a generic wing-
fuselage geometry shown in Figure 14. Note that this geometry is the same as that shown in Figures 5, 7, 9, and 10. 
The geometry was analyzed at a Mach number of 0.75, angle of attack of 3°, and altitude of 35,000 feet, which is a 
typical transonic cruise condition for a commercial transport. The structural model was somewhat flexible in that the 
final deflection at the wing tip was just over 5% of the semispan. The convergence history of this tip deflection dur-
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Figure 13. The blended wing from Figure 11.

Figure 12. Example of baseline (blue), deflected (green), 
and blended (gray) wings portraying the effects of the 
weighting function in Figure 11. The view is upstream 
looking at the trailing edge with the fuselage on the right.

Figure 11. Weighting function used for blending baseline 
and deflected wings to maintain valid geometry near the 
root. Note the abscissa is the spanwise distance from the 
wing intersection with the fuselage.



ing the analysis is given in Figure 15. A comparison of the baseline and bent wings is given in Figure 16. As shown 
by the green line in Figure 15, this particular analysis converged the wing tip deflection for the combined aerostruc-
tural system by about 3 orders of magnitude in 4 iterations. Note that an under-relaxation factor of 0.5 was applied 
uniformly in this case to improve convergence.  Typically, on a swept-back wing and with no under-relaxation, the 
method will overshoot the correct deflection as the undeflected wing usually produces significantly more lift at the 
tip than the bent wing. The deflection of the swept wing will effectively increase the washout of the tip region, 
thereby reducing lift. This in turn reduces the amount of deflection and of course produces the overshoot which can 
be a detriment to convergence of the method. However, simply under-relaxing the predicted deflections at each itera-
tion, the overshoot can be reduced or eliminated and the overall convergence properties of the scheme improved.

In terms of computational costs, the aerodynamic analysis required the bulk of the used computational re-
sources. The structural model required a small fraction of the total time for initial set up (surveying the triangulation) 
but then ran practically instantaneously during the iterative process.

The computed forces on the bound triangular strips are presented in Table I. These forces are resolved in an 
orthogonal coordinate system aligned with the elastic beam axis. More specifically, Fa is aligned with the elastic 
axis, Fn with the flapping or lifting direction, and Fτ is streamwise but normal to the elastic axis. Of course, the lift 
force is the greatest contributor by 1-2 orders of magnitude. Note that the other two forces are about the same order 
of magnitude.  For streamwise bending, the force is not negligible since its effect is magnified by the large moment 
arm from the wing root. However, the force along the 
elastic axis can be considered negligible as it would con-
tribute chiefly to compression or elongation. Hence, the 
inextensible beam assumption made in the structural 
model is indeed valid.

In the final paper, the aeroelastic analysis will be 
assessed for three cases. One of these geometries will be 
the wing used in the Aeroelastic Prediction Workshop19, 
which will also provide a proper validation case for the 
scheme. While the disciplinary analysis methods may 
not be high enough in fidelity to accurately predict the 
results observed in the wind tunnel,  it will still serve as a 
good “sanity check”. Another geometry that will be ana-
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Figure 16. Comparison of baseline (green) and deflected 
(red) wings produced by aeroelastic analysis.

Panel Fτ Fn Fa

root 0.0052 0.1702 -0.0162

2 0.0026 0.1417 -0.0099

3 0.0000 0.1215 -0.0066

4 -0.0028 0.1042 -0.0053

5 -0.0033 0.0885 -0.0036

6 -0.0033 0.0730 -0.0025

7 -0.0028 0.0577 -0.0017

8 -0.0021 0.0420 -0.0013

9 -0.0012 0.0262 -0.0007
tip 0.0011 0.0113 0.0011

Table I. Computed forces (normalized by configuration 
lift) on example case. Fτ is streamwise but normal to  the 
elastic axis, Fn is in the lifting direction, and Fa is along 
the elastic axis.

Figure 14. Generic wing-fuselage geometry used for 
preliminary testing of aeroelastic analysis.
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lyzed is the Common Research Model (CRM)20 used in the 4th Drag Prediction Workshop21, if only because it dem-
onstrates a typical application of this method. Since the structures code also has the capability to analyze joined 
wings (in fact, that was its original intent), a truss-braced wing such as the SUGAR1 concept shown in Figure 2 will 
also be analyzed as an example.

IV. Future Work

The aeroelastic analysis approach discussed here provides the opportunity for true, aeroelastic design optimiza-
tion of typical transport and even truss-braced wings. The adjoint-driven, design capability of Cart3D provides a 
scheme for quickly computing aerodynamic performance sensitivities to geometric shape changes. The structural 
analysis was also selected to provide the capability to optimize the structure design itself.  Working in tandem, the 
two analyses should properly represent the tradeoffs that exist in the design space of an aircraft wing, particularly for 
the very flexible wing designs of the future.  Ultimately this method was created not just as a stand-alone analysis but 
more so to be exploited within a design optimization framework. While the exact architecture of such a framework 
has not been established, the development of the framework is currently planned for the near future.

More details on future planned and potential work will be presented in the final paper.

V. Conclusions

Proper conclusions will presented in the final paper based on the performance of the method on the various test 
cases.
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